


[ PHUONG TRINH CHUA CAN THUC |

A. LY THUYET CAN NHO
Bz0
BVE-Be{ )

1 L.H.:.ﬂ

D R B fA2 20820

e E7)
fix) = [glx)f

4) mYfix) = glx} = glx) = [F(x)]™" (n e B*)

n o f -
B) [ftx)™ = [gtx)] “|f‘1"’{=|3{’”[“[f:i:=iﬂ}

0
3) % = g o {E{ﬂ y

6 [f] ™ ={g0]"™" < f(x) = gtx)
B. CAC CHUYEN DETOAN VA PHUONG PHAP G141

Chuyén & 1:
Lity thira hai vé vd dung cdc cong thitc co bdn

F Nhin dang: Khi phafdng trinb cd danp:
a. VA =B K '
b. JA =B
c. A + B = k(k 13 hing :3)
d. VA + B = JC (A B.C I3 cic ham chifa x)
g. Khi binh phuong hai v& thi hic cao mgt téu.
I. Khi binh phugng hai v& (R ¢in thde tridgt tiéu.
2. Cde bude giai
» Budc 1: Ba1 diduo kidn € phudng rink xac dinh,
» Budc 2: Bar didu kign 3& hai v& khdng dm rdi Ny thita hai v&,
» Bude 3: B_u&v_é phuong twinh ed bin; gidi choa nghiem thda mén didu kign. |

3. Balcip
Bai 1: Gidi cde phaong trinh sau:

12xF -dx+65 =x—4
B x4 8x = Bx® -1




Gldi

-4 =0
I V2% —dx+6=x—4 &
{zx* ~4x+5 ={x-4)

x—-420 '
= = hé& vl nghi¢m.
{f+4x-1:_L=u #vo nghiz
¥y phudng trinh 43 cho vd nghig¢m.
2. J2-x% 4 3x = Jox® -1
{Ex’—laﬂ x=1
=

= 1
2_x*+8x=5Hx* -1 T

3
Viy nghiém clia phudng tinh 1: x =1 vx = ~—

Bai 2: Gidi cic phuong irinh sau;
Dxf+yx+1=1
E}*JI*PE =h-J2+4

Glat
1. ¥ +dx+1=1

Pidukién: 1-x* 20 -lsxs1l
Phurong trinh odx+l=1-x1
=:~:r."’-2::’—:=ﬂ~=-:{;+1}{:’—1—1]=ﬂ

x=0;x=-1
= —
= 1 EJE-VE= 1+2JE[10E1]

Viy nghi@m cia phucng irinh Ja: 1:1vr=—1v1=1_;r§
2 Jx+9=5-2+4
Didy kidn: x> -2
Phuong trinh <= +x + 3+ 22+ 4 =6
= 3Ix+13+ 2J[x+9]{2x+4] =25
o 2.f(x+9){2x + 4) =12 - 3x

9 <y <d -2=zx=4
{: 180 'ﬂ_-s.‘:.'- x=0 s x =0
= = x = 160

Viy nghi¢m cls phdng irinh [: x =0 '



Bai 3: Gidi cdc phudng Irinh sat:
118 -x + yx+9 =7

E.E+Jx+1=%

Gidi
I, Pieukién; -B=x <16

Phuting tinh & 25+ 2,J(16—x){x +9) = 49

o X -Tx=0=x=0wvx=T
2. Pidukién: x>0

{ﬁ+\&+l](~.ﬁ:+l—£} 1

Pbhuong trinh = N J; = I
1 1 _ _
QJK+1-E-&C}\F—JK+1 \JE

:::E\Fr_=.dx+1 c::-dx=x-+1-:::-x=%

Viy nghifm cda phudang tinh A x = %

| Bai 4: Gidi cAc phuong trinh sau:

1:-.,|||x+~...|'x-11 +w.||1—1.l'1—11 =4
ATT -2+ xyE+ 5 = V3 - 2x—%°

Giai
1. Jx+x~11 +w,.llx—~.|'x—1 =d

Pidu kign: x =11

Fhuong trinh wdx+m=4-dx—ﬁ
::-x+Jx_—T=lﬁru";—_11—B X-yx-11+%
= Jx_11-8=-4fx-Jx-11
= x—11+64 -16/x - 11 =16(x - Vx - 11}

= x=2% (logivixz11)
15

Viy phuong winh 43 cho v nghiém.

