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PHAN A. CAU HOI

Dang 1. Céc bai toan vé khai niém vécto
Caul. Néu 4B=AC thi: ‘

A. tam giac ABC la tam giac cén B. tam giac ABC la tam gidc déu

C. 4 la trung diém doan BC D. diém B trung véi diém C

Cau2. Cho ba diém M, N, P thang hang, trong d6 N nam giira hai diém M va P. Khi d6 cidp vecto nao
sau day cung huéng?
A. MN va MP B. MN va PN C. MP va PN D. NP va NM

Cau 3. Chp tam giac ABC, co thé xac dinh dugc bao nhiéu vecto khac vecto-khong co diém dau va diém
cuoi la cac dinh 4, B, C?
A. 4 B.6 C.9 D. 12

Cau 4. Cho hai vecto khong cung phuong a va b.Ménh dé nao sau day ding
A. Khong c6 vecto nao cung phuong véi cd hai vecto a vab
B. C6 v sb vecto cung phuong véi ca hai vecto a vab
C. C6 mét vecto cung phuong voi ca hai vecto a va b, dolavecto 0
D. Ca A, B, C déu sai
Cau 5.  Cho hinh luc gidc déu ABCDEF tam O. Sb cac vecto khac vecto khong, cting phuong véi vecto
OB c¢6 diém dau va diém cudi 1a cac dinh cua lyc giac 1a
A. 4 B. 6 C.8 D. 10
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Cau 6.

Cau 7.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Diéu kién nao 1a diéu kién can va da & 4B =CD

A. ABCD 1a hinh binh hanh

B. ACBD la hinh binh hanh i

C. AD va BC c6 cung trung di€m

D. AB=CD va AB//CD

Cho hinh vuéng ABCD, cau nao sau day la ding?

A. AB = BC B. AB=CD C. AC =BD D. ‘ﬂ)‘:‘@‘

Cho vecto AB va mot diém C. Co6 bao nhiéu diém D théa méan AB=CD.

Al B.2 C.0 D. Vo sb
Cho hinh binh hanh ABCD véi O 1a giao diém cua hai dudng chéo. Cau nao sau day 1a sai?
A. AB=CD B. AD = BC C. 40=0C D. OD = BO

Cho tir giac déu ABCD. Goi M, N, P, Q lan luot 13 trung diém cua AB, BC, CD, DA. Ménh dé
nao sau day la sai?

A. MN = QP B. [0P|=|MN| C. MO = NP D. [MN|=[4C]

Cho ba diém 4, B, C phan biét va thing hang. Ménh dé nao sau diy dung?

A. AB=BC B. CA va CB cung hudng

C. 4B va AC nguoc hudng D. BA va BC cung phuong

Cho tir giac ABCD. C6 bao nhiéu vecto khac vecto-khong co diém dau va cudi 1a cac dinh cia
tur giac?

A. 4 B. 8 C.10 D. 12

Cho 5 diém 4, B, C, D, E c6 bao nhi€u vecto khac vecto-khong co diém dau 1a 4 va diém cubi la
mot trong cac diém da cho:

A.4 B. 20 C. 10 D. 12

Hai vecto dugc goi la béng nhau khi va chi khi: .

A. Gia cua chung trung nhau va dg dai ctia ching bang nhau

B. Chung trung v6i mét trong cdc cap canh d6i cua mot hinh binh hénh

C. Chung trung véi mét trong cac cap canh d@i cua mot tam giac déu

D. Chtng cung huéng va dd dai ciia chung bang nhau

Cho luc gidc déu ABCDEF tam O. Hay tim cac vecto khac vecto-khong c6 diém dau, diém cudi
1a dinh cta lyc giac va tim O sao cho bing v6i AB?

A. FO,0C,FD B. FO,AC,ED C. BO,0C,ED D. FO,0C,ED

Cho tam giac ABC. Goi M, N, P lan lugt la trung diém ctia 4B, BC, CA. Xac dinh cac vecto clng
phucng voi MN .

C. NM,AC,CA, AP, PA,PC,CP D. NM,BC,CA, AM ,MA, PN,CP

Cho ba diém 4, B, C cling nam trén mot duong thang. Cac vecto AB,BC cung hudng khi va chi
khi: i

A. Di{:m B thudc doan AC B. Di?;m A thu@c doan BC

C. biém C thudc doan AB D. Biém 4 nam ngoai doan BC

Cho tam giac déu canh 2. Dang thirc nio sau day la ding?

A. 4B=4C B. 4B =2a C. [4B|=2a D. 4B =A4B

Cho tam giac khéng can ABC. Goi H, O 1an luot 14 truc tAm, tAm duong tron ngoai tiép cla tam
giac. M la trung diem ctua BC. Ménh d¢€ nao sau day la dang?
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Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

. Tam giac ABC nhon thi AH,OM cung hudng.
. AH,OM 1luén cung huéng.

. AH,OM cung phuong nhung ngugc huéng.

. E,O—M c6 cung gia

o O w >

Cho hinh thoi tdm O, canh bing a va 4 = 60°. Két luan nao sau day 1a ding?

a\3
2

A, [40]- B |0d=a c.[od-foB|  v.[oi- 22

Cho tir gidc ABCD. Goi M, N, P 1an luot 13 trung diém cua AD, BC va AC. Biét MP = PN . Chon
cau dang.

A. AC=BD B. AC = BC C. AD=BC D. AD=BD

Cho tam giac ABC v6i tryc tm H. D la diém ddi xtmg véi B qua tdm O cta dudng tron ngoai
tiep tam giac ABC. Khang dinh nao sau day la dang?

A. HA=CD va AD=CH B. HA=CD va DA=HC

C. HA=CD va AD = HC D. AD = HC va OB = 0D

Cho AABC véi diém M nam trong tam giac. Goi A", B',C" lan luot 1a trung diém cta BC, CA,
ABva N, P, Q lan luot 1a cac diém dbi xtmg v6i M qua A',B',C"'. C4u nao sau day dung?

A. AM = PC va OB=NC B. AC=0ON va AM = PC

C. AB=CN va AP=0ON D. A4B'=BN va MN = BC

Cho tam gidc ABC c¢6 H 1a tryc tim va O 1a tim dudng tron ngoai tiép. Goi D 1a diém dbi xing
v6i B qua O. Cau nao sau day dung?

A. AH = DC B. 4B=DC C. AD = BC D. A0 = AH

Cho dudng tron tam O. Tir diém A4 ndm ngoai (0), ke hai tiép tuyén 4B, AC t6i (O). Xét ménh
dé:

(I) 4B = AC (1) OB =-OC (I11) \%\ - \c—o\
Ménh dé ding 1a:
A. Chi (I) B. (I) va (II) C. (1), (1), (11T D. Chi (IIT)

Cho hinh binh hanh 4BCD tam O. Goi P, O, R lan lugt 1a trung diém cta AB, BC, AD. Lay 8
diém trén 1a goc hodc ngon cua cac vecto. Tim ménh d¢ sai?

A. C6 2 vecto bang PR B.C6 4 vecto bang AR C. C6 2 vecto bang BOD. C6 5 vecto bang opP
Cho hinh vudng ABCD tam O canh a. Goi M 1a trung diém cta 4B, N la diém d6i ximg véi C
qua D. Hiy tinh d6 dai cua vecto MN .
a13 a5
2 4

ol a3
3

A. [MN| = B. [MN|= C. [MN|= D. [MN]|=
Cho tir giac ABCD. Goi M, N, P, Q lan luot 1a trung diém cua céc canh 4B, BC, CD, DA. Goi O
1a giao diém cua cac duong cheo cua tr giac MNPQ, trung diém cia cac doan thang AC, BD
tuong ung la 7, J. Khang dinh nao sau day la dung?

A. 0l =0J B. MP=NQ C. MN = PO D. Ol =-0J

Dang 2. Chimg minh déng thtrc vécto

Cho hinh binh hanh tdim O. Két qua nio sau day la ding?
A. AB=0A- 4B B.CO-OB=BA  C.AB-AD=AC D. AO+OD=CB
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Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cho hinh binh hanh ABCD. Hai diém M, N lan luot 13 trung diém cta BC va AD. Tim déng thirc
sai:

A. AM + AN = AC B. AM + AN = AB + AD

C. AM + AN = MC + NC D. AM + AN = DB

Cho AABC,D,E,F lan luot la trung diém cua cac canh BC, CA, AB. Dfmg thirc nao sau day la
ding?

A. AD+ BE +CF = AB+ AC + BC B. AD + BE + CF = AF + CE + BD

C. AD + BE + CF = AE + BF +CD D. AD+ BE +CF = BA+BC + AC

Cho 6 diém 4, B, C, D, E, F bat ki trén mat phéng. Tim déng thirc sai trong cac déng thtre sau:
A. AB+CD=AD+CB B. AB+CD+EA=ED+CB

C. AB+CD+EF +CA=CB+ED+CF D. BA+CB+DC+BD=0

Cho AABC, cac diém M, N, P lan luot 1a trung diém cua céac canh AB, AC, BC. Véi O 1a diém
bat ki. Ménh d¢€ nao sau day ding?

A.5§1+5[§+5€’:2(W+5]\7+5}5) B. OA+OB+0C = OM +ON +OP
C.2(52+5§+55):0—M+5]\7+515 D.2(5Z+5§+55):3(0—]\/7+5]\7+515)
Cho 4 diém 4, B, C, D. Céau nao sau day dung?

A. AB+CD = AD+CB B. AB+BC+CD = DA

C. AB+BC =CD+ DA D. AB+ AD =CB+CD

Cho hai tam giac AABC va A4'B'C' c6 trong tam lan luot 13 G va G'. DPang thirc nao sau day
dang?

A. A'A+B'B+C'C =3GG' B. AB'+BC'+CA'=3GG'

C. AC'+BA'+CB'=3GG" D. AA'+ BB'+CC'=3GG"

Cho 5 diém 4, B C, D, E. Dang thic nao sau day 1a dung?

A. 4B+ CD+ EA=2(CB + ED) B. 4B +CD+ Ed =~ (CB+ D)
C. 4B+ CD + Ed=>(CB + ED) D. 4B +CD+ EA=CB + ED
Cho AABC va mét diém M tuy y. Chon hé thic ding?

A. 2MA+MB-3MC = AC +2BC B. 2MA+ MB —3MC =2AC + BC
C. 2MA+MB-3MC =2CA+CB D. 2MA+ MB -3MC =2CB - CA

Cho hinh chit nhat ABCD, I, K lan luot 13 trung diém cua BC va CD. Chon dang thirc ding.
A. Al + AK =2AC  B. AI+AK=AB+ADC. Al+AK =1K  D. Z+ﬁ=%2€
Cho AABC c6 trong tam G. Goi 4,,B,,C, lan luot 1a trung diém cua BC, CA, AB. Chon déng

thirc sai.
A GA +GB +GC —0 B. 4G+BG+CG =0 C. A4 +BE +CC —0D. GC=2GC.

Cho 4 diém M, N, P, Q bat ki. Pang thirc ndo sau day ludn diing.

A. PO+ NP = MQ + MN B. NP+ MN = QP+ MQ

C. MN + PO = NP+ MQ D. NM + QP = NP+ MQ

Cho 6 diém 4, B, C, D, E, F phan biét. Trong cac dang thirc sau day, ding thirc nao sai?
A. AB+DF + BD+FA=0 B. BE-CE+CF -BF =0

C. AD+BE +CF = AE + BF +CD D. FD+ BE + AC = BD + AE + CF
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Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cho AABC véi H, O, G lan luot 1a truc tim, tim duong tron ngoai tiép trong tam. HE thirc nao
sau day la dung?

1 —

A.O—H:%O—G B. 5O =30C C. 0G = GHl D. 2G0 = 30H

Cho 4 diém A4, B, C,D. Goi I, J lan luot 14 trung diém ctia AB va CD. Dang thiic ndo sau day la
sai?
A. AB+CD=21J B. AC+BD=2IJ) C.AD+BC=2IJ D.2lJ+DB+CA=0

Cho AABC, M 1a mot diém trén canh BC. Khi d6 dang thirc ndo sau ddy la ding?

A, i =MC 75 MB G B. Bif - M4 76 MB 55
BC BC AB AB

c.3cm =8 15 MA G . 27 =M€ 5. MB G
AC AB BC BC

Cho AABC, AM, BN, CP la céc trung tuyén. D, E, F 1a trung diém ctia AM, BN va CP. V6i O 1a
diém bat ki. Pang thirc nao sau day dung?

A. OA+ OB +0C = OD + OE + OF B.2(52+5§+55):3(55+5E+517)
C.52+5§+55:2(55+5E+517) D.52+51§+55:3(55+5E+5}7)

Cho tam giac ABC déu tim O, M 1a diém bat ki trong tam giac. Hinh chiéu ciia M xudng ba canh
lan luot 1a D, E, F. HE thuc nao sau day la dung?

A.MB+HE+W=%M5 B.MB+ME+W=§M5
C.WHWHW:%ATO D.W)+WZ+W=%FO
Cho t&r gidc ABCD. 1, J lan luot 1a trung diém ciia 4B va DC. G 1 trung diém ctia LJ. Xét céc
ménh de:
(I) AB+AC+AD=44G () IA+IC=2IG ~ (II) JB+ID=JI
Ménh dé sai la: ’ ‘
A. (I) va (II) B. (1) va (I1I) C. Chi (1) D. Tét ca déu sai
Cho tt giac ABCD, cac diém M, N lan luot thudc cac doan AD va BC sao cho MA = NB =
7 MD NC n

bang thiric nao sau day l1a dang?

nAB+mDC _ —— nAC+mAB . — nBC+mCD _ —— nCD+mAD

A MN="2""""" B. AM =——=""""C. BN D. DM =
m+n m+n m+n m+n

Cho AABC va mdt diém M bat ki trong tam gidc. Pat S, ;. =S,, S, =S, Sius =9.- Béng
thirc nao sau day ding?

A. S, MA+S, MB+S, MC =0 B. S, AB+S, BC+S5..CA=0

C. S, MC+S,MB+S,MA=0 D. S .AC+S, AB+S BC=0

Cho AABC véi BC =a, AC =b, AB = c. I la tam dudng tron ndi tiép AABC , dudng tron ni tiép
(1) tiép xtic v6i cac canh BC, CA, AB lan luot tai M, N, P. Pang thirc nao sau diy 1a dung?

A. aIM +b.IN +cIP=0 B. a.MA+b.NB+c.PC =0
C. a.AM +b.BN +c.CP =0 D. a.AB+b.BC+c.CA=0

Dang 3. Xé4c dinh diém thoa man diéu kién cho trudc

Cho hai diém 4 va B. Tim diém I sao cho I4+2/B=0.
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Cau 52.

Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

A. Piém I ngoai doan 4B sao cho IB = %AB

B. Piém [ thudc doan AB sao cho IB = %AB
C. biém I 1a trung diém doan AB
. . . 1
D. Diém / nam khac phia véi B d6i voi 4 va IB = EAB.

Cho doan thang 4B. Hinh nio sau day biéu dién diém 7 sao cho Al = —%ﬂ .

—

A. A I B B.

c. ! A ‘ B p. 4 A

Cho hai diém A4, B phin biét. Xéc dinh diém M sao cho MA+MB =0
A. M & vi tri bat ki

B. M 1a trung diém cta 4B

C. Khong tim duge M

D. M nam trén duong trung truc cta 4B

Trén duong thang MN lay diém P sao cho MN =-3MP . Hinh v& nio sau day xac dinh dung vi
tri diém M.
A. M p N B.N M P

C. N M P D. M P N

Cho doan théng AB va diém M 1a mot diém trong doan AB sao cho AM =%AB. Tim k dé

MA=kMB.
A.k:l B. k=4 C.k=—l D. k=-4
4 4
Cho AABC . Trén duong thang BC lay diém M sao cho MB =3MC . Biém M dugc v& ding trong
hinh nao sau day?

A A

A B M E B. -
A A

B C D. B

Cho A4BC ¢6 G la trong tam. Xac dinh diém M sao cho: MA+MB +2MC =0.

A. biém M la trung diém canh 4C.

B. biém M la trung di€ém canh GC.

C. Piém M chia doan AB theo ti s 4.
D. Diém M chia doan GC thoa min GC =4GM .

M

c. M

C=M

Cho AABC, I 14 trung diém cta AC. Vi tri diém N thoa man NA+2NB = CB xéc dinh boi hé
thire:
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Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

Cau 68.

A BN = BI B. BN = 25 C. BN =25] D. BN =387
Cho hinh binh hanh ABCD. Tim vj tri diém N thoa man:

NC+ND-NA=AB+AD- AC. q 7

A. biém N 1a trung diém canh 4B B. biém C 14 trung diém canh BN
C. biém C la trung diém canh AM D. biém B la trung diém canh NC

Cho 2 diém 4, B 14 hai sb thuc a, b sao cho a+b # 0. Xét cac ménh dé:
(I) Ton tai duy nhit mot diém M thoa mén aMA+bMB =0.
(1) MA = _b B AB.
a+b. )
(IIT) M 1a diém nam trén duong thang AB.
Trong cac ménh de trén thi:
A. (I) va (IIT) twong duong nhau B. (II) va (III) twong duong nhau
C. (I) va (I) twong duong nhau D. (I), (II), (IIT) twong duwong nhau

Cho A4BC véi BC =a, AC =b, AB = c. Néu diém I thoa man h¢ thicc ald +bIB +cIC =0 thi:
A. Piém 713 tim duong tron ngoai tiép AABC. B. Diém I 1a tim duong tron ndi tiép A4BC .

C. DPiém [ 1a truc tdm cua AABC. D.Pbiém /1a trong tdm cua AABC.
Cho A4BC . Xac dinl} diém I sao cho: 214 -31B = 3@. 7

A. Diém 7 1a trung diém cua canh AC B. Di@m C 1a trung diém cua canh /4
C. biém C chia doan /4 theo ti s0 —2 D. biém / chia doan AC theo ti s0 2

Cho AABC co Mla trung diém AB va N trén canh AC sao cho NC =2NA . Xéac dinh diém K sao
cho 34B+2A4C—-124K =0.

A. Dlgm K 1a trung dlgm canh AM B. Diém K 1a trung diém canh BN
C. biém K la trung diém canh BC D. biém KX la trung di€ém canh MN
Cho hinh binh hanh ABCD. Tim vi tri diém M thoa man: MA—MB - MC = AD .

A. Diém M la trung diém canh 4C B. Diém M la trung diém canh BD
C. biém C la trung diém canh AM D. Diém B la trung diém canh MC

Cho A4BC  Tim diém N sao cho: 2NA+NB+NC =0

A. N1a trong tdam AABC B. N la trung diém ctia BC
C. N 1a trung diém cta AK véi K 1a trung diém cia BC

D. N 1a dinh th{r tu cua hinh binh hanh nhan 4B va AC lam 2 canh

Cho AABC. Xég dinh diém M sao cho: MA+2MB=CB. i
A. M 13 trung diém canh AB B. M 1a trung diém canh BC
C. M chia doan AB theo ti s6 2 D. M 1a trong tam AABC

Cho AABC c6 trong tam G, diém M théa man 2MA + MB +3MC =0 . Khi d6 diém M thoa man
hé thirc nao sau day?

A.G—A/Yzéﬁé B.G—Mzéa c.azzézg D.@“%a}

Goi G 1a trong tim AABC . N6i diém M théa mén hé thic MA+MB+4MC =0 thi M & vj tri
nao trong hinh ve:

o

I-"‘
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Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

Cau 77.