2 M- rxfu+5 =y3-2x-%°
Bidukien: 3-2x-x*z0¢& 322l
Phuong tinh & 7 - x% + x/x + 5 = 3 - 2x - &°




e xdx 46 =4 -2x = x¥ (x+ 5) = (4 + 2x)°

x=-1

o x®+x"-16x-16 =0 (x+1)}{x* - 16) =0 = ,
x = +4(loai}

Kidm tra lai:
Wdi x = =1 thi phudng winh dede thda man.

Bai 5: Giai cdc phudng trinh sauw:
1Lv2-%* + X +8 =4 2.1}” ~3x-2=1-x

I, V2-x® ex*+8=4
Bidu kitn: -2 s x g J2
Phudng trinh: ~=&1(}+E\|/ 7 x* {:x +B} 16

4:5:'(2—1{]{1 +S]=9{::-—:|-: -8 +7=0

=l
5 L Xx=1]
x* = —7(loai)
Yiy nghidm cia phuong wink 43 che l3: x = £1
X
2. —yox -2 =
J3x-2

Bty kién: E <X

Phueng tinh = x° ~ (3% - 2) = (1 - x) /3% - 2
e f{x-1){x+2)+(x-1)48x-2 =0
c:a{x—l}{x+2+ Bx-ﬂ)zﬂ

x=1

s x=1
it x+ 2+ Ix - l]vungh@m*fxé% *

Viy phaedng wrinh dE choe b nghidn: £ =1

Bai6; Gidi cdc phudng trinh sau:

Ikt 20x—1 + 2 —24x% - 1=":;3

: 40
2x+Vaf +16 5 —==
Jaf +18




Gii
L. Jx+2J T1 +fx-odx-1 ’“‘3

xz21 xa]
i
x-2x-120 (x~-2)Y 20

Phwang trinh :Jx—1+2Jx—1+1+J::-1-2J:-:—1+1=“;‘3

a,f 141 +J( x-1-1) =228
2
-:::rra.u'x—1+1|+|~.|'x—1—1|=x;-3 i(*)
+ Néux-1-120<c x22thi(*)rd thanh:
X+3 x+3 #
ajx-1= -
) 2 [ 2 ]

= x* —10x + 25 = 0 & x = §(nhén)
= oghifm cla phuing trinh 13: x = 5,

¢ NEulex<2 () ud manh >0

=N |

Pidu kién: {

=2 x=1
Tém lat: Nghig¢m ciia phuteing trinh Ja f:hﬂ- li: x=1vx=0.

2. X+ +IE-:;ETE
x* +

o XYXE + 16+ x° + 16 =40

o XYx° + 16 =324 - x°

= x7 {x’ + 16] = {24 - x’}i

e Bdx* =FT8 = x =14

Ki€m tra lai:

+ ¥di x = 3 phuong trinh thia mén,

+ ¥di x = -3 thi phuong rinh v6 nghidm,

Viy nghiém cla phudng irinh 43 cho lh: x = 3.

Bai T: Gidi cdc phuong ulnh sau:
1.¥x+3¢-¥x-3=1

2 ¥ -1 +88x -1 =¥u+1

Gidi

. ¥x+84 -¥x-a=1




e x+34-x+3+ 8%+ 38 ¥x-3(¥x+ 34 +£tf’x—3]=1

= Yx+34.4x -3 =12 = (x + 34){x - 3) = 12°
fx =30
|x=-61

=X +31x-1830=0=

Thi¥ lai:

+ N&u x = 30 phudng tinh théz man.

+ N&u x = =61 phuang trinh thda min,

Wiy nghi¢m clia phifdng trinh 38 cho 1a: x = 30 v x = -61.

2, Px-1+83x-1=¥x+1
-c:::{f‘.l'r::—1+il"§x-—1f =x+1
-c::~x-l+3x-1+3¥x-1.%’3x-1(%‘rx-1+¥3x—1}=x+1
= 3 - 143w -1 +1=3(1-x)
e {x-1)(8x-1}Mx+1}=(1-x)
-c::{x—1}[[31—1](3+1}+{1—1}E]=I} .

x=1 |::H: =1 [K =1
= = =
(3x-D(x++(x-1)' =0 [dx*=0 |x=0
Kié€m lai: -
+ Vi x = | thi phuong rioh thda m&n.
+ Vi x = 0 thi phoang irinh v nghiém.
Tom Lai: nghig¢m cla phoong ieh 35 cho la: x =1,