Cau 78.

A. Mién (1) B. Mién (2) C. Mién (3) D. O ngoai AABC

Cho hinh binh hanh ABCD. Goi O 14 giao diém cua hai dudng chéo AC va BD. Piém M théa min
déng thirc AB+ AC +AD =4AM . Khi d6 diém M tring véi diém:

A.O i B. 7 1a trung di€ém doan OA4

C. Ila trung diem doan OC D.C

Cho ba diém 4, B, C khong thang hang. Goi diém M théa min dang thirc MA=aMB+ ﬂm‘ ;
a,f €R.Néu M la trong tim AABC thi a, f thoa min diéu kién nao sau day?
A.a>-p7=0 B. a.f=1 C.a-f=0 D. Ca A, B, C déu dung

Cho A4ABC . Néu diém D thoa mén hé thitc MA+2MB—3MC =CD véi M tiy ¥, thi D 1a dinh
cda hinh binh hanh:

A. ABCD 7 B. ACBD 7
C. ABED voi E 1a trung diém cua BC D. ACED véi B 1a trung diém cua EC
Cho doan AB va diém I sao cho 274 +3IB=0. Tim sb k € R saocho Al =k AB.
A k=2 B. k=2 C.k=2 D. k=2
4 5 5 2

Dang 4. Tim tap hop diém thoa man diéu kién cho trudc

Goi G la trong tam ctia AABC . Téap hop diém M sao cho MA+MB+MC|=6 la:

A. Puong tron ngoai tiép tam giac ABC. B. Buong tron tdim G ban kinh 1a 1.

C. Buong tron tdm G ban kinh 1a 2. D. Buong tron tam G ban kinh 1a 6.

Cho AABC c¢6 trong tim G. I 1a trung diém ctua BC. Tap hop diém M sao cho:

2|MA +MB+MC :3‘A_/[§+]\—/[6‘ la:
A. duong trung tryc cia doan G/ B. dudng tron ngoai tiép AABC
C. duong thang G/ D. dudng trung truc cta doan A7

Cho hinh chir nhat ABCD tam O. Tap hop céc diém M théa man dang thirc MA + MB —MC = MD
la

A. mot doan thang B. mét dudng tron C. mot diém D. tap hop rong

Trén duong tron C(O;R) lay diém c6 dinh A; B la diém di dong trén dudng tron d6. Goi M 1a
diém di dong sao cho OM = OA+ OB . Khi d6 tap hop diém M la:

A. duong tron tam O ban kinh 2R. B. duong tron tam A ban kinh R

C. dudng thang song song véi OA D. duong tron tam C ban kinh R3

Cho AA4BC . Tap hop cac diém M thoa man ‘VA —Wi‘ = MC la:

A. mot duong tron tdm C B. duong tron tdm 7 ( la trung diém cua AB)
C. mot duong thang song song voi AB D. 1a dudng thang trung truc cia BC

Cho hinh chit nhat A4BCD taim O. Tap hop cac diém M thoa man
MA+ MB +MC + MD =k,k>0 la:

A. duong tron tam O ban kinh la % B. duong tron di qua 4, B, C, D
C. dudng trung truc cia AB D. tip rong
Cau 79. Cho AABC trong tim G. Goi 1, J, K lan luot 14 trung diém BC, AB, CA.

Quy tich cac diém M théa man MA+MB+MC|= ‘VA —MC]| la:
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Cau 80.

Cau 81.

Cau 82.

Cau 83.

Cau 84.

Cau 85.

Cau 86.

A. dudng tron tdm 7 ban kinh %JK B. duong tron tdim G ban kinh %IJ
C. duodng tron tam G ban kinh %CA D. trung truc AC

Cho duong tron (O;R) va hai diém 4, B c6 dinh. Véi mdi diém M ta xac dinh diém M ' sao cho
MM'=MZ+M/§, luc do:

A. Khi M chay trén (O;R) thi M chay trén duong thang 4B

B. Khi M chay trén (O;R) thi M' chay trén duong thang doi ximg véi AB qua O

C. Khi M chay trén (O;R) thi M chay trén mdt dudng tron ¢ dinh

D. Khi M chay trén (O;R) thi M chay trén mot duong tron ¢ dinh ban kinh R

Cho A4BC  Tim tap hop diém M sao cho MA+MB+2MC =kBC ygi keR i

A. la mot doan thang  B. la mdt duong thang C. la mot duong tron  D. 1a mot di€ém

Cho A4BC. Tim tap hop didm M théa man:|4MA + MB + MC|= \21\72 — MB-MC| 1a:

A. duong thing qua A4 B. duong :[héng quaBvaC
C. duong tron D. mét diém duy nhat

Tap hop diém M ma kMA +kMB =2MC k#1 |3 q ,
A. duong thang chira trung tuyen vé tur C B. duong thang chura trung tuyén ve tu B
C. duong thang chira trung tuyén vé tur 4 D. duong trung truc cia AB

Cho AABC. Tim quy tich diém M thoa man:|204 + 3MB + 4M—C‘ = \m ~MA
A. Quy tich diém M 1a mot dudng tron ban kinh %
<1 4 NP e .o AB
B. Quy tich diem M 1a mot duong tron ban kinh vy
1 4sA R sy AB
C. Quy tich diém M 1a mot duong tron ban kinh ry
o i1 4R PR < s v AB
D. Quy tich diém M 1a mot dudng tron ban kinh >
Cho A4BC. Tim quy tich diém M thoa man diéu ki¢n: MA+ MB = k(MA+2MB-3MC),k R
A. Tép hop diém M la duong trung tryc ctia EF, v6i E, F 1an luot 1a trung diém cua 4B, AC

B. Tap hop diém M 1a duong thing qua A va song song voi BC
C. Tap hop diém M 1a dudng tron tim 7 ban kinh %

D. V6i H 1a diém théa man AH :%R’ thi tap hop diém M la duong thang di qua E va song
song voi HB véi E 1a trung diém cua 4B

Cho t&r gidc ABCD véi K 1a sb tiy §. LAy cé diém M, N sao cho AM =kAB,DN =kDC . Tim
tap hop trung (:Iiém I cua doan MN khi k thay doi. ‘ 7

A. Tap hop diém / 1a duong thang OO' v61 O va O' lan luot 1a trung diém cua AC, BD

B. Tap hop diém 7 1a duong thaing OO' véi O va O' lan luot 1a trung diém cta AD, BC

C. Tap hop diém 714 duong thang OO’ v6i O va O' lan luot 1a trung diém ciia AB, DC

D. Ca A, B, C déu sai.
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Cau 87.

Cau 88.

Cau 89.

Cau 90.

Cau 91.

Cau 92.

Cau 93.

Cau 94.

Cho lyc giac déu ABCDEF. Tim tap hop diém M sao cho ‘]\—4;1 +MB +]\—/[Z" +‘]\—4B + ME + MF

nhén gia tri nhp nhét. i i 7
A. Tap hop diém M la mot duong thang B. Tép hop diém M 1a mét doan thang
C. Téap hop diém M la mot dudng tron D. La mét diem

Tap hop diém M thoa man h¢ thire: 2MA +kMB +(1-k)MC =0,k e R la:
A. dudng thing B. duong tron C. doan thing D. mt diém
Cho A4BC va diém M thoa min dang thirc: ‘3@ —2MB+ FC‘ = ‘m —MA|.

Tap hop diém M la 7
A. mdt doan thang B. ntra duong tron C. mot duong tron D. mdt duong thang

Tap hop diém M thoa man h¢ thic: \31\72 +2MB - 21\76‘ = WE —MC
NP < ey AB A a « a1y BC
A. 1a mot duong tron co6 ban kinh 1a - B. 1a mét duong tron c6 ban kinh la 3

C. la mot duong thang qua A va song song v6i BC

D. 1a mét diém

Tim tap hop diém thoa méan hé thirc:

2MA—(1+k)MB —3kMC =0, k 1a gia tri thay ddi trén R .

A. Tap hop diém M 1a mét doan théqg. B. Tap hop diém M 1a mot duong tron.

C. Tép hop diém M la mot duong thang. D. Tap hop diém M 1a mdt nira duong tron.

Dang 5. Phan tich vecto qua hai vecto khong cung phuong
Cho AK va BM la hai trung tuyén cia AABC . Hiy phan tich vecto AB theo hai vecto AK va
BM .

A. AB=2(4K ~BM) B. AB=1(4K -BM)C. 4B=>(4K - BM)D. AB=">(AK + B
3 3 2 3

Cho AABC vuéng can, AB = AC . Khi d6 vecto u = %E +%R’ duogc v€ dung ¢ hinh nao sau

day?
A. C.

M M
' -
B

B 1
! A’
L ¢ N

N

Cho tam gidc 4BC vudng can tai 4, vecto u=34AB—4AC duuoc v& ding ¢ hinh nao dudi day?

| A. | B. | C. | D. |
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Cau 95.

Cau 96.

Cau 97.

Cau 98.

Cau 99.

Cau 100.

Cau 101.

M M M M
u u h B
B u u
B B
A° A
24 N C N
&) N A C N

Cho AABC. Goi M, N, P lan luot 1a trung diém cua BC, CA, AB. Phan tich AB theo hai vecto
BN 1a CP.

A AB=2BN_2CP B. AB-_EN+2CP
3 3 3 3

C. AB=-2BN_2CP D. AB=-2BN-*cp
3 3 3 3

Cho AABC . Diém M nam trén dudng thang BC sao cho MB = kMC (k # 1) .Phéan tich AM theo
AB, AC .
A DfoABHkAC o o AB—kAC i AB—kAC oo AB+kAC
1-k 1+k 1-k 1-k
Cho AOAB véi M, N lan luot 1a trung diém cia OA, OB. Tim s6 m, n thich hop dé
NA=mOA+nOB.
1 1 1 1

A.-m=-1ln=— B.m=l,n=— C.m=ln=— D.m=-1,n=—
2 2 2 2

Cho hinh binh hanh ABCD ¢6 E, N lan luot 1a trung diém cta BC, AE. Tim cac s6 p va ¢ sao cho
DN = pAB+qAC.
5 3 4 2 4 2 3

5
A p=iq=> B. p=——3;9g==  C.p=—-—;q=—= D.p=";q=-"
P=4=7 P=-734=7 P=-33="3 P=4="7

Cho hinh binh hanh ABCD. Goi K, L 14n luot 14 trung diém BC, CD. Biét AK =a, AL =b . Biéu
dién BA, BC theo a,b

A.‘B‘Azia+2zs,§5=_%a+iz; B. BAd=—ta+25BC=—ra+p
3 3 3 3 3 3 3

c.Bz=_la__b BC-—Lai3p D. Bie—23+25BC=-24+2%
3 3 3 3 3 3 3

Cho AABC cé trong tam G. Goi [ 1a diém trén BC sao cho 2CI =3Bl va J la diém trén BC kéo
dai sao cho 5JB =2JC . Tinh AG theo Al va AJ

A. Zé:l—sAl—iAJ B. Zé—ﬁAl—iAJ
16 16 48 16

c.aG=-Lai+ L7 D. AG =4I+ L 77
16 16 48 16

Cho A4BC . Diém M nim trén duong thing BC sao cho nBM =mBC (n,m #0). Phan tich vecto
AM theo E, AC

—_— _ _—

A A= dB+ ' T¢ B. AM =" 4B+ AC
m-+n m-+n m-+n m-+n
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Cau 102.

Cau 103.

Cau 104.

Cau 105.

Cau 106.

Cau 107.

Cau 108.

Cau 109.

Cau 110.

C.AM=—" 4B+ " 4C D. AM =—" 4B+ " 4C
m+n m+n m+n m+n
Mot duong théng cit cac canh DA, DC va duong chép DB cta hinh binh hanh ABCD lan luot tai

cac diém E, F va M. Biétrang DE =mDA, DF =nDC (m,n>0). Hay biéu dién DM qua DB

vam, n.

ADM=""Dg B.DM=-""DB cCc.DM=—"-DE D.DM=-"""DF
m+n m+n m+n m—n
Cho AABC . Trén BC lay diém D sao cho ﬁz%ﬁ’.Khi do phﬁntich@ theo céc vecto AB
va AC .
— 22— 11— — 11— 2—
A. AD=—AB+—-AC B. AD=—AB+—AC
3 3 3 3
—_— = 22— — 5— 1l—
C. AD=AB+—-A4C D. AD==A4AB——AC
3 3 3
Cho tam giac ABC, hai diém M, N thoa man hé thire MA+MB—-MC =0 va 2NA+ NB+NC =0
. Tim hai s6 p,q sao cho szﬂ?+qz7.
3 1 1 3 5
A. p=g=—- B. p=2,q=0 C.p=——,q9=—— D.p=——,g=—
pP=9 4 p q P 261 > P 461 4

Cho AA4BC. Lay cac diém M, N, P sao cho MB =3MC,NA+3NC =0,PA+PB=0. Dang thirc
nao sau day 1a diéu kién can va dua dé M, N, P thang hang.
A. MP=-2MN B. MP =3MN C. MP =2MN D. MP =-3MN

Cho hinh binh hanh ABCD. Goi M, N 1a cac diém nam trén canh 4B va CD sao cho AM = %AB

, CN = %CD . Goi G la trong tdm cua ABMN . Goi [ 1a diém xac dinh boi Bl =mBC . Xac dinh

m dé AI di qua G.

A. m= L) B. m= u _18
11 6 11

Cho AABC c¢6 trung tuyén AD. Xét cac diém M, N, P cho boi
Wz%ﬁ,ﬁz%ﬁ,ﬁzm@. Tim m dé M, N, P thang hang.

C.m= .m

w | N

A.m=— B.mzl C.m=— D.mzz

6 3 4 3

Cho AABC. M va N la hai diém x4c dinh thoa man: MA+3MC =0 va NA+2NB+3NC =0.
Dbang thirc nao sau day 1a diéu ki¢n can va du dé M, N, B thang hang?

A.Eﬂzéﬁﬁ B.Eﬁ:%ﬁﬁ C.B_AZ=§EN D.B—A/Yzéﬁﬁ

Cho AABC véi H, O, G lan luot 1a truc tam, tam duong tron ngoai tiép, trong tam. Déng thirc
nao sau day la dicu kién can va da de H, O, G thang hang?

A.ﬁzgw B. HO =30G c.o—c;:%@ D. 2G0 = —30H

Cho ngii giac ABCDE. Goi M, N, P, Q lan luot 1a trung diém cua canh 4B, BC, CD, DE. Goi I, J
lan luot 1a trung diém cua cac doan MP va NQ. Pang thiic nao sau day la dicu kién can va du de
1J//AE?

Bién soan,
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Cau 111.

Cau 112.

Cau 113.

Cau 114.

Cau 115.

Cau 116.

Cau 117.

A ﬁ-%ﬁ B.I_J:%E C.ﬁziﬁ D. ﬁ:%ﬁ

Cho AABC. Céc diém 1, J thoa man hé thirc Al = %E,ﬂ =3AC. Ping thic nao sau day 1a
diéu kién can va du dé IC//BJ ?

A.az_gza B. Ci =3BJ C.ﬁz—%iﬂ D. 67-%@7

Cho AABC . Trén cac canh AB, BC liy cac diém M, N sao cho AM = iMB % =%. Goi /1a

giao diém cta AN va CM. Tinh ti s6 AL va ﬂ
AN IM
Al 3 cr 21 Bﬂ_i.ﬂ_z
AN TIM 2 AN UM 2
Al EQ_Z DAI 8. 21
AN 23°IM 4 AN 23°IM 2

Cho A4BC va trung tuyén AM. Mot duong thang song song v&i 4B cit cac doan thang AM, AC
va BC lan luot tai D, E, va F. Mot diém G nam trén canh AB sao cho FG song song v6i AC. Tinh
ED

GB’
Al B. L c.l D. 1
2 3 4
Cho tir gidc ABCD c6 hai duuong chéo cit nhau tai O. Qua trung diém M cta AB dung duong
thang MO cat CD tai N. Biét OA=1,0B=2,0C =3, OD =4 . Tinh %
Al B. 1 C. 3 D. S
2 2 2
Cho hinh binh hanh ABCD. Goi M, N 1a cic diém nim trén cac canh 4B va CD sao cho

AM =%AB, CN =%CD. Goi G 1a trong tam cia ABMN . Hay phan tich AG theo hai vecto
AB=a,AC=b.
- 1+ — 5- 1= — 5- 1=z

A AG = a+b B. AG=—a+-b C.AG=—a+-b D.AG=—a—=b
18 3 18 5 18 3 18 3

Cho AABC . Goi I1a diém trén canh BC sao cho 2CI =3BI va J 1a diém trén tia dbi cua BC sao
cho 5JB =2JC . Tinh Al, AJ theo a= AB,b= AC.
A. zzia&z,z}:é*_%z B, AT =3a- 25 A7 =2
5 3 3 5 5 3 3
— 2- 344 5- 2= — 3~ 2+ —

C. Al =Ca+ThAJ=Za-2b D. Al =3a+2b 47 =25+2F
5 3003 5 5 303
Cho tir gidc ABCD. Trén AB va CD 1an luot lay cac diém M, N sao cho AM =k AB, DN =kDC
, k#1. Hiy biéu dién MN theo hai vecto AD va BC.
A. MN =k.AD+(1-k).BC B. MN =(1+k).AD+k.BC
C. MN =(1-k).AD+k.BC D. MN =—k.AD+(k+1).BC

Bién soan,
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Cau 118.

Cau 119.

Cau 120.

Cau 121.

Cau 122.

Cau 123.

Cau 124.

Cau 125.
A.

Cho AABC c6 trung tuyén AM. Goi I 1a trung diém AM va K 13 diém trén AC sao cho 4K = %AC

. Pang thirc nao sau ddy 1a diéu kién can va du dé ba diém B, I, K thang hang.

A.ﬁzggﬁ B.ﬁzgﬁf C. BK = 2BI D.ﬁzgﬁ

Cho AABC,E 1a trung diém BC, I 1a trung diém cta AB. Goi D, I, J, K lan luot 1a cac diém thoa

. l— — — . .
man BE =2BD, AJ ZEJC’ IK =mlJ . Tim m d¢ A4, K, D thang hang.

A.mzé B.mzl C.mzl D.mzz
6 3 2 5
Cho A4BC . Hai diém M, N dugc xéc dinh béi hé thitc BC+MA =0, AB—NA-34C =0. Déng
thirc nao sau day la diéu kién can va da dé MN //AC.
A. MN = 24C B. mzéza C. MN = -34C D. m%z&
Cho AABC; M va N xé4c dinh béi 3MA+4MB =0, NB-3NC =0. Trong tim AABC 1a G. Goi

P 1a diém trén canh AC sao cho ]Ij—lé = 4. Cac dang thirc nao sau day 1a diéu kién can va du dé

M, G, N, P thang hang.

A. 7GM +2GN =0 va 3PG+2PN =0 B. 5GM +2GN =0 va 3PG +2PN =0
C. 7GM +2GN =0 va 2PQ-3PN =0 D. 3GM +2GN =0 va 3PG+2PN =0
Cho tr giac ABCD. Goi I, J lan luot 1a trong tdm cua AADC va ABCD. Béng thire nao 1a diéu

kién cAnva da dé 1J// AB.

A.ﬁz%ﬂ B.TJ:%E c.ﬁ:%@ D.ﬁziﬁ.

Cho AABC . Goi M 1a diém thudc canh AB;N e canh AC sao cho AM =§Z§ , ﬁ:%]@

Goi O la giao diém cua CM va BN. Tinh ti s6 g—];, va oM tuong Ung.

oC

A.lvélg B.lvéll C.lVél D.lve‘ll

9 3 3 4 4 6 6 9
Cho hinh binh hanh ABCD. M thudc AC sao cho: AM =kAC . Trén canh AB, BC léy cac diém
P, O sao cho MP//BC,MQ//AB . Goi N la giao diém cta AQ va CP. Tinh ti sb j—g va g—];
theo £.
AAN_ k. CN_ 1-k p AN __k CON_ 1-k

A0 K +k-1"CP K +k+1 TAQ K —k+1'CP K —k+1
cAN__ k CN_ 1-k pAN___k CN_ 1-k

TAQ K +k+1'CP K +k—1 CAQ K +k+1'CP K +k+1

Dang 6. Xac dinh va tinh d6 16n vécto

Cho AABC. Vecto BC—AC dugc vé ding & hinh nao sau day?
B. C. D.
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Cau 126.

Cau 127.

Cau 128.

Cau 129.

Cau 130.

Cau 131.

Cau 132.

Cau 133.

Cau 134.

Cau 135.

Cho tam gidc AABC vuongtai 4 c6 AB =3cm, BC =5cm . Khi d6 46 dai ‘EﬁHﬁ" la:
A. 4 B. 8 C.2V13 D. V13
Cho hinh thang can ABCD, c6 ddy nhé va duong cao cing bang 2a va ABC =45°. Tinh
‘C—B —AD+ E‘ .
A. a3 B. 2a+/5 C. a5 D. a\2
Cho 2 vecto a va b tao vi nhau goc 60°. Biét Zz‘ =6 13\ —3. Tinh ‘Zz +13\ +‘Zz —B\
1

A.3(V7+45) B. 3(v/7 +13) C. 6(5+3) D. 5(2@+J§)
Cho tam gidc vudng cdn OAB v&i OA = OB = a. Tinh do dai vecto v = ZEZ —%55 .
A.2a B. 6073 a C. ﬁa D. Qa

28 2 2
Mot vat nang (P) dugc kéo boi hai lyc ]71 va 172 nhu hinh v&. Xac dinh hudng di chuyén cua

BC-AC

(P) va tinh d¢ 16n luc tong hop cla F, va F, . Biét F, = F, = 60N va goc giita F, va F, 1a 60°.

A. 503N

B. 303N

C. 60N

D. 603N

Cho hinh thang 4BCD c6 AB song song véi CD. Cho AB=2a, CD =a. Goi O la trung diém

cua AD. Khi do:
A. ‘@+&" =3a

B. ‘O—B+R’ =a

C. ‘5§+5E“=37a

D. ‘@#&":O

Cho hinh vuéng 4BCD canh a. Tinh d6 dai vecto: u = MA—2MB +3MC — 2MD

A. M = 4a\2 B. M =a2 C. M =3a2 D. M =2a\2
Cho AABC . Vecto BC + AB duoc vé diing & hinh nao dudi day?
A. B. C. D.
A A A A
AB c

Cho hinh thoi ABCD ¢6 BAD = 60° va canh 14 a. Tinh do dai \ZE + ZE\.

A. a\/g

a3

2

B.

C. a\/z

D. 2a

Cho hinh vudéng 4BCD c6 canh 13 a. O 1a giao diém cua hai duong chéo. Tinh ‘OTél — @‘ .
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A. a\3 g, 43 c. a2 D. a2
2 2
CAu 136. Cho AABC déu canh a. Do dai vecto téng: ‘ZE+ZE‘ la
A. a3 B.\3 C. 2a\3 D. #
Cau 137. Véi Va,b do dai ‘Zz +13\:
A. Bao gio ciing 16n hon‘Zz‘ +‘l;‘ B. Khong nho hon ‘Zz‘ +‘E‘
C. Bao gio¢ ciing nho hon ‘Zz‘ +‘B‘ D. Khong 16n hon ‘a‘+‘5‘
Céu 138. Cho AABC déu canh a. Khi d6 ‘ZE—@E —ZE‘ bang:
A.0 B. 34 C.a D. a(v3-1)
Cau 139. Cho tam giac AABC déu canh «. Tinh d6 dai ‘ﬁ)’ - HT‘ .
A.0 B.a C. a3 D. #
Cau 140. Cho tam giac ABC déu canh a, trong tdm G. Tinh d6 dai vecto ‘ZE - 56‘ .
NEE B.2 c.2 p, W3
3 3 3 3
Cau 141. Cho tam gidc vudng can OAB v&i OA = OB = a. Tinh do dai vecto u = %@ +2,50B
V541 V520 V140 v310
A, ——a B. a C. a D. a
4 4 4 4
Cau 142. Cho hinh vudng ABCD c6 canh 14 3. Tinh d6 dai \ZE + EB\ :
A.6 B. 632 C.12 D. 0
Cau 143. Cho hinh vudng ABCD canh a, tim O va M la trung diém AB. Tinh do dai ‘52 + 51?‘ .
A.a B. 3a C. % D.2a
Cau 144. Cho AABC vuodng cantai 4 c6 BC = a2 , M 1a trung diém BC. Tinh dd dai vecto ‘ﬂ%rm‘ .
A, 26 B, 92 c. o3 p, 410
2 2 2 2
Cau 145. Cho tam giac déu ABC canh a diém M 1 trung diém cia BC. Tinh d6 dai vecto
== MA-2,5MB
A V127 g V127 . V127 o, V127
4 8 3 2
Cau 146. Cho hinh vuéng ABCD canh a. Tinh d6 dai vecto u = 4MA —3MB + MC —2MD .
A fi]=a B[] =45 Clil=3i  D.fi]=2a5
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Cau 147.

Cau 148.

Cau 149.

Cau 150.

Cau 151.

Cau 152.

Cau 1.

Cau 2.

Cau 3.

Cho hai luc F, =F, =100N ¢6 diém dit tai O va tao voi nhau goc 60°. Tinh cuong d6 luc téng
hop cua hai luc do.

A. 100N B. 503N C. 1003 D. 253N

Cho tam giac déu ABC canh bang 3. H 1a trung diém ctia BC. Tim ménh dé sai.

AN R e EENC R > 0y eI SR B8 7 NE S O 7 88 N

Cho hai lyc F,F,. Co diém dit tai M. Tim cuong do luc téng hop cua ching biét fl va E cod
cting cuong do luc 1a 100N, goc hop boi F, va F, 1a 120°.
A. 120N B. 60N C. 100N D. 50N

Mot gia d& duge gan vao tuong nhu hinh vé:

10N

Trong d6 A4ABC vudng 6 C. Nguoi ta treo vao diém 4 mot vat nang 10N . Khi d6 lyc tac dung
vao buc tuong tai diem B:

A. Kéo btrc trong theo hudng BA véi cuong do 103N

B. Kéo btrc tuong theo hudng BC véi cuong do 102N

C. Kéo burc tuong theo huong BA véi cuong do 10v2N

D. Kéo btrc tuong theo hudéng BC véi cuong do 102N

Cho tam gidc ABC c6 G 1a trong tam. Goi H la chan duong cao ha tir 4 sao cho BH = %H_C;

Piém M di dong trén BC sao cho BM = x.BC . Tim x sao cho d9 dai vecto ‘m + G—C‘ dat gia tri

nho nhét.

A-xzi B-xzé C.xzé D.x:é
5 6 5 4

Cho AABC ddu canh a. M 1a trung diém BC. Tinh d¢ dai %A—B+2ZJ‘ .

A a\éﬁ B a\éi c. a\ii D. a\{]ﬁ

PHAN B. LOI GIAI THAM KHAO
Dang 1. Céc bai toan vé khai niém vécto
Pap an D

AB=AC=B=C

Pap an A

Dap an B.
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Cau 4.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 11.

Cau 12.

Cau 13.
Cau 14.

Cau 15.

Vi vecto 0 cung phuong vdi moi vecto. Nén cd6 mot vecto cung phuong véi ca hai vecto a va
b,d061avecto 0.

Dap an C.
A B
F C
Cau S. E -
Céc vecto cung phuong v6i vecto OB la:
BE,EB,DC,CD,FA, AF.
Dap an B.
Pap an C
Pap an D
Pap an A
Pap an A
B
M N
A \ C
Q P
Cau 10. D

. |MNIIPO . oy 1
Ta co 0 (do cung song song va bang EAC)'

Do @6 MNPQ 1a hinh binh hanh.

Dap an D.

Véi ba truong hop lan lugt 4, B, C nam giita thi ta ludn c6 BA,BC cung phuong.

Dap an D.

Pap an D

Mot vecto khac vecto khong dugce xac dinh boi 2 diém phan biét. Do d6 c6 12 cach chon 2 diém
trong 4 diém cua tir giac.

Pap an A

Pap an D

Pap an D
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Céc vecto bang vecto AB la: E
FO,0C,ED

Cau 16.
Pap an C
C6 3 duong thang song song véi MN 1a AC, AP, PC
Nén ¢6 7 vecto

Cau 17.
Pap an A

A B c

Cau 18.
Pap an C
Vi tam gidc déunén AB = ‘ZE‘ =2a
Cau 19.
Pap an A
A

—0Q

== ]
G
m

That vay khi AABC nhon thi ta c6:
AH 1 BC
OM 1 BC

= AHIIOM

O, H nam trong tam giac = E,O—M cung huéng
Cau 20.
Pap an A

=Y
=
] G.& =
m

a3

2

a3
2

Vi A=60°= AABC déu = 40 =

- |id]-
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Cau 21.

A M D
Ta co: MP//DC,MP:%DC,PN//AB,PN:%AB .Ma MP = PN

— AB = DC = ABCD 12 hinh binh hanh = 4D = BC
Cau 22. Taco6 BD la dudong kinh = OB = DO.
AH 1 BC,DC 1 BC = AH //DC (1)
Talaic6 CH L AB,DA 1 AB=>CH //DA (2)
Tu (1) va (2) = tir gidc HADC 1a hinh binh hanh = HA = CD; AD = HC .
Pap an C.
Cau23. Tacé AMCP 14 hinh binh hanh = AM = PC
Lai c6 AQBM va BMCN 1a hinh binh hanh
— NC=BM =04

= AQNC 14 hinh binh hanh = AC=0ON .

Dap an B.
Cau 24.

Ta ¢6 thé chi ra dugc ADCH 13 hinh binh hanh = AH = DC
Cau 25.

Pap an D

Taco:OB:OC:R:‘FO‘z‘FO‘
CAu 26.

Pap an D
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A R D

0
B Q C
Ta co: P—QzA—Ozﬁw
AR=RQ=PO=B0=0C, BO=0D=PR,OP=RA=DR=CQ=0B

Cau 27.
Pap an C
N D C

o]

P A M B

Ap dung dinh ly Pytago trong tam gidc vudng MAD ta co:

2
DM? = AM? + AD? =(gj +a?

a5

=DM =——
2
Qua N ké duong thang song song voi AD cat AB tai P.
Khi d6 t& gidc ADNP 1a hinh vudng va PM = PA+ AM =a +% = 37“
Ap dung dinh 1y Pytago trong tam giac vudéng NPM ta co:
2 2 2 2 [ 3a ’
MN*=NP"+PM* =a" + >

13a*

av13

2

= MN =

a13
2

Suy ra ‘M—N‘:MNz

Cau 28.
Pap an D
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Ta c6: MNPQ 12 hinh binh hanh = MN = OP

Ta co:

Ol +0J =+ (0d+0C)+~(OD + 0=+ (04 + 0+ (0C+ OD)
—OM +ON =0

0l =-0J

Dang 2. Chimg minh déng thiic vécto
Cau 29.

Pap an B
A

7

CO-0B=CO+0D=CD =BA

Cau 30. + Tu gidc AMCN 13 hinh binh hanh = AM + AN = AC = A diing.
+ ABCD 1a hinh binh hanh = AB+ AD = AC = AM + AN = B dung.
+ AM = NC, AN = MC = AM + AN = MC + NC = C dung.

Dap an D.
Cau 31.

Pap an C

A
EF E

B D C

AD+BE +CF = AE+ED+ BF + FE +CD + DF

:E+§F+5ﬁ+(fﬁ+5ﬁ+ﬁ):ﬁ+§ﬁ+5ﬁ
Cau 32.

Pap an D

Ta c6:

(ﬂ+a§)+(§5+5€):6 <& BC+CA=BA=0< B=A4.ViA, Bbitki = D sai.
Cau 33.

Pap an B
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A (8]

M

B P c

VT=0A4+0B+0C

= MA+ NB+PC =MA+NM +NP+PC=NA+NC=0= VT =O0M +ON +OP

Cau 34.
Pap an A
VT=Z§+E§=Z§+5§+5§+§5=E+C73+(ﬁ+ﬁ))=ﬂ)+ﬁ?:VP
Cau 35.
Pap an D
AA'+BB'+CC'= AG+GG'+G'A'+BG+GG'+G'B'+CG+GG'+G'C'=3GG"
Cau 36.
Pap an D
@+55+ﬁ:(25+6§)+55+(f§+52‘)=EI§+EIS+(Z€’+@3)+EZ
=@+E—D+(E+ﬂ)=@+ﬁ)
Cau 37.
Pap an C
2MA+MB—3MC =2MC +2CA+MC +CB-3MC =2CA+CB
Cau 38.
Pap an D
B : C
K
A D
S I [ [
A1+AK:—(AB+AC)+—(AD+AC)=AC+—(AB+AD)=—AC
2 2 2 2
Cau 39.
Pap an D
A
Ch B
B C
A
Ta co: @zZ@:D sai. Nhan xét: AABC va A4 B,C, cung trong tam.
Cau 40.
bap an B
Ta co:
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Caudl. +Tach: AB+DF +BD+FA=AB+BD+DF +FA=AA=0= A dung.
+ BE-CE+CF-BF =BC+CB=0= B ding.
+ AD+ BE +CF = AE + BF + CD < AD+ DC + CF = AE + EB + BF < AF = AF
= C dung.
+ FD+DB+BE+FA+ AC+FC =0 2FC =0< F =C (mAau thun gia thiét)
= D sai.
Papan D.
Cau42. Tacé GA+GB+GC=0=>04+0B+0C =30G (1)
Ggil!é trung di€m BC, A4' d6i xting vdi A qua O.
Dé thay HBA'C la hinh binh hanh
< HB+HC = HA'< HA+ HB+ HC = HA+ HA"' = 2HO
< 3HO+0A+O0B+0C =2HO < OH = OA+ OB +0C 2)
Ti (1) vi (2) = O =30G & 0G + G =30G & GH =20G < 0G = GH
Pap an C.
Cau 43. +Bdﬁngviﬁ'+ﬁ)=ﬂ+ﬁ+f+ﬁ+ﬁ+ﬁ
:2ﬁ+(27+§7)+(35+35):2ﬁ
+ C ding vi AD+BC=Al+1J +JD+BI+1J +JC =21J
+D dang vi AC+BD =21J < 2IJ +CA+DB=0
Dap an A.
Caud4. Ké MN//AC,N € AB.

Ap dung dinh li Ta-1ét ta c6 AN = A—NZE =M—CZI§ NM =MZE’ = @ZE
AB BC AC BC
MC — MB

— AM = AN + NM = —— AB+—— AC.
BC BC

Dap an A.
Caud5. Taco: 204+ OB +0C =204+20M =40D (1)
Tuong tu OA+20B +0C =40E 2)
OA+0B+20C =40F (3)
Cong ve vai veé (1), (2), (3) ta dugc dap an A.
Papan A 7
Ciu 46. Qua M ké cac duong thang A B, // 4B, A,C,//A4C,B,C,//BC
= Céc tam gic déu AMB,C,, AMA,C,,AMA,B,

Ta cé: A—/[B=%(WZ+W),ME=%(W+M€2),W=%(MB2+MA2)

:W+W+W=%(MAI +z\4/12)+%(1\419l +MBZ)+%(MC1 +MC,)
- L (M +MB+MC) =230
2 2
Papan D.
Cau 47.
Pap an B
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B

E+TC+E=E+G—B+(TG+R‘)+(A—G+@)
=3A_é+5§+55+55=4@+(@+5§)+(5@+55)=4Z@+21+2@7=425

(IT) va (III) sai vi G khong phai 1 trung diém cua AC va BD.

Cau 48.
Pap 4an A
B
A
N
M
D C
 |MN =MA+ 4B+ BN
Tacoy__ . . .
MN =MD +DC+CN
nMN =nMA+nAB +nBN -
=< . o _Q:>(m+n)M
mMN =mMD+mDC +mCN
— (nMA + mMD) + (n 4B+ mDC) + (nBN + mCN ) =0+ nAB + mDC +0 = MN = 245+ 1mPC
m+n
Cau 49.
Pap 4an A
A
M
B A’ c
Goi A'= AM N BC
Taco MA'= 2S5 + 22 3ic
BC BC
A'C_SMA,C_SMAC_i:A'C_ S, A'B S,
A'B S, S, S BC S,+S BC S,+8
MA' = S, MB + S, m(*)MétkhéC MA :SMA'B:SMA'C:SMA'B+SMA'C: S,
b + Sc Sb +Sc MA SMAB SMAC SMAB +SMAC Sb + Sc
— Ma' = MA, thay vao (*) ta dugc: —S, MA = S, MB + S, MC
S, +S,
25
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& S, MA+S,MB+S .MC =0

Cau 50.
DPap an A
A
N
P
I
B
M C

Goi p la nra chu vi A4ABC, ta co:
AP=AN=p—-a

BM =BP=p-b

CN=CM =p-c

Ta c6 m=%j§+%j€@aW:(p—c)E+(p—b)z’(l)
Tuong tu:

bIN =(p—a)IC+(p—c)IA(2),cIP=(p-b)IA+(p—a)IB(3)

Cong timg vé (1), (2), (3) ta dugc:

< alIM +bIN +cIC
:(2p—b—c)ﬁ+(2p—a—c)]§+(2p—a—b)]f’=alj+bﬁ+clf’=6
Nhan xét: Ap dung két qua néu 7 13 tim dudng tron noi tiép AABC thi
< alA+bBl+c¢CI =0

Dang 3. Xéc dinh diém thoa man diéu kién cho trudc
Causl. JA+2[B=0< IA=-2IB.

Vay I thuoc doan AB sao cho IB = %AB .

Pap an B.
Cau 52.

Pap an B.
Cau 53.

Pap an B
Cau 54.

Pap an C

Ta c6: MN =3MP va P, N khac d6i véi M
Cau 55.

Pap an C
Cau 56.

Pap an B

Cau57. MA+MB+2MC = MG +GA+ MG +GB +2MG +2GC =0
<:>4A—/[5+(5;1+5§+55)+55:6<:>55:4@—
Papan D.

Cau58. Taco: NA+2NB=CB < NA+NB+NB=CN + NB
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Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

& Ni+ NC =-NB & 2NT =-NB = BN == B]

Dap an C.

Tacéd NC+ND—-NA= AB+ AD - AC

& (NC - Nd)+ ND = (4B + 4D) - 4C

< AC+ND = AC - AC < AC = DN

= ACND 1a hinh binh hanh = C la trung diém canh BN.
Pap an B.

AV +DMB =0 & aVEA +b (M + 4B) =0 < Wi = - 45
a+
Do gia thiét M dugc xac dinh duy nhit trén duong thing 4B.

Pap an C.