{ Bai 8 Gidi cdc phivong trinh sau:
1. +1+#3x+1=%x-1

290 1+ ¥2x+1 = 10x

Gigl

1. Fx+1+88x+1 =8x—-1
¢{¥x+1+€|"33+1:]3 —x-1

o dx+2+ x4 1.@3::+1(%"x+1 +%"31+1)=x-1

s dx+2+ 3+ 143x + 14X -1 =x-1
o Ux+ 148+ 1Hx-1=-(x+1)
e (x+ P{x-1)(3x+1)=—(x+ 1)




-.-.::-{x+1][{x—1](3x+l}+{x+l]i]:ﬂ
Xx=-1

c::-{x+l]{¢1x1]=i}¢}[x=n

Kidm ira fai:

+ Vdi & = 0 phodng rinh vé oghi&m.
+ Vili x = -1 phudng irinh thda min.
Wiy nehiém phudng tinh 1A: % = -1,

2 e 3+ w41 = H10x
:.zx-1+zx+1+a¥2x-1ﬂ21+1(mx-1 +?sz+1}=1nx

= ¥2x - 1.42% + 1.310x = 2x = (2x - 1}{2x + 1).10x = 8x’
= 3[5{2x~ 1](Ex+1]—4xﬂ] =0

J5
vy x(16x° -5} =0 x=0;x=2""
x{16x -5} :
Thif lai:
_ Jb
+ Tha.:fhaxm‘nﬁnngl‘uhmﬂaphﬁgﬂi:ﬁﬂﬂt&rﬂﬁnm:x=ﬂ;x=iT
AP J5
Viy nghiém cia phuong uinh 43 cho li: :-:=ﬂ;x=:I:T
| Bai ¥: Gidi phoung itnh san: x* +B=7vBx +1vdixec R

Gidl
bifu kidn: x 2 0
X+ 8= TBx+ 1 e (x +E]2 =49{Bx +1) = x" +16x" - 392x + 15 =0

& (x-3)(x" + 8x' + 95" +43x" +120% + 5) = 0
- x=-4d
%+ 3% +9x* +43%% + 129%x + 5 = 0({*)

Fhuong trinh {*) v nghiém Yx 2 0
Wiy nghi¢m cia phvdng trinh 34 cho Ja x = 3.

R 10: Gidi va biin lujn phuong trinh: vx* -1 =m +x

Glsai
WXl -l=m+x :
X >—-m X2-In
L —2 —
x-1=(m+x)  [Zmx=-1-m*(1)



+ N&u m = 0 thi phirong tink v3 nghiém,

PR
+NEu m = 0thl (1) & x = 1-m
2m
-1= 0
Bidy kién: x z —m c}[ m=
mz1
(G <m=<1 ] e
— Néy ! thi (1) v& nghiém nén phudng tinh 4 cho v$ nghi¢m.
m < -
(-1 < ~1-m?
— NEu MO e nghiém x = 1-m
| m =1 2m
K&t lufin:
0z2m<l . . .
+ Néu . thl (1) ¥& nghidm nén phuosg rinh 42 cho v nghaém.
m < —
< 1z
v N | Sl (1) o6 nghitm x =
m =1 2m
Bal 11: Gidi va bign lodn phuong tinh: va+x =a-~va-x {1}
(idi
gx0
. . azf
Bidu kién: a-n-xaﬂc::r{
-Aa=X<8a
a-xz0

Phuang irinh (1) =a+rx+va-x=a
S R+x+a-—u+2Ja  —x* =2’ =%fa® —x* —a*-2a

a'-2a 20 a®-2a20
ﬁ[

L= -
4(a® —x*} = (&’ —23]? =a' + 4a* - 42’ x° =-i~(—a" +4a®)
Néua=0thi{1}cd nghitmx=10.
a22 Z2<axd
MN& a = Ochi (! ta'{4-g)z0 =S
+ 0o aAa thi(l)] = E{ 1&) };=iﬂm
}{ZiE'\ldﬂa—ﬂ‘
Yay.
+ NE® a = 0 thi pheong winh (1) ¢ nghiém x = 0.

[a =2 :
+ Néu [a = 4 thi {1) v& nghiém.
a=-0



+NEu 2 <a < 4 th{1) e nghidm x = t%-.hia-a“

B3l 12: Gidi v2 bign luin phugng trinh sau;

Yx+a) + mYf{x-2) =(m+1)¥x? _a?

Giat
Jix+a) + mY(x-a) = (m+1)¥x* -a® (1)

+Né&ua=01hl (2)nghidgm ding Yx e R. Khi a # 0 thi:
- N&u x = +a (hi phuang tioh (1} vé nghi&m.
- N&u x # +a thl (1) wrong ducng vdi:

X+A i—a
d +m£|| =m+1l
xX—A i+a
{
= 3||I+E._1 J|:+B._m =0
A x -8 x—-Aa

ﬁf:t:=1 x+a=1[phﬂﬂngtﬂnhvﬁnghiém}

e N Rl
¥+4a
x+a=m - m?
-8 X—a

c}x+a=m’[x—a]{:}[l—ms]:=+am3-a (*}
- N&u m = 1 thl phutang tinh (*) v& nghiém.

k1
- Néu m # 1 thi phudng trinh (") < x = “ﬂ'f_; _’“1“
Viy:
+ N&u a =0 thl (1) nghitm ddng ¥xc K.
+N&ua=1vd a= 0thi¢l)vd nghiém,.
am?® +a

+Néum=1va a=0thi{l)conghiémx = 1

Bl 13: Gii v2 bign ludn phudeg tnh: X+ Jx + % v Jxs % -4

lal
J 1 {1
X+ J¥+—F x+==a
2 4
2
o x% s .|||'.1.:~+~1+1 =a4=~14;1Jx+-1—-+1=a
4 2 4 2




2 Iz
e o] camiffeetsl] 510 fust
c}[ x+I+EJ —a."ﬂ[ x+4+2] 24[1]& x+4zﬂ]

Do dé:
+MNEv a < %ﬂﬂ {1} vy nghiém,

1 1 1
MNéu a>—th (1) e (x+=>+==-a
+NEw a2 —ihl (1) 42

¢1|x+%=d’£—l—% {::&x+i—=a+%-~"5 o x=a--a
Tém lai: + NEu a-r:%thi{l}\rﬂ nghiém,

+ Néu aziﬂﬂ{l}cﬁ nghiém x =a — Ja

Bal 14: Gidi v& bién ludn phuong triinh: 2J8 + x - V& -x = Ja —x + Jx (8 + x)

Gidi
EJ&+:-J&—1=J&-x+i§'x{a+x] (1)
. H-H‘EE —a<x=a (2
Bidu kidn: g -x 2 i I[E+E]Eﬂf.3]_

-xl:a-l-x)zﬂ

Tir didu kign(2) =>a 2z 0

a. N&uwa=0thi (1) trd hanh: 2Jx — vox = f-x + ¥%°
phirang trinh ndy cf nghi¢mn duy nhit x = 0.

X=-a
b. HEua:-[lﬁﬂlir{j}:}[
x=0

- Néuz=-ati{l)xdyra<>a=0nhungvia>0ndnx= -a.

a>

{EJanrx—u"a—x}n=a-—x+ﬂl'x[a+x}
o 4{a+x)+(a-x)-4vya" - x° =a—x+m

ax>0
aJa+:(4~.l"a+x—41;’&—1—\";]:0[1:]1:{1;n néna+x:-a-x]

e 16{x+a+a-x}-32Va* -x° =x
= 3%Ja* - x* = —x+32a

- Khi {" EE thl 28 + x > V& —x nén phudng tinh (2} twdng dudng v

10




= 3% {5.25— x*] =x% +39%5% - 64a.x

(¥ia»0nén32a—-x>a-x=>0

< B2%x" + x* —Bdax = 0 < x({1025x - 64a) =0

Gda
o Xx=0vx-=
1025 '
Viy: + Nfua<{Ohi(2) vé nghiém.
+WEu & 20 (hi (2)cé nghidm x =0vx = bia
1025

* Cdch bign fudn kiuie:

11

Phudng rinh (i)
2a+x-+a-xz0

L-tL{a+x]+{a—x}—4,}{a+x}{a—x] —a-x+Jx(a+x)

4lav+x)za-xz0

~4[3+1]—4\J’[a+xj{a—x}-\fx{a+x] =0

(-0,8a<x<a

L-u"x+a[4-.n'rx+a—4u'r&—x—q'r£:|=ﬂ

(-0,6a<x=<a |
LJE‘E——4F=J¥ (*)