Lay A' sao cho % =% hay AA' 1a dudong phén giac.

Ta co: aE+bE+cfé=6©aﬁ+(b+c)ﬁ=6
< [ thudc doan AA4' va ﬁ:b-’_c - - B4
14" a ac  BA'
b+c
= I1a tam duong tron ndi tiép A4BC .
Pap an B.

Pap an C
2?21—3?73’:3?6@2E—2I§—}§=3§5©2(TZ—T§):2EE+IB’+EE
& 2BA=2BC+1C < 2BA-2BC =1IC < 2CA=IC < CI =-2CA

Pap an D
A

Z

c
d M

M 1a trung diém AB nén AB=2AM ,AC =2 AN < 34B+2A4AC—124K =0
@6m+6ﬁ—12ﬁ=6@ﬁ=%(m+ﬁv) — K 1a trung diém cta MN.

Pap an C
A B

M

MA~MB =BA= MA-MB—-MC = AD < BA—MC = AD < CM = AD + AB = AC
Vay C la trung diém ctia AM
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Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Pap an C
A

B K C

Goi K 1a trung diém BC= NB+ NC =2NK
Nén 2NA+ NB+ NC =0 < 2NA+2NK =0 NA+ NK =0 = N la trung diém 4K

Pap an D
A

MA+2MB = CB <> MA+MB + MB = CM + MC

< MA+MB+MC =0= M latrong tim AABC

Pap an A

20+ M + 3]C = 2 (VA-+ MB + MC) + MC - MB = 6MG + BC = = GM ~ BC

Pap an B

Ta c6 MA+ MB+4MC =0 < MA+ MB + MC = -3MC < 3MG =-3MC < MG =-MC
Hay M la trung diém ctia GC

Pap an A

Tac()ZE+ZE’+ZI3:4A—AZ<:>4A—AZ:225:>W:%ZE’:>MEO

Pap an D
Ta c6 M 1a trong tam thi MA + MB +MC =0
So sanh v6i MA = aMB + fMC = a =—1; 8 =1

Pap an D
@:W+2m—3M—C:m+2m+2W+W:(@+2@):a+@
Vay D la dinh cua hinh binh hanh ACED.

bap an B
2Y2+3T§=6<:>5H+3f1§—3ﬁ=6@5H+3Z§=6@27=§Z§:>kzg
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Dang 4. Tim tap hop diém thoa man diéu kién
Ciu73. Taco MA+MB+MC=3MG = 3|MG| =6 < [MG| =2
Vay tap hop diém M 1a duong tron tim G ban kinh 1a 2.
Pap an C.
Ciu74. Taco: MA+MB+MC =3MG,MB+MC =2MI = 2[3MG|=3[2M|
= ‘M—G‘ = ‘ﬁl‘ = Tap hop diém M 14 trung truc cua GI.
Dap an A.
Cau75. Taco: MA+MB—MC =MD < MA+MB = MC + MD
= 2MI =2MJ < MI = MJ véi 1, J 14 trung diém cua AB, CD
= Khoéng c6 diém M nao thda man.
Papan D.
Cau 76. Tir gia thiét OM = OA+OB = O, A, M, B theo tht tw 14 c4c dinh cua hinh binh hanh. Do
AM = OB = R = Tép hop diém M la dudng tron tam A ban kinh R.
Pap an B.
Cau 77.
Pap an A
[V 1B} =] < B = i1
Vay tap hop diém M 1a dudng tron tim C ban kinh AB.
Cau 78.
Pap an A

MA+ MB + MC + MD :‘41\75‘:1{@‘1\75‘:%

Vay tap hop diém M 1a dudng tron tim O ban kinh %

Cau 79.
Pap 4an B
c
/ \ .,
yAEW
I
Goi / 1a trung diém cua 4B thi
WZ + Mé‘ =2 WE‘ PN ‘21\77‘ = \2%\ & Tap hop diém M 1 trung truc ciia IC
Ciu $0.

Pap an D
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Goi I 1a trung diém 4B

= 714 diém ¢ dinh: MA+MB =2MI = MM '=2MI = Ila trung diém ctia MM '

Goi 0' 1a diém d6i xing ctia O qua diém I thi O' ¢6 dinh va MOM 'O’ 14 hinh binh hanh
= OM =OM'= R = M ' niam trén duong tron ¢d dinh tdm O' ban kinh R.

Cau 81.
Pap an B
A
y I
B s Y s
Goi E 1a trung diém cta 4B, I 1a trung diém cta EC
= M+ MB-+ 2C = 3V + 2MC = 417 = Mi =% BC
Do I, B, C ¢6 dinh nén tap hop diém M 1a mot duong thang di qua 7 va song song v6i BC.
Cau 82.
Pap an C
A
I
G
B [ C
GT d cho <> [MA + MB + MC +3MA| = |2MA - 2Mi|
o ‘3(% + m)\ = [0~ Mi| (12 trung diém 4B)
— — 1
PN 6‘MJ‘ = 2‘1/1‘ & MJ =14 (G 14 trong tim A4BC)
o JM = %AG (J 14 trung diém ctia AG)
A oA )y NP N I AG
Vay tap hop diém M 1a dudng tron tam / ban kinh R = -
Cau 83.
Pap an A
kMA +kMB =2MC < 2k.MI =2MC < MC = kMI (I 14 trung diém AB)
= M nam trén duong thang CI.
Cau 84.

Bién soan, swu tam: Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong 30




CAC DANG TOAN THUONG GAP PT:0946798489

Pap an C
Vi 4, B, C cb dinh nén ta chon diém I théa mén: 214 +31B +4IC = 0
<:>2f4+3(f4+§)+4(f4+f‘):6<:>9H=_3TB_4E©HZ_3AB;4AC

=7 duynhétn‘rdézm+3m+4ATC=9M+(2H+3E+4Tc)=91\71 va MA—-MB = 4B

Tir gia thiét = ‘9@‘ = ‘ﬂ‘ & Ml = %

Cau 85.

Pap an D

MA+2MB—MC

— MA-+(MA+ MB)-3(MA+ AC) (v6i H Ia diém thoa mén ngfc)

=2AB-3AC =2AB-2AH =2HB

:Mﬁmﬁzk(muﬂé—sﬂé)@ 2ME =2k HB < ME = kHB = Dép én D
Cau 86.

Pap an B

Goi 0,0" lan luot la trung diém AD va BC, ta c6: AB'= AO+00'+0'B
va DC=DO+00"'+0'C = AB+DC =200"
Goi 11 trung diém MN=> AM + DN =201 = O] = (k B+ kDC) =kOO'

Vay tap hop diém I 1a duong thang 00"
Cau 87.

Pap an B
Goi P, Q lan luot 1a trong tAm AABC va ADEF .

= m+m+M—C‘+‘WD+WE+W‘:3‘W‘+3‘M—Q >3(MP+MQ)=3PQ

Dau "=" xay ra khi M thuc doan PQ. Vay tap hop diém M 1 doan thing PQ.
Cau 88.

Pap an A

Tir gid thiét < 2MA + MC = k(MC —~ MB ) < 2MA+ MC = kBC (¥)

Goi 1 1a diém sao cho: 214+ IC =0 = IC = 2I4,1 € AC

Tu (*):2(A‘47+H)+1T47+76:k§6@31\77=k§6

Vay tap hop diém M 1a duong thang qua / va song song voi BC.
Ciu 89. Goi E 1a trung diém cia AC = 3MA-2MB+MC :\Me—m
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Cau 90.

Cau 91.

Cau 92.

Cau 93.

@‘2(W—W)+M+M—C‘=‘A—B‘<:>‘2ﬁ+2M—E‘=‘E‘

Goi 7 1a diém théa man BA=EI

= 27 + ME)| = |4B| < 2|ol| = | 4B < b1 = 45

Vay tap hop diém M 1a duwong tron tim 7 ban kinh %

bapan C.

Chon diém [/ sao cho
3H+2E—2E=6@—3E+2(E—E)—2(/TC—Z)=6

& <341 +2( 4B~ AC) =0 34T = 2CB > Al = CB
:>3@1+2W3—2M—C=3(W+H)+2(W+E)—2(W+E):3@
:‘3@+2M§—2ME‘=‘MI§—ME‘@3M]=CB®MI=%CB

Vay tap hop diém M 1a duong tron tim 7 ban kinh % .

Pap an B.

Tir gia thiét < 2MA— MB = k(]\_/IE +31T46) *)

Goi I, K 1a cac diém sao cho 2IA—1IB = 6;@+f@ =0

Thi 7, K 14 cac diém cb dinh: [ € AB:IB=2I4;K € BC : KB =3KC

T (*) <:>2(1\‘/[7+ﬁ)—(]\7[7+f§):k(ﬂl?+f]§+3]\7]?+3f5)<:>f/ﬁ:4km

Vay tap hop diém M 1a dudng thing.
Pap an C.

Dang 5. Phan tich vecto qua hai vecto khong cung phuong
Cach 1:

Taco: 4B = AK + KB = AK + KN + MB = 4K - 4B~ BM (vi KM =~ 4B)
& AB+ AB = AK - BM <> AB = AK - BM < 4B =7 (4K - BiF

Cach 2: Gia st co6 cap $6 m, n sao cho AB :mﬂ+nm, voi G = AK "BM

Tac AB=AG+GB, 4R = 4G, BM = BG
— == 3 — 3 = 3 — 3 —
= AG+GB==—mAG—-=nGB < | =—m-1|AG=|-=n—-1|BG (¥)
2 2 2 2

- ém—1=0 ng

Do AG, BG khong cung phuong = (¥*) = 2 = 32
-—n—-1=0 n=-——
2 3

— 4B =2 (4K -BM).

3
Dap an A.
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Theo hinh vé AM =1741ﬂ?,ﬁ\7 = %E’ = Chondéapan D.
Dap an D.
Cau 94.
DPap an A
Cau 95.
Pap an C
A
C
AB =AM +MB =3GM +(GB-GM ) = 2GM +GB
=6§+6€+6§=26§+6€:-§Eﬁ—§6ﬁ
Cau 96.
Pap an C
WIB = KNIC & B - AW = k(AC~ 0 ) e A0 = 22=24C
Cau 97.
Pap an B
o
M N
A B
m:oil_ow:oil_%o?
Cau 98.
Pap an D
DN = DA+ AN = CB + L 4E = 4B~ AC + (4B + 4C) => 4B -2 AC
2 4 4 4
5 3
Viy p==,g=—=
ay p 4 q 4
Cau 99.

§6=2§1€=2(B2+A‘1€)=2B2+2&@2B2—§5=—2&

@:217):2(L—A+E)=2R‘—213@E—2B—C=—213
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. 4~ 2=
o  [2Bi-BC=—2a |BA=—z4*3?P
Tur d6 ta c6 hé phuong trinh:y = 5 4
BA-2BC=-2b BC=_%274+2%
3 3
Cau 100.
Pap an B
A
I B 1 M c
Goi M 14 trung diém BC:

4G =2 4M =~ (4B + AC)2IC = -31B <> 2(AC - A1) =-3(4B~ 4l ) &> Al = > 4B+ 4C
3 3 5 5

Tuong tu: & AJ zgﬁ—gﬁ’

SAB+2AC=4i  |AB="Ai+ 4] (a2
Tac()hézg ; = 25 89 :>AG:§ 8 258 9
ZAB-24C=4J AC="241-—4J + 2 A=A
5 5 16 16 16 16
BERLyy MLy
48 16
Cau 101.
Pap an D
anm?é@n(w—E)zm(Zé—m)
< (m+n)AM =nAB+mAC < AM = " B+ ucC
m+n m+n
Cau 102.
Pap an A
A B
E
D F c
Pat DM = xDB,EM = yFM = DM = xDA+ xDC nén
EM =DM - DE = xDA +xDC —mDA = (x—m) DA+ xDC
Ta co: E—]\/Yzym @(x—m)m+xmzxym+y(x—n)D—C
m.n
X—m=xy = + — MmN =
Do DA va DC khong cing phuong nén: MTN — DM = DB
x:y(x—n) y——ﬁ m+n
n

Cau 103.
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Cau 104.

Cau 105.

Cau 106.

Pap an A
A

/T

B D C

AD = 4B+ BD = 4B+ BC = 4B+ (4C~ 4B) = > B+ 4C

Pap an D

Tir gia thiét: MA + MB = MC = M 1a dinh thir tu ctia hinh binh hanh 4CBM.

Tir gia thiét: 2NA+ NB+ NC =0 <> 2NA+2NK =0
N 1a trung diém 4K, v6i K 1a trung diém BC.
Ta co:

] . . 5___
MN=MA+AN=BC+§AK=AC—AB+%(AB+AC)=—%AB+%AC:p=——,q=

bap an C
A

M

B C

— le=—— 3 3 |

AP=—AB; AN =— AC,MB =3MC = AM =— AC——AB
2 4 2 2

Do d6

W:ZF—A_M:ZE—%Z@(I)

M—N:W—W:%ﬁ—%ﬁ(z)
T (1), (2) = MP =2MN = M, N, P thing hang.

Pap an A

D C
Ta c6: 34G = AM + AN + AM
l—- 1 — — 5— — — 5— 1—
=—AB——AB+ AC+ AB=—AB+ AC=> AG=—AB+—AC
3 2 6 18 3

A1 = 4B+ BT = 4B + mAC = 4B + m( 4C— 4B = (1-m) 4B + mAC
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Dé AI di qua G thi Al AG cung phuong = Al =k AG

Sk 6

_m__
:>(1—m)2§+m26=k.%2§+k%25: el

m=— k=—

3 11
Cau 107.

Goi E 1a trung diém AC= AN = %ZE = MN/IBE = G la trong tam AABE

= AG =§A—l3 nén M, N, P thing hang=> P la trung diém AG. Vay Zﬁz%A—é =%A—l§
Cau 108.

Pap an B

MA+2MC =0 < BA-BM +3(BC—BM )=0< 4BM = BA+3BC(1)

Theo bai ra:

AN +2NB+3NC =0 < BA-BN-2BN+3(BC~BN)=0 < 6BN = BA+3BC|2)

Tu (1), )= 4B_AZ=6§N®B—AZ=%§N

Cau 109.
Pap an C
A
o
G
B C
b
A Nhdn xét: Puong thang di qua 3 diém tryc tam, trong tdm va tim dudng tron
ngoai ti€p tam giac la duong O — le.
Cau 110.
Pap an C
B
M
N
A
C
P
E 0 D
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I0+IN =21J < IM + MO+ 1P+ PN =21J < MO+ PN =21J
[ DU
<:>—(AE+BD)——BD=2]J<:>—AE=[J
2 2 4
Cau 111.
Pap an C

4l = 4B < AC+Cl = ~(AC+CB)
3 3
_ 1l — —
@CI:—E(ZAC+BC)(1)
AJ =34C < AB+BJ =34B + BC
< BJ=2A4B+BC=2A4C+BC(2)
— 11—
T (1) va 2) = CT =~ BJ
Céu 112.
Pap an D
A

M

B C
N

Dit Al = xAN,CI = yCM

21x —

Tact: AT =x(4B+ BN) = xAB+5 AC = 4B+ AC =22 M +7

X

Vi M, C, I thang hang :>Z—éx+—:1<:>x:£. Tuong tu ta chua tim dugc [Iﬂ

4 23
Cau 113.

Pap an D

B /FM C

Ta dat: CA=a,CB =b. Khi do Wz%@‘:k@:k&

Vi E nam ngoai 4C nén c6 s6 k sao cho: CE=kCA=ka v6i 0<k<1.

Khi 46 CF =k.CB=kb.
Diém D nam trén AM va EF nén c6 sb x nay:

aﬁzx@+(l—x)c—ﬂzy5ﬁ+(l—y)(5ﬁ)

Hay x&+l_7x1§ — kya+k(1-y)b

21
2
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Cau 114.

Cau 115.

Cau 116.

Cau 117.

Cau 118.

.. 1—
Vi a,b khong cung phuong nénx =ky va szk(l—y)

Suyra x=2k-1 do do

@:(2k—1)&+(1—k)13,ﬁ+@:kﬁ:@_k)@:@:%:l

Pap an C
OC =—04;0D =204 Vi OM,ON cung phuong = 3k sao cho
ON = kOM = ON =% (0 +0B) bt =k, k>0

2 ND

Tacé:OTVzi.@—iO—B: 6 _ 4 <:>k:§
1+k k+1 k(k+1) k(k+1) 2

Ta ¢ AM + AN + AB =34C ma W:%E

ﬁ:l(A_C+E):—(AC+AC—AB)=—122+13
2 2 2

:»32@%2@%2@@5@5%2@@5

S AG=a+15.
18 3

Pap an C.

Ta cb: 276:—3?5@2(26—27):—3(23—2)

@52:3E+2%@E:§A—3+§E.

Ta lai co: SJ?:Zf@S(ATB—TJ)=2(TC'—TJ)

@3E=5E-2R@E=§E—§R

Dap an A.

Vi diém O bit kit OM = OA+ AM = OA+k AB
= OA+k(OB - 0A) = (1-k) OA+ kOB
Tuong tu ON =(1-k)OD+kOC

= MN = ON —~OM =(1-k)(OD~04)+k(OC - OB) = (1~ k) AD+ kBC

Dap an C.

Ta c6: 2’37=BZ+B_AZ=BZ+%§6@4BY=2§71+§6 (1)

S [ [ A JUI .

BK=BA+AK=BA+—AC=BA+—(BC—BA)=—BA+—BC
3 3 3 3

< 3BK =2BA+BC (2)

T (1) va (2) @EIZz%fﬁ@B,LK thing hang.

Dap an B.

Cau 119. Tacé: 4, K, D thing hing < AD = nAK = n(ZFJIZ) (1)
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24D = 4B+ AE = 4B+~ (4B + AC) =2 4B+~ AC
2 2 2
= SAT 42 ) =31 + 2 (AT + T ) =2 Al +2 T
2 2 2 2
= —_ - 99— 3 - — 9 3 _
Ma IK =mlJ nén 2AD=—Al+—IK => AD =— Al +—1IK (2)
2 2m 4 4m

Tu (1) va (2) :>2:i<:>m=l.
4 4m

3
Pap an B.
Cau 120. Taco: BC+MA=0 va AB—NA-3A4C =0
— BC+MA+ AB—-NA-34C =0
< AC+MN -34C =0< MN =24C
Ta c6: BC+MA=0< BC = AM = ABCM 14 hinh binh hanh hay M ¢ AC
=> MN//AC = Chondapan  A.
Dap an A.
Cau 121. + Taco: 3MA+4MB =0
@3(FG+@)+4(FG+@)=6©3G—A+4@=7G—M
Tuong tu: FB—3W=6©(W+GTB)—3(N—G+R')=6
< GB-3GC -2NG =0 <> 3GA+4GB =-2GN .
Véay 7GM =—-2GN < 7GM +2GN =0
+ Goi E 1a trung diém BC = 2AC = AE + AN
azfczgfmﬁ@E:%TG%ﬁ (1)
PA e PC--LPimac-2aP @
PC 4 4
. . 3— 11— 5—
Tu (1) va (2) <= AG+—AN == AP
4 2 4
3= —\ 1= ——\ 5— 33— l— - . .
<:>—(AP+PG)+—(AP+PN)=—AP<:>—PG+—PN=O<:>3PG+2PN=O.
4 2 4 4 2
Dap an A.
Cau 122. Goi M la trung diém PUOC. Ta c6: MI =%W,M7 =%m
= W) - M = (VB - M) <> 1 = 45
Dap an A.
Cau 123. Gia st: ON =nBN;OM =mCM
AG = A+ MO = AV ~mCrn = AN —m( M - AC) ==(1-m).AB +m AC
Tuong ty: @:ﬁ+ﬁ:ﬁ_m:§(1_nm+m
Va A0 chi biéu dién duy nht qua 4B va AC
l(1—m)—n m=2
3 - "3 ON 1 OM 2
3 1 OB 9°0C 3
~(1-n)=m n=—
4 2
Dap an A.
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Cau 124.