+ N&u x = —a 14 nghiém cda (1) thi né phii thda man:
-DBaz-s<acoa=0

Ve +x =+a-x

16{a + x)+16(a-x)-32fa+x}{a-x) =x
{a+x2a~xzﬂ

=

L=

L=

+Phutingrinh{*} & {

32ya* -x* =323 —x {4}

+ MNEu a < O thl (4) v6 nghiém = phyvng trinh (1) v6 nghiém,

Né&u 0 Hih 0sx<sa
+ uldl<a tré 1 :
¢ oEn ﬂﬁi{a‘—xi}zﬂﬁﬂa"-ﬁéa}:+xﬂ
O0=x=a Gda
= q x=0wvx=
1025x" —6dex =0 1025
+ Néu a < 0 thi (1) vO nghiém.
o ) ' bda
+Meuaz0thi{l)cd pechitmx=0 v x=
{1 ghig 1025



Bii 15: Cho phuvng tinh: ¥x* -Bx+m =x —1 (1)
Ticn m ¢€ phwong 1einh o6 hai nghig¢m phén bigL

Gidi

xz1 x=1
(1) &= 2 & 2
{Ef—Bx+m=[x—1} {f{x}=x —fx+m-1=01(2)

P (1) co hai nghi&m phin bidt thi (2} ¢b hai aghiém phin bigt théa min:
lax, s, < b62m<10

Viycdcgidtriciamcantimla: 6<m <10,

Bai 16: Cho phudng tinh: +2x° - 4mx + 3m = x -m (1)
Tim m d& phudng trinh ed ding mjt nghig¢m.

Gidi ;
= T
=1 e P :
2x* - 41x + 8m = (x -~ m) f{x) = x* — 2mx + 3m ~ m* = 0 {Z)

Bé (1} cd diing md1 nghi&m thl {2) cd ding mdt nghidm x = m
XNét cde rreang hop sau:

Trudtng hop 1:

Phitdng trinh (2) 6 hai nghiém thda man x, = m < x;

ﬁf{m}{ﬂﬂﬂm-ﬂmzﬁﬂaﬂfm{g_

Tourdng hep 2:
A =1
X, =m >m

Phurgng tioh (2) o6 nghidm kép x, > m < { (v 1y )

Trudng hip 3:
Phudng tdnh (2) ¢o m{l nghiém x, =m. Kifm ira nghigm x;: (2} o6 mdt
m =10
nghigm x, =m < 3m-2m* =0« | 3
m=3
+ Vdim=01h (D = x =4 {nhin) = m =0 thda 3¢ hii
5 .

3
Vdim = — ==
. i m = X,

2
[E}t}f-ﬂx+§=l} :b[x——] =ﬂ¢?ﬁ=%{nhﬁlﬂ
3 .
=m=g thda A& bai.

Viycicgidticiamcinimi: 0<m =<

o] £ 5

12




Chuyén ¢ 2: Pua vé tich

1. Chc céich dua vé tich
Cdch ) B21Unhdn tif chung kbi phiong trinh ¢6 s{n mt bi€u thic {(x - x,}

Cdch 2 Ding lung lién.hi&E. :

2,  Baitip
Bai 1: Gidi cée pharong trinh sau:
1. x4 x +Jx° —2x = Byx? (1)
2 2zt +Bx+6+4x" -1 =2(x+1) (2) ,

Ciai

x=0
1. Diukién:
Hukién [xaﬂ

= NE&upx =01k (1) ludy dding.
« NEu x =2 (g)ihi;

(1) = Jx(x+ 1)+ Jx(x -2) = 2J/xx

e Vx+1+Jx-2 =2J% &2 -1+2f(x +1)(x-2) = 4x

S k-2 =0x+1 = 4{}:“ —1—2] ={2x+ 1]5#}:: —g{lmi}
¥iy phwdng rinh 43 cho cd nghiém x = 0.
2. Bidu kién [“ =

x>1]

+ N&uzx=-11{32) lubn diing.
o Néu x 21 {a)th:

{2} ﬁJ[x+1]{ﬂx+E] +J{x+1][x—1}=2\ﬂ'{x+1}{x+1}
2 +B+x-1=2Vx+1
e x+5+2J(2x + B)(x -1) =4{x +1)
o 2J2xF +4x-6=x-1
o 4(2x +4x-6)=x* - 2x+i(vixz1ndnx-1 20)
o 7x2+18x-25=0 ’
¥ = 1{nhén}

o
x = -%E—ﬂuai]

¥iy phuong trtnh d3 cho ¢ cdc nghi¢m J4: x = £1.