Cau 125.

Cau 126.

Cau 127.

Cau 128.

Cau 129.

Cau 130.

Cau 131.

BétA—NzxZ@;Eﬁzyaﬁ

Tacé:ﬁ:f)ﬁ+A—]\7:Tﬁ+x(Z§+§é)

— — BO— — —  BO —

=DA+xDC+x—=.BC=DA+xDC—-x—=.DA
BC BC

Vi MO/ /B =32 _AM
BC  AC

Mt khéc: ﬁ:ﬁ@ﬁ:ﬁéwﬂw%jﬂ

=k = DN =(1-kx)DA+x.DC (1)

BP _CM _CM-AM _
CA CA4
Dﬁ25(?+y5;1—y(1—k)176=y5171+(1—ky—y)176 2)

k

-k P
T (1), (2) =4” o] K -k+l
x=l+ky—y y= 1-k

K —k+1

Vi: MP//BC = 1-k

Pap an B.

Dang 6. Xac dinh va tinh do 16n vécto

Vi BC—-AC =BC+CA=BA

Dap an A.

Ta co:

AC =BC?— AB* =4 = Al = 2; BZ+§6‘:2‘B7‘=2 AB* + AI* =213 .
Pap an C.
‘@—E+Z@‘z‘@§+5§l+2@‘:‘a§+5é‘:‘5§‘:\/BHz+DH2 =2a+/5
Pap an B.

Dung 52:&;573:13

Dung hinh binh hanh OACB = a+b=0C;a—b= BA

= AOAB vuodng tai B:]Bz%:ﬁ

2
2 2 \/a P B DA
OI =~JOB® + IB =T:>0C=x/§:>‘d+b‘+‘a—b‘=x/§+3\/§.
Dap an B.
Biéu dién vecto v theo 2 vecto O4,0B.
2 2 /
Ap dung Pitago ta co: M: (&j +(3_aj = 6073a.
4 7 28

Dap an B.
Pit F, = O4;F, = OB;0C =0A+OB =F, +F,
Ta c6: AOAB 1a déu :>O]=60£/§,Véi ]ZAB(\OC:>0CZ60\/§.
bapan D.
‘@+O—C‘=‘OT4+E+OT)+FC‘=‘E+D—C‘:‘E‘Jr‘D—C‘:Sa
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(vi AB va DC cung hudng)
Papan A
Cau 132. M:(A7[5+52)—2(A7[5+5§)+3(A7[5+55)—2(A—/[5+513)

— OA-20B+30C —20D =204 :‘Zt‘zZOA:AC:a\E.

Pap an B.
Cau 133.
Pap an C
Vi theo quy téc 3 diém BC + AB = AB+ BC = AC
Cau 134.
Pap 4an A
D
//]\
A W :
B
Goi O la giao ctia 2 dudng chéo= \ZE + ZB\ - \ZE\ =24D=a3
Cau 135.
Pap an C
B C
a
0
A D
07~ 5| -[07 + 5| <[ + 4| =[] - 22 - 232
Ciau 136.
Pap an A
A
a
B M (5
‘E + A—c‘ = ‘2@‘ = 2.# = a3 . M 1a trung diém BC.
Cau 137.
Pap an D
Theo quy tic 3 diém do dai vecto tong bao gid cling nhd hon hodc bang tong d6 dai 2 vecto thanh
phan.
Cau 138.
Pap an A

AC ~CB~ AC| =[AC + BC + C| = 4] = 0
Cau 139.
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Pap an C

B C
(45 - 50| =[4B - 75| <[ 351 = 2 3K] = 3
Cau 140.
Pap an A
A

B C
Goi K 1a diém d6i ximg véi G qua AC thi AK =GC = ‘E —@‘

- |15 7R - |R8| - 286 - 22
Cau 141.
Pap an A
Ap dung Pitago:‘;{‘ - \/(%)2 +(2,5a)2 — ‘/? a
Cau 142.
Pap an A
[4C + BD|=|240 +20D| = 2[4D| = 6
Cau 143.
Pap an A
E
A B
M
(8]
D c

Taco: AC =a~2 VélOA:ﬂ:a\/E
2 2
:>OM=%. Goi E 13 diém sao cho OBEA 1 hinh binh hanh:@+0—3‘:\075\:/13=a

Cau 144.
Pap an D
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Al N
B4 \
M c

Dung hinh binh hanh ABMN = ‘EZ + B_AZ‘ - \EN\ - BN

Taco: NC =AM =%BC= a\z/z = BN =+ BC?+ NC*? :@
Cau 145,
A
/N
c M B H
Pap an B
Goi KeAM:MK:%MA H e MB:MH =2,5MB
Do 053 ¥ 2,5W18| - K - | [
Ta cé:MKz%AM _ 3*?“ ,MH:%Z — KH =~/MH? + MK? = ‘W;”
Céu 146.
Dzip an A

1

A

4M0+0A 3(M0+OB M0+oc) 2(1\75+55)=352—5§

Trén OA lay A' sao cho 04'=304 —u=0A4"-0B"'= BA'=\OB* +04* = a5
Cau 147.

DPap an C

_ B
/’/'[\
o
WC

F

' b

F,+F, =0B+0D=0C =|F,+ F,|=|0C|= 201 =103 (vi AOBD déu)

Cau 148.
Pap an D
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A

D
AB+ AC|=AD =33 = A dung.
HA + HB|= ﬁ‘:‘A—B‘:s — B diing.

J63

E‘i-i-ﬁ‘j = E‘:T =C dl:ll’lg

HA—- HB| = EZ‘:3:> D sai.

5
Theo quy tic hinh binh hanh: 7; + F; = MA + MC = MB AAMB 1 tam gidc déu=>[MB| =100N
Céu 150
Pap an C

B

Taxem F la tong cua vecto ]71, FZ lan luot ndm trén 2 dudng thang AC va AB va ta co:
‘}71‘ :‘}7‘ =10N; }72 =10v/2 va lyc F, theo huéng BA

Cau 151. Dung hinh binh hanh AGCE. Ta ¢c6 MA+GC = MA+ AE = ME
Ké EF L BC,F e BC =|MA+GC| =|ME|> EF

Do d6: ‘mm—c‘ nhé nhitkhi M = F .
Goi P 1a trung diém AC, O 13 hinh chiéu ctia B trén BC. Ta c6 BP = %BE

ABPQ~ABEF:B—Q=£=§:§f=i§Q
BF BE 4 3
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Cau 152.

Mit khéc: BH = %H—C = PQ la duong trung binh cia AAHC = H—Q = %H_C;

l— 5— 5—

BQ BH+HQ HC+2HC—6HC—gBC:>BF——BQ EBC:MC—Z

Dap an B.
Goi N 1a trung diém cua 4B, Q la diém ddi xtng véi 4 qua C va P 1a dinh cua hinh binh hanh
AQPN.

A‘N:%ZE,ZQ:HE;A‘N+Z@:ZI3@%ZE+HE:ZI3
Goi L 12 hinh chiéu cta 4 trén PN.
MN //AC = ANL = MNB = CAB = 60°

Xét tam giac vudng ANL c6: sin ANL = j}{;

o_a3 9a
:>AL—§ sin 60° = 1 —=NL= ANcosANL—Z:PL PN+NL—T
Xét tam giac vudng APL c6: AP =~ AL + PL’ = a\/zﬁ :
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TOAN 10 ] )
HE TRUC TOA bO
0H1-2
MUC LUC
PRAN AL CAU BBl .vuueeuneeneeneraeessesseeseessesssesssesssesssesssesss s essse e ss e st ba s bsse bbbt et b bbb eb e basesasesaes 1
Dang 1. Sir dung cac Kién thirc vé truc, toa d vecto trén truc va toa do ciia mot diém trén truc dé giai mot so
I T PP 1
DANEG 2. TOA Q0 VECTO .uveriurriiiiiiiuiriiiiiiisiiisstissseissssiessssssesssssssssesssssssessesssssssesssssssssssssssssssssssassssssssssassssssassssnsss 3
Dang 2.1 Sir dung cac cong thirc toa dd ciia tong, hiéu, tich vecto véi mot s6 dé gidi toaAN......cceveerereerererennes 3
Dang 2.2 Piéu Kién 2 véc to' ciing phuwong, thing hang, bAng NNAU...........cceveererreeerereeresessesesessesessssesessesesssses 4
Dang 2.3 Biéu dién mdt vecto theo 2 vecto' Khong clNg PRUONIG ........cevereerereerereeresesesesessssesesesesssesessesesssses 6
DANE 3. TOA A0 TIBIM...cuvereerecreecreeteesesesteseseesessesestesassessessesessesassessessssessessssassessessssessssessssessssessssessessssessessssassasans 6
Dang 3.1 Xac dinh toa d trung diém, toa d trong tim, toa dd diém d0i XUNG ...c.eveverereerereerereerererenesesennes 6
Dang 3.2 Xac dinh toa d9 diém thoa man diéu Kién Cho trIWGC.....evereeerreereeeeressessseesesesessssssssessssessessssessesas 8
Dang 3.3 Mt s6 bai toain GTLN-GTNN ciia biéu thitc Chifa VECLO' ...cuvevreeeeereeressesessessssessessesessessessssessssens 11
Phin B. LOT GTAI THAM KHAO.......coiieneanessesesssesssesssssssssssssssssssesssesssesssesssessssssssssssssssssssssssssesssesas 13
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LI | TP 13
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Dang 2.1 Sir dung céc cong thirc toa dd ciia tong, hiéu, tich vecto voi mot s6 dé gidi toAn.......ccueeeveererenees 14
Dang 2.2 Piéu kién 2 véc to' ciing phwong, thing hang, bANg NNAU...........c.eeeveererereeeresessereseseseesesesesesesens 15
Dang 2.3 Biéu dién mét vecto theo 2 vecto' Khong ClNg PRUIONG ........cveereverrereereresresesesssesessesessssssssesesesens 16
DANE 3. TOA @D TIBIM...cuveeererreeeercreesessseesesessessesstessssssssessssessessssessessssessessesessessssessessssessessssssssesessessssessssasans 17
Dang 3.1 Xac dinh toa d trung diém, toa d trong tam, toa dd diém dOi XUNE .....cevveeerreererereereerereesenaesens 17
Dang 3.2 Xac dinh toa d9 diém thoa man didu Kién Cho trIWGC..eueereeuerrererreeereesesesessessssessessesessessesessessesens 20
Dang 3.3 Mt s6 bai toain GTLN-GTNN ciia biéu thitc chifa VECHO' ...c.vevreerreeereeuessesessessssessessesessessessssessesens 27

Phan A. CAu hoi

Dang 1. Sir dung cac kién thirc vé truc, toa d§ vecto trén truc va toa df cia mot di€ém trén
truc de giai mgt s6 bai toan

Caul. Tréntruc x'Ox cho 2 diém 4, B 14n luot c6 toa dd 1a a, b. M 13 diém thoa man MA = kMB,k # 1
. Khi d6 toa do cua diém M la:

ka—b B kb—a C a—kb D. kb+a

A. . .
k-1 k-1 k+1 k-1

Cau 2. Trén truc (0;;) cho ba diém 4, B, C. Néu biét AB = 5,A_C =7 thi CB béng:
A. -2 B.2 C.4 D.3
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Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Tén truc (0;;) cho hai diém 4, B 1an luot c6 toa d6 1 va 5. Khi d6 toa d6 diém M thoa min

2MA-3MB =0 la:

A. 10 B.11 C.12 D. 13

Trén truc x'Ox cho bon diém 4, B, C, D c6 toa do lan luot 1a 3;5;—7;9 . Ménh dé nao sau day
sai?

A. AB=2 B. AC=-10 C.CD=-16 D. AB+ AC =-8

Trén truc x'Ox c6 vecto don vi i. Ménh dé nao sau day sai?

A. x, latoa do diém 4 < 52=xA.?

B. x,,x. la toa d ciia diém B va C thi BC = x, —x,.

C. AC+CB= 4B

D. M 1a trung diém cua 4B < OM = 04+ 08

Trén truc x'Ox, cho toa do cua A, B lan luot 1a —2;3. Khi dé toa do diém M théa man:
OM* = MA.MB la:

A.6 B. J6 C. -6 D. 4

Trén truc x'Ox cho toa do cac diém 4, B lan lugt 1a ¢, b. Khi d6 toa d6 diém A' ddi ximg véi 4
qua B la:

A.b-a . &*b

2

C. 2a-b D. 2b-a

Trén truc (0;;) tim toa do x cua diém M sao cho MA+2MC =0, véi 4, C ¢6 toa dd tuong ung

la —1va3
A-X=§ B.JC=g C.ng D.xzé
3 3 5 2

Trén truc (O;;) cho 4 diém 4, B, C, Dcotoadd lan luotlaa, b, ¢, d. GOi E, F, G, H (co toa do

lan luot 1a e, £, g, h) theo thi tu 14 trung diém cua AB, BC, CD, DA. Xét cac ménh dé:

Cau 10.

Cau 11.

Cau 12.

Le+tf+g+h=a+b+c+d
Il. EG=EF +EH

. AE+CF =0 ‘

Trong cac ménh de trén ménh dé nao dung?

A.Chil B. I valll C. L II, III D. Chi 111

Cho 4 diém 4, B, C, D trén truc (O;;) théa man g = —D=A. Khi sso ménh dé nao sau day la

CB DB

dang?

A2-L 1t g2t 1 21,1 p2_1,1
AC AB 4D AB AC DA AB AC 4D AD AB AC

Trén truc (A) cho bdn diém 4, B, C, D bit ki. Pang thirc nao sau day 1a dung?

A. AB.CD+ AC.DB+ AD.BC =0 B. AB.DB+ AC.BC+ AD.CD =0

C. AB.AC+ AD.BC+BC.CD=0 D. BD.BC+ AD.AC+CB.CA=0

Trén truc (0;;) cho ba diém 4, B, C c6 toa d0 lan lugt 1a —5;2;4 . Khi d6 toa do diém M thao
mén 2MA+3MC +4MB =0 la:
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Cau 13.

Cau 14.

Cau 15.

Cau 16.

Dang 2.1

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

AR B 2 c.2 D.
3 9 3

NG RV

Trén truc x'Ox cho toa d6 cac diém B, Clan luot1a m—2 va m* +3m+2. Tim m dé doan théng
BC ¢6 d6 dai nhé nhat.

A.m=2 B. m=1 C.m=-1 D.m=-2

Trén tryc x'Ox cho4diém 4, B, C,  D. Goi I J, K, L lan luot 1a trung diém cia AC, DB,
AD, BC. Ménh d¢€ nao sau day la sai?

A. AD+CB=21J B. AC+DB=2KI

C. Trung diém céc doan IJ va KL tring nhau ~ D. AB+CD =2IK

Trén truc x'Ox cho 3 diém A4, B, C ¢6 toa d0 lan luot 1a 2;1;—2 . Khi d6 toa do diém M nguyén

.1 1 |
duong thoa man — =—+— la:
MA MB MC
A.0 B. 4 C.2 D.3
Trén truc x'Ox cho 4 diém 4, B, C, D. Pang thirc nao sau day 1a ding?

A. DA’ BC+DB .CA+DC AB+BC.CAAB=0
B. ﬂz.B_C+ﬁz.a+D_Cz.E =0

C. AB°BC+CD DB+ DB .CA=0

D. DA.BC + DB.CA+CD.AB+BC.AB=0

Dang 2. Toa do vecto

Sir dung cac cong thirc toa d ciia tong, hiéu, tich vecto véoi mot so dé giai toan

(Kiém tra HKI - Phan Dinh Tung - Ha Néi nim hoc 2018-2019) Trong hé truc toa do (0;?,}')
, toa do cua véc to 2i+ Z la:

A. (2;3). B. (0;1). C. (1,0). D. (3;2).

(HKI - S& Vinh Phiic - 2018-2019) Trén mit phing v6i hé toa dd Oxy cho vecto u=3i—4; .
Toa @6 cua vecto ula
A u=(3%-4). B. u=(34). C. u=(-3-4). D. u=(-3;4).

Trong h¢ toa o Oxy cho U= %;— 5}‘. Toa d6 cua vecto ula

A. &:G;s). B. &:G;—s). C. u=(-110). D. u=(1;-10).

Trong hé truc toa do Oxy , cho hai diém M (1;1), N(4;~1). Tinh d6 dai vécto MN _
A. \m\:m B. \M—N’\:s. C. \ATN\:@. D. \m’\zs.

Trong hé truc toa do Oxy, cho hai diém A(2;—1),B(4;3). Toa do cua vécto AB béng
A. AB=(8-3). B. AB=(-2;-4).  C. AB=(2;4). D. 4B =(6;2).

Trong h¢ truc toa 3 Oxy , toa d cua vecto Zz=8}'—3; bﬁng
A. a=(-3;8). B. a=(3;-8). C.a=(8;3). D. a=(8;-3).
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Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Trong mit phang Oxy, cho hai diém B(-1;3) va C(3;1). D¢ dai vecto BC bing
A. 6. B. 2./5. C.2. D. /5.

(Kiém tra HKI - Phan Pinh Tung - Ha Ngi nim hoc 2018-2019) Trong mit phing v&i hé
truc toa do Oxy, cho diém A(l;3) va B(O;6). Khéng dinh nao sau day dung?

A. AB=(5;-3). B. AB=(1;-3). C. AB=(%-5).  D. AB=(-13).
Xéac dinh toa d6 ctia vecto ¢ = a +3b biét a = (2;—1),5 =(3:4)

A. c=(11511) B. c=(11;-13) C. c=(11;13) D. c=(7;13)
Cho a :(2;1),5 =(3;4),2 =(-7;2). Tim vecto x saocho x—2a=h-3c.

A. x=(28;2) B. x=(13;5) C. x=(16;4) D. x=(28;0)
Vecto a=(5;0) biéu dién dang a = x.i+y.j dugc két qua nao sau day?

A a=5i—j B. a=5i C.a=i-5] D.a=—i+5j
Xéac dinh toa do vecto ¢ =5a—2b biét a = (3;—2),7) =(1;4)

A. c=(2-11) B. c=(-211) C. c=(211) D. c=(11;2)

Cho a = (3;—1),13 = (0;4),2 =(5;3). Tim vecto x saocho x—a+2b-3¢=0.
A. (18:0) B. (-8;18) C. (8:18) D. (8:-18)
Cho diém A(-2;3) va vecto AM =3i—2j Vecto nao trong hinh 1a vecto AM ?

Ty

s

Lt

/

i
"
[]
[}
"
]
L]
w

(=

Ry

o
AV, B.V, C.V, D.V,

Dang 2.2 Piéu Kién 2 véc to ciing phwong, thing hang, bing nhau

(KTNL GV BAC GIANG NAM 2018-2019) Trong mit phang voi h¢ truc toa d¢ (7.}, cho
hai vecto a =2i— j va b= (-4:2) . Khang dinh nao sau day 1a ding?

B.avab nguoc hudng.