13"



Bal 2: Gidi ¢dc phrong tinh:
Iyxf +x-2 4+ -1 =2f ~x (1}
2.¥2x% - 6x+4 - Jx* -1 =2{x-1) (2)

Giai
x+x-2x0 0
5—
I Bidu kidgn: 1%°-120 ﬁ["
" x=xl
¥ -x>0
Cdch 1
* MNEux =1 thi{l)Indn ding.
s Néux:>l1thi

(1) o J(x=1(+2) + Jix-1)f{x+1) = 2. fx{x -1}
ox+ 2+ +1 =24x 3
Vxe2 43
Jxels>Jx
=» (8) v nghig¢m.
« N&u x= -2
(N o Jx-1)(+2) + J(x-1}{x +1) = 2,/x(x-1)
= ,“lr[l -x){(-x-2) + ,J[l —x}{-x~1) = EJ{I ~5){-—=x)
o x-2+-x-1=2=x (4}
Vox -2 < -x
Nex-1<f-x
= (4} vt nghidm.
Yiy phuang trinh &4 che ¢ nghifm x = L.

“u”lx::-lnén{ = Jx+2+Jx+1>2vx

ﬂxsﬂn&n{ = X -2 +yx-1<ZV-x

Cich 2

xzx1l
hai v&. Bidu ki
Binh phafdng hai v v kign L <2

[1]-::;::’+1v2+::’—1+2d’[f +:-2}{f—1}=4[f—1}

a2 b x -3+ (x -1 [+ 2{x + 1) = 4x* - 4x
= 2fx -1 J(x+2)(x +1) = 2x° ~5x+3={x-1){2x+ 3)

14




-{x ~1}{2%x+3) =0

=T . a 2 )
[4{x -1 {x+2)(x+1})=(x~1) {Bx+2)
mx{*E
-2
e L =1
(k=1
{_4[52 + 3w+ 2)-(2x+ 8)° =0

cax =1

L. 2x° —6x +4 =0
2. Bokién | x>
X —-1=0

o N&px=11thi(2)opghi¢m hing.
» NEu x =2k

(D e fx-102x-4) - Jx-{x+ 1) = 2{x-1)(x-1)
= 2x-d-yx+1=3J3-1
SVIx-4=2Jx-1+Jx+1

= WP2x -4 = Jdx—4 +Jx+1
Phudng tfinh ndy vé nghitmvi véx -4 +x+1 = \4'[23 4‘?’}; =2
» N&u x 2 -1 1hi

{E}e:::aJ{x—l}{ﬂx—-ﬂ.]—J{x—l]{x+1}=2[x+]}
o J{1-x)(4 - 2x) - f{1 - x){-1~x) = -2(1 - x) = 2f{L - x}{1 - x)
-t -J-1-x=2J1—x
Vi -2x+ 2 1-x=y1-x (D

sWdH vx<-lhl-x>-1-x=2f1—x>J-1—-x

= 4 — 2% + 241 - x » V-1 - x = (3)vd nghiém.

Viy phaong trinh da cho oé nghiém doy nhdt 13: x = 1.

dx -1
3

Bai 3: Gidi phuong tinh san: 3x+1 -2 -x =

Gidi
Pidu kién: -% =x=2ia)

Cdek I:
Nhan hai v& cda {1y cho v3x + 1 + ‘-...'rﬁ % la dugc:
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{J31+1 —-J'E—x}(a.l":]x-i-l +-.;"E-—x}=%[4x—1}{1’31+1+42—x}

¢41—1=%{4x—1}(J3x+1w’z_x}
1

LI
-‘.::a»x 4( é.n]

ax+l+4d2-x=3
e 2x+3+2)(3x+1)(2-%) =8
V245 3% =3-x
2+ bx=-3x" = x" -Bx+9vi(a}nén d-x >0

-=b4x2—111+?=l){::ﬁx:1vxz§

Viy phutdng trinh di cho ¢d cde nghiém i3 x = i;x =1lix= %
Cdch 2;
1=
Bt us3x+1 1{] u 3x+1=&u2—v2=4x—1
v=+2-x20 Tlvtz2-x
Khldﬁ:[]]t:ru—'-f—— v}c&[u+v 3

¢ Voiusv e fBx4l =Jz_x¢.x=i

e Viiu+v=3=V3x+1+2-x=3
@ 2x+3+2J(3x+1)(2-x)=9

:r,f{ﬂx+1}(2 x)=8-x=x=1vx=

rl‘-‘»l.-:l

Viy phidng trinh 43 cho cé cdcnghigmla @ x = i; x=1x= %

Bl 4: Gidi cdc phviong trinh sau:
Lx+3+ 2x—1=4-x (1)

2x
2. =x+1 (2}
533 +1-1 :
Gidi
Cde nhin xét guon trong:

1. Nhin lugng li&n kiép khi phudng wrinh o6 dang:
Dang i: vax+btyex+d=kx+h




ax +b

‘Dang Z; m=kﬂ+h

1

Dang 3. m: +b =kx+h

cx* +dFo
Khi nhin v& mdt biéu thide ludn khic O thi ta nhin ty nhidn m3 khang xét
thém didu kign gi.
NE&u bify hie 46 khing bigt diu ikl ta phii 16t ing hop bifo thde 46 bling
0 c& nghi#m thda min phudng trinh hay khdng? Kbi bifu thite 86 khde 0 (0
nhin vap hai v& hay vio of s& vi mio s&.
ExSi vdi dang | thi ta nén diing cich 2 a€ I gidi don gidn hon
Exi véi dang 2, deng 3 ngodi céch gidi trén cbn o théd &3t ¢ bing bifn thite cin

17

b Y TR0 ks L cx <4 ()
v=y2x-120 2

2

uwW=x+3

=<, = -vi=4-x
v =Zx-1

Phﬂdﬂgt['hlhfl} 4:,':.'1\‘|.]+‘|'|F=|.:|=—'I'r2
su+vefu+vi{u-viwu-v=1

Su=l+ve Jx+3=1+42x-1
S X+I=2x+2J2=x-1 2% -1=3-x

— - z i_ —
{:_{4{2::—1}-{3 x) E}{: 14 +18=0 )b (o,
xsd R
Viy phuong ttinh cd nghigém: x = 1.
Chii F:
NE&u ta nhin lugng bidn hidp vio hai v& thl phii 42 ¢
Jx+3—JEx—1::ﬂvx>%
Biéuﬂ&n:—éﬂx:ﬂ
21(«4"3::+1+1]
{2} = —x+1
ax
{::-2[:~JEE.+1+1]=E::+3¢::-2~..|'31+ =3x +1
i} x=1 |
X —— )
= 3 et 1
4{3x+1) = (3x + 1)’ _I--E




Viy phuong trinh 33 cho ¢6 cde nghigm 13 x=1vx = -%

Chii $: Bii nay ta od thi 83t t = J3x+ 1
Bal 8: Gidi cic phudng trinh sau:

xﬂ

(v..l'1+'.l|: + 1]2
221+ x(VI+x-1)=x (@
Cldi

l.x~-4=

(1)

1. Bifpkifmxz4

f{m—-l)z
[{JTIE +I}(-..I'1+J|: -1}]2
#x—4=[~.."1+x—~1]= =2+x—2Si+rx

SYl+x=3x=8
Viy nghiém cia phunmng tinh (1) la: x =8
2. PBidukién: x = -1 '
Nhin hai v& cia phaung tinh cho V1 +x + 1 t2 duge:
2T+ (Vi x -1)(VT+ x + 1) =2 [VI+x+1]

¢2x41+x=x{-.."1+x+1}.

x=0 0
> e X =
Hdl+x=1

Viy nghiém ¢ia phudng tinh (2) 13: x =0

Phrang trinh (1} e x—4 =

Chuyén &@é 3: Dat dn phu todn phdn

F Céc dang phiudng trinh chudn
DangI: a+bx t-foc-bx iuJ[a+bx][¢—bx] =d

Cdch gidi:

+ Budc §: BaL diéu kién.

« Budc2: Batdnphy t = Ja + bx £ /e —bx

s Rudc ¥ Timn dide kidn cda t.

» Budc 4; Binh phudng [ linb tich ,ﬂia +ba) (¢ - bt theot.
I » Budc 5 Pua vé phudng trinh bic hai theo t, }
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— bx

a+b:|:

Dgng2: va+bx to-bx ta(a+ bx) =d

LCdch g
» Budc L: B3t didue kién.
» Budc 2: Erifa bidu (hife 2 + bx vao rong ofn duge dang 1.
Dgng 3: Ja+rbxtJo-bx £ 2JAx* +Bx+D =Kx+h
Céch gidi:
v Budc 1: B4r didu kidn.
» Budc2:Patdnphy t=-+a+bx tve—bx
» Budc 3 Tim didu kign cia
= Budc 4. Binh phudng 4 tinh ¢fic bam edn lai theo L.
» Budc 5: Pua vé phvdng winh biic hai theo 1.
Dangd: axtvb-a'x' taxvb-a"¥" +c=0
Céch pidi:
« Budc L: Pat diéu kign,
s Budc2:Ditdnphu £ = ax ¢+ b —a’x®
+ Cadi nhir cdc bude trén & dang 3.
Dang 5: x+ ﬂx =h

ad —x7

Céch gidi:
+ Budc 1: B didu kign.
» Budc 2: Qui ddng bd miu, dira vé dang 4.