D. a=(21).

A.avab cung hudéng,
C. a=(-12).
Cho 2:(3;—2),§:(—5;4),62(%;0) Tim X théa man 4B =xAC

A. x=3 B. x=-3 C.x=2 D.

Trong cac cdp vecto sau, cap vecto nao khong cung phuong?

x=-4
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A. a=(23);b=(-10;-15) B. u=(0;5);v=(0;8)
C. m=(-21);n=(-6;3) D. ¢=(3;4);d =(6,9)
Cau 34. Cho A(-11),B(1;3),C(-2;0). Tim x sao cho AB = xBC
A-X=z B.X=—g C.x=§ D.x:—i
3 3 2 2

Cau 35. (THPT Nhir Vin Lan - Hai Phong - Hoc ky I - 2019) Trong mit phang toa d6 Oxy, a= (5;2)
, b=(10;6—2x). Tim x dé a;b cung phuong?
A. 1. B. -1. C. 2. D. -2.
Cau 36. Trong cac cap vecto sau, cdp vecto nao khong cung phuong?
A.a=(23),b=(69) B.u=(0;5),v=(0;-1)
C. m=(-21),b=(1;2) D. c=(34),d =(-6;,-8)

Céu 37. Cho u=(m’+3;2m),v=(5m—3;m"). Vecto u =v khi va chi khi m thudc tap hop:
A. {2} B. {0;2} C. {0;2;3} D. {3}

Cau 38. Cho 2 vecto u=(2m—1)i+(3—m)j va v=2i+3;. Tim m dé hai vecto cing phuong.

A.m=i B.m=E C.m=2 D.m=§
11 5 8 9

Cau 39. Trong mit phang Oxy, cho A(m—1;2);B(2;5-2m);C(m—3;4). Tim m d¢ 4, B, C thing hang.
A.m=3 B. m=2 C.m=-2 D. m=1

Céu 40. Trong hé truc Oxy, cho 4 diém A (3;-2),B(7;1),C(0;1),D(-8;—5). Ménh dé nao sau day dang?
A. AB,CD dbinhau  B. AB,CD ngugc huong
C. AB,CD cung huéng D. 4, B, C, D thing hang

Cau41. Cho a= (4 —m),; =(2m+6;1). Tap gia tri ciia m dé hai vecto a va b cung phuong la:

A {11} B. {-1;2} C. {-2-1} D. {-2;1}
Cau 42. Cho 4 diém A(1;-2),B(0;3),C(-3;4), D(-1;8). Ba diém nao trong bon diém di cho thing
hang?
A. 4, B C B.B, C D C.4, B, D D.4, C, D
Cau 43. Cho 2 vecto a va b khong cung phuwong. Hai vecto nao sau day cung phuong?
Acii=2a+h vi v=2a-3b B.u=>a+3b vi V=209
C.ii=>a+3b va v=2a->} D.ii=2a-2bvi v=-sd-~b
5 5 2 3 4

Ciau44. (POI CAN VINH PHUC LAN 1 2018-2019) Trong mit phang voi hé toa d6 Oxy cho
A(m—1;2),B(2;5—2m) va C(m —3;4) . Tim gia tri m dé A, B, C théng hang.

m=-2.

.m=2.

.m=1.

SOAw>

.m=3.
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Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Dang 2.3 Biéu dién mét vecto theo 2 vecto khong cing phwong

Vecto g = (2; —1) biéu dién dudi dang a=xi+ y}' dugc két qua nao sau day?

A a=2i+j B.a=i-2] C.a=-2i+] D.a=-i+2j
Trong mit phang toa dd Oxy cho Zz=(2;l), 5=(3;4), E=(7;2) . Cho biét ¢ = ma+nb khi do.
A.ng;nzé. B.m:—g;nz—é. C.mzl;n:_—3. D.ng;n:_—3.

5 5 5 5 5 5 5 5

Trong mit phing Oxy, cho cic diém A(42),B(-21),C(0;3),M(-3;7). Gia st
AM =x.AB+y.AC(x,y € R). Khi d6 x+y bang
12 12

A —. B. 5. C.——. D. -5.
5 5

Trong mit phing Oxy ;cho cic véc to a=(2;-1);5=(0;4) va c¢=(3;3). Goi m va n la hai

s6 thuc sao cho ¢ = ma—nb. Tinh gié tri biéu thirc P =m> +n’.
A P=2B B. p=1%0 c.p=2L p. p=22
64 81 64 64

Cho é=(2; 1), E:(—B; 4), E=(—4; 9). Hai sb thuc m, n thoéa man md+nb =¢. Tinh
m’+n’9
A. 5. B. 3. C. 4. D. 1.

Trong mit phiang Oxy, cho a= (2;1);5 = (3;4),0(7;2) .Timm,ndé ¢ =ma+nb.

A m=—£,n=—§ B mzl,nz—é C ng,nz—E D m=2—,n=é
5 5 5 5 5 5 5
Cho cac vecto Zz=(4;—2 b =(-5-1), E=(2;5) Phan tich vecto a va ¢ ta dugc:
Ab=-tz-le pp=lile Ch=—lg-4c  D.h=-tasle
8 4 8 4 8 8 4
Cho vecto a=(2;1),5=(3;4), E=(7;2).Khi d6 ¢ =ma+nc. Tinh tdng m+n bang:
A.5 B. 3,8 C. -5 D. -3,8

Trong mit phiang toa d6 Oxy, cho 4 diém A(1;-2),B(0;3),C(-3;4),D(~1;8). Phan tich CD
qua AB va AC . Ding thirc ndo sau day ding?
A. CD=24B-24C B.CD=24B-AC C.CD=24B-4C D. 513:2273—%26

Dang 3. Toa dd diém

Dang 3.1 Xac dinh toa d) trung diém, toa d trong tim, toa d¢ diém ddi xirng

(THPT Nhir Vin Lan - Hai Phong - Hoc ky I - 2019) Trong mit phang toa dd Oxy , cho diém
M (x; y) . Tim toa d0 cta diém M | dbi xtng voi M qua truc hoanh?
A. M (xy). B. M,(x;—y). C. M, (-x;y). D. M, (-x;—y).

(THPT Nhir Vin Lan - Hai Phong - Hoc ky I - 2019) Trong mit phang toa dd Oxy, cho
AABCbiét A(2;-3),B(4;7),C(L5). Toa df trong thm G cua A4BC la
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A. (7:15). B. st C. (7,9). D. G3)

Cau 56. (THPT Nhir Vin Lan - Hai Phong - Hoc ky I - 2019) Trong mit phang toa d0 Oxy, cho
A(2;—3),B(4;7). Tim toa d¢ trung diém I cua AB.

A. (3:2). B. (2:10). C. (6:4). D. (8:-21).

Cau57. Cho A4BC c6 A(49), B(3;7), C(x-1y). pé G(x;y+6) la trong tim A4BC thi gid tri x
va y la
A x=3,y=1. B. x=-3, y=-1. C.x=-3y=1. D. x=3, y=-1.

Cau 58. Trong h¢ toa do Oxy, cho 4(2;-3);B(4;7). Tim toa d¢ trung diém I cta doan AB.
A. 1(6;4) B. 7(2;10) C. 1(32) D. /(8;-21)
Cau59. Trénmat phéng toa do Oxy, cho tam giac ABC cé A(2;l) , B(—l; —2) , C(—3;2) . Toa d0 trong

tam G cuatam gidc ABC la

A. G[—z;l). B. G[—g;g). C. G[—l;l) D. G[%,l)
33 33 33 33

Cau 60. Trong mat phéng véi hé toa d0 Oxy, cho tam giac ABC cé ba dinh A(—l;2), B(2;0),
C (—3;1). Toa d6 trong tam G cua tam giac ABC la

A. G(—g;lj. B. G(g;—lj. C. G(—i;lj. D. G[i;—l).
3 3 3 3

Cau 61. Trong hé toa do Oxy, cho A(—4;1);B(2;4);C(2;-2). Tim toa do diém D sao cho C 1a trong tim

AABD
A. D(811) B. D(12:11) C. D(8:-11) D. D(-8:-11)
Cau 62. Trong hé toa do Oxy, cho AABC c¢6 A4(3;5), B(1;2),C(5;2). Tim toa d¢ trong tim G cuia tam
giac.
A. G(-3:4) B. G(4;0) C. G(2:3) D. G(3:3)

Cau 63. Trong mit phing toa do Oxy cho bdn diém A(3;-5),B(-3;3),C(-1;-2),D(5;-10). Hoi
G(%;—SJ la trong tam cua tam giac nao dudi day?
A. ABC. B. BCD. C. ACD. D. ABD.

Céu 64. Trong mit phing toa dd Oxy cho tam gidc ABC c¢6 D(3;4),E(6;1),F(7;3) lan luot 1a trung
diém céc canh 4B, BC,CA .Tinh tong tung do ba dinh ctia tam gidc ABC .
16 8

A, —. B. —. C. 8. D. 16.
3 3

Ciu 65. Trong mit phang toa do Oxy, cho AABC c¢6 M (2;3),N(0;4),P(-1;6) lan luot 13 trung diém
cua cac canh BC, CA, AB. Tim toa d6 dinh A.
A. A(I;S) B. A(—3;7) C. A(—2;—7) D. A(l;—lO)
Cau 66. Cho tam giac 4BC. Biét trung diém cta cac canh BC, CA, AB c6 toa dd lan lugtla M (1;—1)
, N(3;2), P(0;—5). Khi d6 toa do ctia diém A 1a:
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Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

A. (2-2). B. (51). C. (V5:0). D. (242).

Trong mit phang toa d6 Oxy, cho AMNP ¢6 M (1;—1); N (5;—=3) va P thugc truc Oy. Trong tim
G cua tam giac nam trén truc Ox. Toa dd cua diém P la:

A. P(0;4) B. P(2;0) C. P(2;4) D. P(0;2)

Trong hé toa d Oxy, cho M (3;-4). Goi M, M, lan luot la hinh chiéu vudng goc cua M trén
Ox, Oy. Khang dinh nao dtng?

A. OM, =-3 B. OM, = 4

C. OM,-OM, =(~3;4) D. OM, + OM, =(3;~4)

Trong hé toa do Oxy, cho M (2;0);N(2;2);P(-1;3) lan luot 13 trung diém cac canh BC, C4,
AB cua AABC .Toa d6 diém B la:
A. B(1;1) B. B(-1;-1) C. B(-1L1) D. B(1;-1)

Trong mat phéng Oxy , cho tam giac MNP c6 M (l; —1) , N (5; —3) va P la diém thudc truc
Oy, trong tam G cua tam giac MNP nam trén truc Ox . Toa d6 diém P la
A. (2; 4). B. (0; 4). C. (0; 2). D. (2; 0).

Dang 3.2 Xac dinh toa do diém théa man diéu kién cho truéc

(THPT Nhir Vin Lan - Hai Phong - Hoc ky I - 2019) Trong mit phang toa d Oxy , cho
A(—l;l),B(l;3),C(5;2) . Tim toa d6 diém D sao cho ABCD
12 hinh binh hanh.
A. (3;0). B. (5:0). C. (7:0). D. (5,-2).

Trong mit phang toa do Oxy , cho hinh binh hanh ABCD c6 A(—2;3) , B(O;4) , C (5; —4) . Toa
d6 dinh D 1a

A (342). B. (37). c. (V7:2). D. (3-5).

Trong mit phang Oxy ;cho hai diém A(l;4),B(—4;2). Toa do giao diém clia duong thang di
qua hai diém A4, B v6i truc hoanh 1a
A. (—9;0). B. (0;9). C. (9;0). D. (O;—9).

(HKI - Sé Vinh Phiic - 2018-2019) Trén miat phang véi hé toa do Oxy cho hai diém
A(L;1),B(2;4). Tim toa do diém M dé tr gidc OBMA 1a mot hinh binh hanh.
A. M(=3;-3). B. M(3;-3). C. M(3;3). D. M(-3;3).

Trong h¢ toa dd Oxy, cho 3 diém A(2;1); B(0;-3);C(3;1). Tim toa d diém D dé ABCD 14 hinh
binh hanh.

A. D(5;5) B. D(5;-2) C. D(5;—4) D. D(-1;-4)

(THPT MINH CHAU HUNG YEN NAM 2018 — 2019) Trong mit phang Oxy cho tam giac
ABC ¢6 A(2;1),B(-1;2),C(3;0). Tt gidc ABCE 1a hinh binh hanh khi toa do £ 1a cip sb
nao sau day?

A. (6;-1) B. (0;1) C. (1;6) D. (6;1)
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Cau 77.

Cau 78.

Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

Cau 84.

Cau 85.

Cau 86.

Cau 87.

Trong mit phang véi hé toa dd Oxy, cho ba diém 4(2;5),B(1;1),C(3;3), mét diém E thoa
min AE =34B-2AC. ToaddcuaEla
A. (-3;3). B. (-3;-3). C. (3-3). D. (-2;-3).

Trong hé toa dd Oxy, cho A4(-3;1),B(1;4), C(5;3). Tim toa do diém D sao cho ABCD 1a hinh
binh hanh.
A. D(-1;0) B. D(1;0) C. D(0;-1) D. D(0;1)

(THPT NGUYEN TRAI-THANH HOA - Lin 1.Nim 2018&2019) Trong mit phing véi hé
toa dd Oxy cho tam gidc ABC c6 trong tim G(%; Oj, biét M (1;-1) la trung diém cta canh
BC . Toadd dinh 4 1a
A. (2 0). B. (-2; 0). C. (0;-2). D. (0; 2).

Trén mat phéng toa d6 Oxy, cho A(2;3), B(—2;1). Piém C thudc tia Ox sao cho tam giac

ABC vuong tai C ¢o toa d0 la:
A. C(3;O). B. C(—3;0). C. C(—I;O). D. C(2;0).

(THPT Nhir Vin Lan - Hai Phong - Hoc ky I - 2019) Trong mit phang toa d Ozy, cho
A(B;S), B(—l;—9), C’<5;—1). Goi I 1a trung diém cia AB. Tim toa d6 M sao cho
AM = _éc‘*j.

A. (5:4). B. (1;2). C. (-6;-1). D. (2;1).
Trong mit phang toa o Oxy, cho AABC cb
A(-3;3),B(1;4),C(2;-5). Toa 49 diém M théa man 2MA - BC =4CM la:

A. M(l,éj B. M(—l;—éj C. M(l,—éj D. M(é,—lj
6 6 6 6 6 6 6 6

Trong h¢ toa do Oxy, cho A4(2;-3),B(3;4). Tim toa do diém M trén truc hoanh sao cho 4, B, M
thang hang.

A. M (1;0) B. M (4:0) C. M(—%;Oj D. M(%;Oj

Trong hé toa do Oxy, cho A(2;1), B(1;-3). Tim toa d9 giao diém 7 ctia hai dudng chéo hinh binh
hanh OABC.

A. I(—l;gj B. I(é,lj C. 1(2;6) D. I(l;—gj

373 272 27 2
Trong hé toa dd Oxy, cho A4(1;3), B(4;0). Tim toa dd diém M thoa man MA+MB-3MC =0
A. M (1;18) B. M (-1;18) C. M (-181) D. M (1;-18)

Trong hé toa do Oxy, cho 3 diém A(2;5);B(1;1);C(3;3). Tim diém E thudc mit phang toa do
théa man AE =3A4B-2A4C?

A. E(3;-3) B. £(-3;3) C. E(-3;-3) D. E(-2;-3)

Trong h¢ toa do Oxy, cho 4(2;1);B(6;-1). Tim diém M trén Ox sao cho 4, B, M thing hang.
A. M(2;0) B. M (8;0) C. M (~4;0) D. M (4;0)
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Cau 88.

Cau 89.

Cau 90.

Cau 91.

Cau 92.

Cau 93.

Cau 9%4.

Cau 95.

Cau 96.

Cau 97.

Trong hé toa d6 Oxy, cho AABC ¢6 A(3;4),B(2;1),C(~1;-2). Tim diém M c6 tung d6 duong
trén dudng thang BC sao cho S, =3, .
A M (2:2) B. M(3;2) C. M(-3;2) D. M (3;3)

Trong hé toa dd Oxy, cho 3 diém A(-1;-1),B(0;1),C(3;0). Xac dinh toa d giao diém I cua
AD va BG vé6i D thugc BC va 2BD =5DC, G la trong tam AABC

A. I(g;lj B. I(l;lj C. I(£;2J D. I(E;IJ
9 9 9 9
Trong mat phéng voi hé toa d0 Oxy, cho tam giac ABC c6 ba dinh A(—l;2), B(2;0),
C (—3;1). Toa d¢ tam duong tron ngoai tiép / cua tam gidc ABC la

1 E;E : B. / Q;_Q . C. I —ﬂ;E . D. / —ﬂ;-ﬁ .
14714 147 14 14714 147 14

Tam gidc ABC c6 dinh A(-1;2), truc tim H(3;0), trung diém cua BC la M (6;1). Ban kinh
dudng tron ngoai tiép tam giac ABC 1a
A. 5. B. V5 C.3. D. 4.

Goi diém M 1a giao diém cta dudng thing 4B va truc hoanh biét 4 (1;2) va B(2;5). Biét hoanh
d6 diém M c6 dang 2 trong d6 2 t6i gian va m,n € N. Tinh m* +n?.

A. 34 " B. 41 " C.25 D. 10

Trong hé toa dd Oxy, cho AABC biét A4(2;0),B(1;1),C(-1;-2). Cac diém C',4',B' lan luot
chia cic doan thang 4B, BC, CA theo ti s6 1a —1;%;—2 . Khi d6 dang thic nao sau day dung?

A. A'C'=2B'C" B. A'C'=-3B'C' C.A'C=3B'C' D. A'C=-4B'C'
thang AC va BD.

BT e el o

Trong hé toa dd Oxy, cho ba diém A(6;3); B(=3;6);C(1;-2). Biét diém E trén canh BC sao
cho BE =2EC . D nam trén dudng thang 4B va thudc truc Ox. Tim giao diém ctia DE va AC.

A. I(—Z;lj B. I(g,_—lj C. I(Z,lj D. ](Z,lj
2°2 22 42 2°2
Hinh vuoéng ABCD c6 A(2;1) , C(4;3). Toa d6 cta dinh B ¢6 thé la:
A. (2;3). B. (1;4). C. (—4-1). D. (3;2).
Cacdiém A',B,N thang hang < BA',BN cling phuong <> x =0. Trong mit phang toa do Oxy
cho tam gidc ABC. Biét A(3;-1),B(-1;2) va I(1;—1) 1a trong tAm tam gidc ABC. Tryc tim H
cia tam gidc ABC c6 toa dd (a;b). Tinh a+3b.

A.a+3b=§. B.a+3b=—§. C.a+3b=1. D.a+3b=-2.
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Cau 98.

Cau 99.

Cau 100.

Cau 101.

Cau 102.

Cau 103

Cau 104.

Cau 105.

Cau 106.

(Kiém tra HKI - Phan Pinh Tung - Ha Ngi nim hoc 2018-2019) Trong mit phing v&i hé
truc Oxy, cho tam gidc ABC biét diém A(2;4), B(-3;-6), C(5-2). Goi D(a;b) 1a chan

duong phén giac trong ctia goc A cua tam giac ABC . Khi d6 tong a + b bang:

A. 21. B. —E. C.11. D. —E.
2 2

(HKI XUAN PHUONG - HN) Trong mit phing toa 49 Oxy , cho tam gidc ABC ¢6 A(-1;-1)

, B(3; 1) va C (6; 2). Xac dinh toa do diém M thudc truc tung sao cho M cach déu hai diém
A va B.

A. M (0;1). B. M (0;-2). C. M(-L1). D. M (0;2).
Trong mat phéng toa do Oxy cho tam giac ABC c6 A(3;4), B(2;1), C(—l;—2). Cho M(x;y)
trén doan thang BC sao cho S, =4S, . Khi d6 x* — y* bang
A2 B.2. c.-2. D.>.
8 2 2 2

Trong mat phiang voi hé truc toa do Oxy, cho cac diém A(2;3), 1 (L;,%J va B la diém déi
xtng véi A qua 1. Gia sir C 1 diém c6 toa d(5;y). Gia tri clia y dé tam gidc ABC 1a tam gic
vuong tai C la
A.y=0;y=T7. B. y=0;y=-5. C.y=-5. D. y=5;y=7.

(Kiém tra HKI - Phan Pinh Tung - Ha Ngi nim hoc 2018-2019) Trong mit phing v&i hé
truc Oxy, cho 3 diém A(3;2),B(4:3), C(-1;3). Piém N nam trén tia BC . Biét M (x45,)1a
dinh thr 4 cta hinh thoi ABNM . Khang dinh nao sau day ding?

A. Xx, 6(1,55;1,56). B. x, 6(1,56;1,57). C. x, 6(1,58;1,59). D. x, 6(1,57;1,58).

Dang 3.3 Mt s6 bai toan GTLN-GTNN ciia biéu thirc chira vécto

. Trong hé toa do Oxy, cho ba diém A(1,0),B(0,3),C(-3;-5). Tim diém M thudc truc Ox sao

cho T =[2MA ~3MB +2MC| bé nhit.
A. M (2;0) B. M (4;0) C. M (-4,0) D. M (-2;0)

Trong hé toa do Oxy, cho diém A(1;3) va B(4,7). Tim diém M trén truc Oy sao cho MA+ MB
1a nho nhat.

A. M(O;gj B. M[O;lj C. M[O;éj D. M(O;HJ
5 5 5 5

Trong hé toa do Oxy, cho M (-1;2),N(3;2), P(4;—-1). Tim toa do diém E thudc truc Ox sao
cho T:‘W+ﬁ\7+ﬁ" nho nhat.

A. E(-4;0) B. £(-2;0) C. E(4,0) D. E(2;0)

Trong hé toa dd Oxy, cho 2 diém A(-3;1), B(-5;5). Tim diém M trén truc yOy' sao cho
|MA— MB| 16n nhat.

A. M (0;-5) B. M (0;5) C. M (0;3) D. M (0;6)
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Cau 107.

Cau 108.

Cau 109.

Cau 110.

Cau 111.

Cau 112.

Cau 113.

Cau 114.

Cau 115.

Cau 116.

Trong hé toa d§ Oxy, tim trén truc hoanh diém M sao cho téng khoang cach tir M téi cac diém
A(L;1) va B(2;-4) lanho nhat.

A (-2 B [ 220 cm(-20]  po(S0)
5 6 6 5

(CHUYEN BAC NINH - LAN 2 - 2018) Cho ba diém A(1;-3), B(-2;6) va C(4;,-9). Tim

diém M trén truc Ox sao cho vecto u=MA+MB+MC cb d6 dai nho nhat.
A. M(2;0). B. M(4;0). C. M(3;0). D. M(l;O).

Trong mit phang toa do Oxy , cho hai diém A4(1;2) va B(3;4). Diém P(%;Oj (v6i % 1a phan

s6 tdi gian) trén tryc hoanh théa man tong khoang cach tir P téi hai diém 4 va B 1a nho nhat.
Tinh S=a+b.
A, S=-2 B. §=8. C.S5=7. D. §=4.

Trong mit phiang Oxy, cho cac diém A(4;2),B(-2;1). N(x;0) thudc truc hoanh dé NA+ NB
nho nhét. Gia tri x thudc khoang nao sau day?
A. (-0,2;0,2). B. (-0,5;0). C. (0;0,5). D. (0,5;1).

Trong mit phang toa dd Oxy, cho ba diém A(-3;5), B(-4;-3), C(1;1). Tim toa do diém K
thudc truc hoanh sao cho KA + KB nho nhit

A. K(Q;Oj. B. K(—Q;o). C. K[Q;lj- D. K[—Qzlj-
8 8 8 8

Trong mat phéng voi h¢ toa dd Oxy cho cac diém A(l;3),B(—2;3),C(—2;1). Piém M(a;b)
thudc truc Oy sao cho: WX +2MB +3MC ‘ nho nhét, khi 6 a + b bang?
A. 3. B. 2. C. 1. D. 12.

(KSCL lan 1 1ép 11 Yén Lac-Vinh Phiic-1819) Trong mit phang toa do Oxy, cho hai diém
A(1;-1) va B(3;2). Tim M thudc tryc tung sao cho MA> + MB’ nho nhat.

A M (0;-1). B. M(O;—%j. C. M (0:1). D. M(O;%).

Trong mat phang toa do Oxy cho ba diémA(—l;—2),B(3;2),C(4;—l). Biét diém E(a;b) di
dong trén dudng thang 4B sao cho ‘254 +3EB —FC‘ dat gia tri nh6 nhét. Tinh o —b7.
A.a’-b=2. B.a’-b" =1. C. az—bzzg. D. az—bzzé.

3 2

Trong mit phing toa do Oxy cho diém M (3;1). Gid stt A(a;0) va B(0;b) (v6i a,b 1a céc sb
thyc khong 4m) 1a hai diém sao cho tam gidc MAB vudng tai M va c6 dién tich nho nhat. Tinh
gié tri biéu thic T =a® +5°.

A. T=10. B. 7=9. C.T=5. D. T=17.

Trong mit phang toa dd Oxy, cho ba diém A(-1;-2), B(3;2), C(4-1). Biét diém E(a;b)

di dong trén duong thang 4B sao cho |ZE4 +3EB—EC| dat gié tri nh6 nhét. Tinh o> —b°.

A.a>-b*=2. B. o’ b =1. C. az—b2=§. D. az—bzzg.
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Cau 117. (Kiém tra HKI - Phan Dinh Tung - Ha Néi nim hoc 2018-2019) Trong mit phang véi hé toa

Cau 1.

Cau 2.

Cau 3.

Cau 5.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

dd Oxy, cho 3 diém 4(2;3),B(3;4) va C(3;-1). Toa d6 diém M trén duong phan gidc goc
phan tu thir nhat sao cho biéu thitc P = MA* + MB* + MC? dat gia tri nho nhét

A. G;%). B. (1;1). C. (-%;-%). D. (-1;-1).

Phan B. LOI GIAI THAM KHAO

Dang 1. Sir dung cac kién thirc vé truc, toa d vecto trén truc va toa do ciia mot diém trén
truc dé giai mot so bai toan

Goi x 1a d6 cua diém M.

Ta ¢ A‘/ﬁzkm@a—x=k(b—x)<:>(k—1)x=kb—a<:>x=k]l:_la,k;tl
Pap an B.

Taco: CB=AB-AC=5-7=-2

Papan A

Pap an D

2MA-3MB =0 <> 2MA=3MB < 2(x,~x,,) =3(x, —x,, ) & x,, =13
Pap an C

Taco:CD=x,-x.=9-(-7)=16

Pap an B

Ta co B_szB—xC

Pap an C

Goi M cotoaddlax= x* =(-2—-x)(3-x)=>x=-6

Pap an D

A" dbi xtng v&i A qua B nén B 1a trung diém ctia A4' = x, +x, =2x, <> x, =2b—a
Tt MA+2MC =0 < OA—OM +2(OC-0M ) =0.

Hay —1—x+2(3—x)=0©3x=5©x=§

bapan  A. 7
+ Ap dung cong thuc toa do trung diém = I dung.
+ Lay E 1am gdc tryc thi x,=e=0=g=f+h= Il dung.
+ AE+CE = %(ZE + 673) chi bang 0 khiB1a trung diém ctia 4B nén III sai.
Pap an B .
Goia, b, ¢, d lan luot 1a toa d0 cua 4, B, C, D. Ta co:
A DA A4 DA

c A DA AC DA (c-b)(b-d)=(b—c)(a—d)

CB DB CB DB
& ac+bd +bec+ad =2ab+2cd=(a+b)(c+d)=2(ad+cb)

+;=;+L<:> 2 _ 1 + ! < (a+b)(c+d)=2(ab+cd)
AB AC AD b—c c¢c—a d-a

bap an C
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Cau 11. Chongéctoadé ozA:xAzo,foE,fo&xD:Zﬁ
Tur dap an A: VT = x, (x, —x¢ ) +x0 (x5 —xp )+, (3. — x5 ) =0
Pap an A

Cau 12. PapanB
2m+3]\‘/[6+4m=6<:>2(—5—xM)+3(4—xM)+4(2—xM):0<:>xM:%

Cau13. PapanC
BC =[BC|=|m* +2m+4|=(m+1)’ +323 ¥m e R . BC nho nhét khi m+1=0 <> m =1
Cau14. PapanD
Ta co:
xD—xA+xB—xCsz+xD—(xA+xC) =2xj—2x,=2(xj—x,)
La toa do ctia 21/ nén A dung.
Tuong tu:
(xc—x,)+ (x5 —xp)=2(x, —x; ) latoa dd ciia 2KL = B dung.
Goi E, F 1a trung diém cua IJ va KL
1 1 1
xE:E(xl+xJ):Z(xA+xC)+Z(xD+xB)
= x, =x, = C dung.
xF=l(xK+xL)=l(xA+xD)+l(xC+xB)
2 4 4
Vay déap an D sai.
Cau 15. Papan B

Goi toa d6 diém M lax= L_ 1 + L =-x'—4x=0=>x=4
2—-x 1l-x -2-—x

Cau 16. DPapan A
Chon D la géc toa do va a, b, ¢ 1an luot 1a toa d6 cua 4, B, C.
Ta co:

DA .CB+DB .CA+DC*AB + ABCAAB =0
=a’ (c—b)+b2 (c—a)Jrc2 (b—a)+(c—b)(a—c)(b—a)
=a’c—a’b+b’a—b’c+c’b-cla+c’b—c’a+abc—c’b—-b*a+b’c—a’c+c’a+a’b—abc=0
Dang 2. Toa do vecto
Dang 2.1 Sir dung cac cong thirc toa d cia tong, hiéu, tich vecto véi mot sé dé giai toan
Cau 17. Chon A
Toa do ciia véc to 2i+3; la: (2;3).
Cau 18. Chon A
u=3i-4j=>u=(3-4).
Cau19. ChonB
cs ;212_533;:[1;_5)
2 2

Cau 20. Chon A
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Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.
Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

MN =(35-2) = [MN| =3 +(-2)" =13

Chon C
Zgz(xB—xA;yB—yA):Zl}:(ZA).
Chon A

Tacod a=8j-3i=-3i+8j=a=(-3;8).
Chon B

Tinh d¢ dai vecto BC.
BC=(4;-2)=[BC|=BC= 4 +(-2)" =20 =25 Vay [B|=2V5.
Chon D

Ta co: E:(xB—xA;yB—yA):(—l;.?)).
c=a+3b=(2;-1)+(%12)=(1511)

Pap an A
x-2a=b-3c < x=2a+b-3c=(280)
Pap an D

Pap an B

Pap an D

c=3(3-2)+2(1;4)=(112)

Pap 4n A
x—a+2b-3c=0x=a-2b+3c=(18;0)
Pap an D

Ta co: 174:32—2}'

Dang 2.2 Piéu Kién 2 véc to ciing phwong, thing hang, bing nhau
Chon B.
Tacé a=2i—j=a=(2;-1)=>b=-2a

=a va b nguoc hudng.

E:(—S;6);E=(?;2):E=3Zﬁ.
Pap an A

L34 - s \
Ta co: g;t;:c va d khong cung phuong.
Pap an D
Pap an D
Ta co:
o — - 2= 2
AB=(2;2),BC=(—3;—3):AB=—§BC:>x=—§

Chgn C

Ta cé: a;b cung phuong khi va chi khi: ? = 6 —22x < x=1. Chon dap an
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Cau 36.
Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

bap an C
Pap an A
L= = m*+3=5m-3

Theobaira u=v < om=2
2m =m’

. 2m-1 3-

bé 2 vecto cung phuong thi m2 =3Tm<:>m=%

bap an C

4, B, Cthing hing & >~ =272 (3 ) (2m-1)=(3—2m)(m—5) = m=2
m—-5 2m-1

Pap an B

AB =(4;3),CD=(-8~6)= AB = —%@ nén AB,CD ngugc hudng

Pap 4an B

Pap an C

-~ - - - 4=k(2m+6) m=-1
a cung phuong b < a=kb = =

Dap an C

Ta co:

AB :(—1;5),54 =(2;-10) = DA=-2A4B = A, B, D thing hang.

Pap an D
2u=4a-3b,~12v="4a-3b=u=—6v
Chon B
Ta co Zf?:(S—m;S—2m),ZE':(—2;2)
2 \ A AL . A B 1A 3-m=-2k
Do A, B, C thang hang nén ton tai so thuc k sao cho AB=kAC < 32 2k:mzZ
—2m=

Dang 2.3 Biéu dién mét vecto theo 2 vecto khong cing phwong

Tacéd: a=(2;-1) = a=2i—

Pap an A
Chon D
Ta co m;z+nl;=(2m+3n;m+4n).
2
- - - 2m+3n=7 "= 5
Cé c=ma+nb < & .
m+4n=2 n_—_3

Chon A
AM (~7;5), AB(=6;-1), AC(~4;1).
Gia st AM =x.AB+y.AC(x,y €R).

Nguyén Bio Vuong: https://www.facebook.com/phong.baovuong

16



CAC DANG TOAN THUONG GAP PT:0946798489

L 13
6x+4y=17 T
H¢ phuong trinh Ty = 10.
x—y=-5 _37
10
Cau48. Chon A
Ta co ma—n5=(2m;—m—4n).
m_3
- . - 2m=3 )
Khi d6 ¢c=ma—-nb < " = 2.
-m—4n=3 -9
n=—
8
VéyP=m2+n2=§.
64

Cau49. Chon A

- " - 2m_3n:_4 m:l
Tacd: ma+nb=¢c < =

m+4n=9 n=2
2
i o~~~ [2m+3n=7 "7
Caus50. Tacoé c=ma+nb< &
m+4n=2 3
n=——
5
bap an C
Cau51. Papan A
_ !
oo . [AA=dm2n "7
Giast b=ma+nc < =
—1=-2m+5n m——l

Cau 52. Papan B

=>m+n=3,8

2=m+4n n=-

- - - {7=2m+3n {m=4,4
c=ma+nb< =
Cau53. Dip an B

CD =(2;4),4B=(~1;5),AC =(~4;6),CD = xAB+yAC

—x—4y=2 x=2 -_—
= = =CD=24AB-AC
Sx+6y=4 y=-1

Dang 3. Toa dj diém

Dang 3.1 Xac dinh toa dd trung diém, toa d trong tam, toa dd diém doi xirng
Cau54. ChonB
Piém M | ddi xing voi diém M qua truc hoanh c6 toa 4o la: M, (x; —y).
Caus55. ChonD
X, X+ X,

X . _7 7
Do G la trong tim A4BC nén 3 = 3:>G(—;3J.
_Vat st ye _ 3
Yo D G =

Cau56. Chon A
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o Xt
L=
Ap dung cong thirc: / 1a trung diém cua doan thang 4B : 2
y, = Yat Ve
! 2
2+4
X, = % =3
Do d6: =1(3;2).
=3+7
yl = 2 = 2

Cau57. ChenD

3x=4+3+x-1 x=3
Taco: = .
3(y+6)=9+7+y y=-1

Cau58. Taco 1(%;_3;7}(3;2).

Pap an C
Cau59. Chon A

Toa d6 trong tdm G cua tam giac ABC 1a G(z_;_3;l_§+2):G(—§;%j.

Cau 60. Chon A

-1+2-3
x=—3 x:—z
Gia st G(x;y) khi do: & 3.
(x:) _2+0+1 _1
Y 3
Suy ra: G[—%;lj.
3
2:—4+2+x -
Cau 61. Goi D(x;y). Cla trong tim A4BD khi do: 3o = D(8:-11)
_2_1+4+y y=-11
3
Pap an C
Cau 62. PapanD
Tach G=(3+1+5;5+2+2j=(3;3)
3 3
Cau 63.
Loigiai

Chon B
Ta thay BC = (2; —5),5) = (8; —13) nén ching khong cung phuong= B,C, D 1a 3 dinh cta
mot tam giac.

Xp+x.+x, -3-1+5 1

Mait khac, ta lai co 3 3 3
Yyt yety, 3-2-10 _ 3
3 3

Vay G(% ; —3] la trong tam cua tam gidc BCD
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Cau 64. Chon C
YV, +y,=2y,=24=8
Ta co yA+yC=2yF=2.3=6:>2(yA+yB+yC)=8+6+2=l6
Vpt+Ye=2y,=21=2
=y,+y;+y.=8.ChonC.

Cau 65. DPap an B

= A(-3;7)

) —_— — x+1=-2 x=-3
Goi A(x;y),taco: PA=MN <

=
y—6=1 y=7

A

Cau 66.
Chon A
Co tam giac AABC va AMNP c6 cung trong tam G .

4 4\ — 11
CoOG|2—2 |, GM =| —=,~ |, goi A(x;7).
375) 3 =55 i 4

4
—_——X=——

2
TG _rrF e )3 3 Jx=2 .
Co AG=2GM < = . Vay A4(2;-2).
4 2 2
3

Cau 67. Pap anC
Ta c6 P thugc Oy = (0;y), G thude truc Ox = G (x;0)

1+5+0
X =
s A 3 x=2
Vi G 1a trong tam AMNP = =
-1-3+y y=4
O=—3

Cau 68. DPapanD
Taco M,(3;0),M,(0;,—4)

= OM, =3,0M, =—4,0M, +OM, =201 =(3;-4), v6i I 1a trung diém ctia M, M,
Cau 69. Taco BPMN la hinh binh hanh nén
A
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Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

{x3+xN =X, + Xy, <:>{JCB+2=(—1)+2:>{)CB =-1
YVetIn=Vpt iy (1 +2=3+0 Yy =1
bap an C

Chon B

PeOy=P(0; y).

Ger:>G(x; 0).

1+5+0
X =
L2 ~ , . 3 x=2
biém G la trong tdm cua tam giac MNP < = .
O_(—1)+(—3)+y y=4
3

Dang 3.2 Xac dinh toa d9 diém théa man diéu kién cho truéc
Chon A
Goi D(x,y).
Taco: AB=(2,2), DC=(5-x;2-).
—_— = 5-x=2 x=3
ABCD 1a hinh binh hanh nén 4B = DC < = .
2—-y=2 y=0
Vay D(3,0).
Chon D
Goi D(x;y).
Ta co: ﬂ?z(2;1), ﬁfz(S—x;—4—y)
—_— — 5-x=2 =3
ABCD 1a hinh binh hanh < AB=DC <1{~ "~ <1~ Vay D(3;-5).
—4-y=1 y=-5
Chon A
Goi M(m;O) 1a giao diém ctia duong thang AB va truc hoanh. Khi d6; 4, B,M thang hang.
Ta co: AB =(—5;—2),W =(m-1;-4).

A,B,M thang hang <:>m—;1=_—j<:> m=-9.
Vay M (-9;0).
Chgn C

Goi M (x;y). Khi d6 OB(2;4), AM (x—1;y +1)

_— x—1=2 x=3
Tt gidc OBMA 1a hinh binh hanh khi va chi khi OB = AM < { {

=
y+1=4 y=3

Vay M(3;3)

. Ny x-2=3 x=5
Goi D(x;y). Tacod: AD=BC < = = D(5;5)

y—1=4 y=5

Pap an A
Chon A
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A

e

) _— x—2=4 x=6
Tu giac ABCE 1a hinh binh hanh < AF = BC < 1= =
y—l=-=

Goi E(x;).

Vay E(6;-1).
Cau77. Chon B
Ta co ZE(—I;—4); Z@(l;—2). Goi E(x;y).
L (x-2=3(-1)-21 {x:—?)
AE=34B-24C & &
y—5=3(-4)-2(-2)
Cau78. DPap an B

- = .. —_— 5-x=4 x=1
AB=(43),DC =(5-x;3-y)véi D(x;y),ABzDC@{ @{ = D(1;0)
3—y=3 y=0
Ciau79. ChonB
A

M C
B

Goi A(x,;¥,). Tatinh duge AM =(1-x;-1-y,), Wz(%;—lj.

e — l-x,=1 x,=0 _
Ta co: AM:3GM<:>{ <:>{ . Vay A(O; 2).
“l-y,=-3 yi=2
Cau 80. o
Loi giai
Chon C
Tacé: CeOx= C(x;0).Khido: R’:(x—Z;—3) ; B—C:(x+2;—l).
Tam giac ABC vudng tai C=ACLBC < ACBC=0 < x*—4+3=0< x==I.
Vay C(-1;0) hodc C(1;0).

Cau 81. Chon A

Gia stt M(z;y). Taco 1(1;—3),C1(—4;—2),AM = (z — 3;y — 3).
— 1= rT—3=2 =95 _
AM = _EC[ & & 4 Vay M(5;4).

Yy

Cau 82. PapanC
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23 ) DT )

T3062M—§5=4@-©{ =N
23-2)-(5-4)=4(n,+5) |, 5 (6 6
M6

Cau 83. PapanD
M er:>M(x;O),ZE:(l;7),A—A/7=(m—2;3)
3 17

Dé A, B, M thing héng@mT_Z=7®m 7

Cau 84. PapanD

X 1
114 trung diem cua OB = ](5;—%)

Cau85. PapanD
Ta cod
. 1- 4-x,)-3(2-x,)=0 -
T+ MB 30T = 0 o | U0 )+ (87 0) =322 @{XM :
3—yM+(0—yM)—3(—5—yM)=O Yy =—18
Cau 86. Goi E(x;y)= AE=(x-2;y-5),4B=(~1;—4),4C =(1;-2)
_— = — x=2=-5 x=-3
AE:3AB—2AC©{ @{ = E(-3;-3)
y—=5=-8 y=
Pap an C
Cau87. M ecOx= M(x;0),4B=(4-2),AM =(x-2;-1)

bé 4, B, Mthéng hang :%2:%:”5:4
Pap an D
Cau88. Goi M(x;y).Tacd: S, =3S,,, < BC=3BM = BC =+3BM

BM =(x-2;y-1); BC =(-3;3)

. -1
-THl:BC=3BM:>{x , (loai)

. [x=3
- TH2: BC =-3BM = {x , (nhan) = M (3:2)
y:

Pap an B

Ciugy. B B <

Tacé AB=(1;2), AC =(4;1)= 4B, AC khéng ciing phuong.
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Ta co 2513:556@{

2x,=5(3- Yo =
% =5(3-1,) = 7:>D(1—5;gj
2(yp=1)=5(-»p) 2

7

2 .
Trong tim G(E;Oj. Goi I(x;y) la giao diém cta 4D va BG

Tacé Z?z(x+l;y+l),2f)=(%;%j cung phuong = 7(;;1) = 7(y9+1) < 9x-22y-13=0

R . 1 \ o
Ta lai c6 Blz(x;y—l),BGz(—g;Oj cling phuong = ton tai s6 k € R

ﬁzkﬁé:yzl:ﬂ(%s;lj

Pap an D
Cau 90. ChonD

IM.AB=0

Gia str I(a;b) khi do: { o
IN.AC=0

M(%;lj, N(—2;%j 1an luot 1a trung diém AB, AC.
Taco: AB=(3%-2), AC=(-2-1), Wz[%—a;l—bj, Wz[—2—a;%—b}.

3(%—aj—2(1—b)=0 P
f—

14
—2(—2—a)—1(§—b]:0 p=-13
2 14

Suyra: [ —E;—E .
14 14

Do d6:

Cau9l. Chon A
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Goi O 1a tam dudng tron ngoai tiép tam giac 4BC . Ké dudng kinh 44" ciia duong tron khi do

tacod ABA'=ACA'=90" hay A'B L AB va A'C L AC.

Vi H la tryc tdm cia tam giac ABC nén BH 1 AC va CH 1 AB = BH || A'C va CH|| A'B, do

d6 4'BHC 14 hinh binh hanh. Ma diém M 1a trung diém cua duong chéo BC nén né ciing la

trung diém cua A'H . Tir 46 suy ra OM 13 duong trung binh cia tam gidc 4HA' nén:
4=2(6-xp) @{xo =

-2=2(1-o)

Ban kinh dudng tron ngoai tiép tam gidc ABC c¢6 d6 dai bang 04 = \/(—1 —4)2 +(2- 2)2 =5.

4
< 0(42).

AH =20M <
Yo =2
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Cau92. PapanD

Vi M thuc Ox nén M (x;0),4, B, M thang hang nén AB cung phuong AM

Taco AB=(1;3),4M =(x~1;-2), AB cing phuong AM :>XT_1:?<:>x=%

=m=Ln=3nén m*+n* =10
Cau93. DipanB

Ap dung cong thurc, diém M chia doan 4B theo ti sb k:
_ X ke va—kys

XM - 9yM

1-k 1-k
Taco:4'C'= —i;—Z ;B'C'= l,z = A'C'=-3B'C'
2 26

Cau94. PapanD

= Toa d6 cac diém: A'(3;4),B'(l;—§j,(7'£%;%j

Goi I(x;y) 1a giao diém ctia 2 dudng thiang AC va BD.

ZI:(x;y—l),R’:(2;6):%zyT_l<:>6x—2y:—2(l)

Bl =(x-1;y-3),BD=(~1;0) = y =3 thé vao (1):x:§:1@;3j

Cau9s. PapanD
Ta co
AB =(-9;3),AC = (~5;~5) = 4B, AC khéng cing phuong.
DeOx= D(x;O) va D thudc dudng thing AB = A, B, D thing hang

X6 =_?3:>x=15:>D(15;0)

AD=(x-6;-3)=

Tacé: BE =2EC. Vi BE =(x, +3;y, —6),

. 3=2(1- r=-3
ECZ(I_XE;_z_yE){x+ ( X) & 3:>E(—lgj

y=6=2(2-y) | _2 33
y__
3
Goi 1(x;y)
DI Yo -1
:>D[=(x—15;y),DE:(—ﬁ;zj Cl‘lngphlIO’l’lg :>M:3_y <:>X+23y—15:() (1)
3°3 -46 2
Zj:(x—6;y—3),26:(—5;—5) cung phuong :%:;53 S x-y-3=0(2)

7.1 7.1
Te(l)va(R)tadugc:x=—;y=—=>1| —;—
(1)va(2) X =25y =2 (sz

Ciu 96. Chon A
Goi B(x;y).Khido AB(x-2;y-1),BC(4-x;3-y).
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Cau 97.

Cau 98.

Cau 99.

Pé ABCD lahlnhvuonga{‘AB‘ ‘BC‘ {\/X 2 +(v-1) =\(4-x) +(3-2) (1)
AB 1 BC (x=2)(4-x)+(y-1)(3-»)=0 (2)

(1)<:>x2—4x+4+y2—2y+l:x —8x+16+)° —6y+9 & 4x=—4y+20 = x=—y+5.

Thé x=-y+5 vao (2) taco:

(—y+5—2)(4+y—5)+(y—1)(3—y):0

<:>(—y+3)(y—1)+(y—1)(3—y)=0<:>(y—1)(6—2y):0<:>{

Vay B(4;1) hodc B(2;3).

y=l=>x=4
y=3=>x=2

Chon A
3—-1+x
1=
. A e R , 3 x=1
Goi toa do diem C(x; ), ta co: = = C(1;-4)
1 —-1+2+y y=—4 .
3

Ta c6: EE’=(2;—6),ﬁ=(a—3;b+1),2§:(—4;3),@:(a—l;b+4).

Do H la tryc tam tam giac ABC nén:

10
AH 1LBC [(4AHBC=0 [2(a-3)-6(b+1)=0 {2a—6b:12 =3
I == = =
CHLAB |CHAB=0 |-4(a-1)+3(b+4)=0 (-4a+3b=-16 | -8

Ta co: a+3b—&+3( 8)22.
3 9 3

Chon B
A
B D C
AB=(-5-10)= AB =55, AC =(3;-6) = AC =35
DB _AB _5 5
< DB=>-DC va DB nguoc hudng véi DC nén:
DC  AC 3 3

DB:—%D0@3B§+556=6

Tacé: DB =(-3-a;—6-b), DC =(5-a;—2-b)

Suy ra {3§ 3- a;+5§5 a)=0 @{“27
3(-6-b)+5(—2-b)=0 b=—E

Vay a+b=——

Chon D
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Cau 100.

Cau 101.

Cau 102.

Cau 103.

Goi M (0;y). M cach déu A, B khi va chi khi AM = BM

&AM =BM? & (0+1) +(y+1) =(0-3) +(y-1) @4y =8 y=2.
Vay toa d¢ diem M (0;2).

Chon B

Co SABC :4©§_Z4<:>W:%B_C.=(——;__j:>

SABM

=x -y =

N | w

Chon A

Toa d6 diem B(9;4).

Ta co:

AB =(7;1)= 4B* =50,
AC=(3;y-3)= AC* =" —6y +18;
BC=(-4;y-4)= BC* =" -8y +32.

=0
tam gidc ABC vuodng tai C nén AC” + BC* = AB’ <:>y2—7y:O<:{y .-
y:
Chgn C
C N B
M A

Theo gia thiét ta c6: AM =(x, =35 —2), BT':(—S;O), AB =(L1)
x, —3=-5k {x0:—5k+3
Yy —2=0 Yo =

(1)

AM cing huéng véi BC nén AM = k.BC (k >0) < {

AM = 4B & (%, =3) +(3, -2) =2 (2)
2

Tu (1) va (2)taco: 25k* =2 < k = 5

Do k>0 nénnhank =g suy ra: x, = —\/§+3 ~1,5858 nén x, € (1,58;1,59).

Dang 3.3 Mot s6 bai toan GTLN-GTNN ciia biéu thirc chira vécto
Goi /(x;y) thoa man: 214-3IB+2IC =0
2(1-x)=3(-x)+2(-3-x)=0

N x=4

2(-y)-3(3-y)+2(-5-y)=0= 19
Y73
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Ta c6 T:‘2(M+ﬁ)—3(ﬁ—ﬁ)+2(ﬁ+l_c’)‘ =‘W‘ - MI

ViIcb dinh va M € Ox = T nho nhit khi M 1 hinh chiéu cau 7 trén truc Ox = M (4;0)

bap an B
Céu 104. Ta cd 4, B ndm cung phia véi truc Oy
F
! B
M
A-‘ 4 A
0 x

Goi A' d6i xtmg v6i 4 qua Oy = A'(-1;3)

Gia st: M (0;y). Ta ¢6 MA+MB=MA'+MB> A'B = MA+MB nho nhat khi A', M, B thin
% 7 1 y- 1 1
hangA'B=<s;4>,A'M=<1;y—s>:g=y73©y=?93M(o;?9)

Dap an A
Cau 105. Pap an D
Goi I(x;y):IM +IN +1P=0=> I la trong tim AMNP (vi M, N, P khong thing hang) = 1(2;1)
. T=‘EY+EZ+EY+1‘]\7+EY+YF" :‘3Ef‘ =3EI
= T nhoé nhét khi E 13 hinh chiéu cua I trén truc Ox = E (2;0)
Cau 106. Pap an A

T

N

\ x
M
v
Goi M (0;y) e yOy'

Taco x,.x;, =15>0=A4,B nam cung phia trén truc yOy'
|MA—MB|< 4B, dau "=" xay ra khi 4, M, B thing hang

— — 3 1-y
MA:(—3;1—y),MB:(—5;5—y):>§:5—:>y:—5:>M(0;—5)

Cau 107. Pap an D

D@ thay 4, B nim & hai phia v6i truc hoanh.
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Ta ¢c6 MA+MB> AB. Dau "=" xay ra khi 4, M, B thang hang va ]\_474,25 cung phuong
-1
2-1 —-4-1 5 5

Cau 108. * Cach 1: Ta ¢6 ba diém 4, B, C khong thing hang (do hai vecto AB va BC khong cung
phuong). Goi M (m; 0)e Ox va G 1a trong tim AABC suy ra G(1;-2). Khi do

u=MA+MB+MC =3MG =3(1-m;-2)

Do d6 \&\ = 3\%\ =3J(1-m)’ +4>3.2=6. Suy ra \&\ dat gi4 tri nhé nhat bing 6 khi va chi khi

m=1.

Vay M (1;0).

* Cach 2: Goi M (m; 0)e Ox,taco MA=(1-m;-3), MB=(-2-m;6), MC =(4—m;-9).
ﬁ:m+m+m:(3—3m;—6 ‘ ‘ \/ 3 3m ’+3626. Suyra‘ ‘datglatrlnhonhatbang

6 khi va chi khi m=1.
Cau 109. Chon B ‘
Tacod A, B nam cung phia so véi Ox .
biém 4'(1; -2) ddi xtmg véi diém 4 qua Ox .

Ta cb: PA+PB=PA'+PB, PA = (% _2J ﬁ:(3b;a;4J_

Do d6, d& PA+ PB nho nhét thi ba diém P, 4, B thing hang.

— PA', PB cung phuong.
SNUIU IS NG YRS Y SN ARE Sy S S
3b—a 2 b 3
Cau 110. Chgn A
A(4;2),B(-2:1)

Piém A4, B niam phia trén truc hoanh vi ¢ tung do duong.

Goi A' 1a diém ddi xtmg véi 4 qua truc hoanh = A'(4;-2).
Tong NA+NB=NA'+NB> A'B. q
Dang thuc xay ra khi 3 diem A', B, N thang hang
Gia st N(x;0) taco: BA'=(6;-3),BN =(x+2;-1)
Cau 111. Chon B
Goi K (k;0)€Ox.
Tacd A, B nam vé hai phia d6i voi Ox nén KA+ KB nho nhat khi 3 diém 4, K, B thing hang,
AB =(~1;-8), AK = (x+3;-5)
A,B,C thang hang <:>x—+3=_—5<:>x:—§

-1 -8 8
Vay K(—% OJ

Cau 112. Chon B
Goi I(x;y) sao cho IA+2IB+3IC=0,taco
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Cau 113.

Cau 114.

Cau 115.

-9-6x=0 X=-—=

IA+2IB+3IC=(-9-6x;12-6y) = o
12-6y=0 v

3
Vay I| —=;2].
a1 -3:2)

Ta co ‘MA +2MB +3MC‘=‘]T/17+YZ+2(1T47+7§)+3(]T/17+75)‘ = 6‘1@7‘
V61 M(a;b) thudc truc tung nén M (0;b)
‘MA +2MB +3MC \ nho nhét khi va chi khi Wf \ nhé nhét, suy ra M 1a hinh chiéu ctia 7 1én truc

Oy . Hay M (0;2).
Viay a+b=2.
Cach 2.

Ta co m:(l—aﬁ—b), m:(—2—a;3—b), W:(—2—a;l—b).
Suy ra MA+2MB+3MC =(-9-6a;12-6b) nén ta co

[0+ 205 + 3MC| = ||(9) +(12-6b)’ 9.
Dau dang thic xay ra khi va chi khi b=2.

Vay a+b=2.

Loi giai
Chon D
Gid sir diém M (0;) (v € R) ( vi M thude truc tung)
Ta co:

2
MA* + MB* =1+ (y+1) +3% +(y-2) =2y2—2y+15=2(y—%J +2—2922—29,Vye]R

.. 29 1 ,
Vay MA® + MB* nhé nhat biang > khi y= 5 Tu d6 ta c6 toa do diem M (O;%J.

Chon D
AB =(4;4),4AE =(a+1;b+2) ma E di dong trén dudng thing 4B nén 4,B,E thing hang tuong
duong voi %z%@ a=b+1.Vay E(b+1;b)

EA=(-2-b;-2-b),EB=(2-b;2-b),EC =(3~b;~1-b)
Dat u =2EA+3EB—EC = u=(-1-4b;3-4b).

C6 [2EA+3EB - EC|=[ul =(-1-4b)’ +(3-4b)

Pt 1—4b=t:>{_1_4b:t_2 khi do [u] = (1 —2)" +(1+2)" =27 +8 2212

3-4b=t+2

\2@+3EE—EE\ dat gi4 tri nho nhét khi va chi khi t=0<:>b=i, tinh duge a=§

2 2
w33
4 4) 2

Chon A
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Cau 116.

Cau 117.

Ta c6: MA= (a —3;—1),@ =(-3;b-1)

Theo gia thiét tam giac MAB vudng tai M nén
MAMB =0 -3(a-3)-1(b-1)=0<b=10-3a.

Di¢n tich tam gidc MAB la

s =%MA.MB - %\/(a —3) (1) (3) +(b-1)

=%\/(a—3)2 +1.\/32 +(9-3a)’ :%[(a—3)2 +1} z%

minSz% khi a=3, taduoc b=1.Dovay T=3"+1"=10.

Chon D

Goi 1(x,;,) 1a diém théa man 2I4+3IB—IC=0.

2IA+3IB—1IC = (=2 -2x,+9—3x, =4+ Xy;~4 -2y, +6 =3y, +1+¥,)
=(3-4x,;3-4y,).

3—4x,=0 |07
=

2IA+3IB-IC=0 <
3-4y,=0

3
4 = I(E,EJ
3 474
"4
Taco: [2EA+3EB - EC| =‘2(E+f4)+3(ﬁ+173)—(ﬁ—1—c')‘ = 4|El| =4E1
Do d6 \2’E2 +3EB - EE\ dat gi4 tri nho nhat khi va chi khi £ 14 hinh chiéu ctia / trén dudng
thing AB .
AB = (4;4) nén phuong trinh cia duong thing 4B : x—y—-1=0.
Goi d 1a dudng thing di qua / va vudng goc véi duong thing 4B .

Phuong trinh ctia duong thang d : x+ y—%zO.
X 1 X 51
Deé thay EzdﬁAB:E[—;—j.
4’4
2 2
Viy o’ —b* = EA :E.
4 4 2

Chon A
M thude dudng phan gidc gée phan tu thi nhat M (x;x).

P=MA+MB* + MC* =| (2=x) +(3-x)" |+| (3=x)"+(4=x)" [+ (3-x)" +(-1-x)" |
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=6X2 —28x+48=6(x2 —%x+8j=6|:(x2 —2%x+£)+§i|

9 9
2
=6 (x—zj +7—9 Zﬁ
3 16 3
77

DAu "=" khi x—Z =0 <:>sz =>M|—;—|.
4 4 44
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