Dang 6: l+ = b
x a? - %%

Cdch gidi:
« Qui 43ng vi bd miu fua vE dang 4.
Dang 7. {ax+b]{cx+d}+ avAx®* + Bz +D =K
Chch pidi:
« Bude |: Pt didu kign.
« Budc2:Bilt=vAx" + Bx+ D
Dgng8: Ja+bx +e-bx=vAx®+Bx+D

Cach gidi:
+ Buoe i: P2t didu kign.
» Budc 2:Binh phifdng hai v& duge dg ng 7.




2. Phudng trinh chifa mit bidu thite Lign higp: Fix)gix) =1
Céich gifi: Bt = f(x) thl gix) = %

3. Phuong trinh chita mét bi€n thite f(x) giéng nhau -
Cich gidi: Bat t = f{x)

4. Bait§p o T

Bai 1: Gidi cic phudng trinh sau:

L2 a+J6-x+ J{2+x}(6-x)=8 (1)

d-x
l+x

=3 {2

2.1+ x+v8-x—(l+x)

Giai
Bidukién: 2 <x <86
Batt=+v2+x++6-x >0

=:-t“=E+2J{2+x][ﬁ—x]=J[2+1]{5‘1}=

ti -8

t =4

t = —6{loai]
o 2rrrVB-x=4=8-2f(2Z+%)(6-x5) =16

o f(2+x)(6-x)=4={2+x)(6-x)=16

e x* —dx +4 = 0 x = 2{nhin)

Viy phoang trinh 33 cho 6 nghigém x = 2,
Bidukidn: -1 < x5 8

() Vl+rx+B-x-J{l+x)(B-x)=3 (3}
Bitt=+1+x++8~-x>0

:I!_
{1} irdf thanh: L + t -8

=8t s 2-24=0 n‘:}[

t' -8
7. “x) = 1+ xHB_x) =
=17 =9+ 2J{1+x)(8-x) = J{1+x}{8-x) 5
Phudng wrinh (3} trd thinh:
t°~ 9 . t =-1(loai})
t- =fot"-2U-3=0 <=
[t=3[nh$n}

x = -1{loai
o J1+x)(8 - %) ={I-x=:-L N E{ihﬁ-n}]

Viy phuong trinh 33 cho ¢ nghigm x = &,
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Bat 2: Gidi cde phuvng rinh sau:
1x+42- +xv2—x* =3 (1)
2.£+J4-x=u'[5+4x—x“ [2)

Giit
. Pidukito: 2 sx 542 (&)

Bilt=x++2-%x° = t* =2+ 2x/2 —¥*
L
= Xv2 - x° _r-2

2
Phudng trinh {1} trdf thanh;
o3 L =2

2 t=—
v vlit=lesx+ry2-xf =22 =2-1x
-:l-ﬂ—x”=[2—x]2{dﬂ{a}nén1—x}ﬂ]
x~2x+1=0enx=1
» vit=-4 Sx+V2-X=-4 o2-xF=-x-4.
Fhugng irinh nay ¢6 nghiém ¥x e [—-J'E, ﬁ]v‘i —x-4<Q
Yiy phuong tiinh 43 cho ¢6 nghidm la-x = 1.

t+

=3c:rtj+2t—8=ﬂn::=[

=)
Sk . * 0<x=<4
2. Pitukitn «d~x20 = = 0D=2x<4 (a)
. -1=x=5&
5+4x-x" =20

24+ 20dx-xF =5+ 4x - XF
2
d:vdx—f—?q'rix—f+1=ﬂc}(d43—f —1] =10
Sz -ledx-x*=1lcx*-4x+1=0

Sx=2+ dﬁ{nh&n}
‘h}ﬁ}' phuong trinh cé aghiém Ja: x =2+ V3.

Bai 3: Gidi chc phdng trinh sau:
1V3x+1++2-x+2v2+ 5x - 3% =9-2x (1)
1

1
2=+ =22 {23
X 31 —x*

Giai
I, Bidukidn: —% <x<2(a) '
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Balt = J3x+ 1 +y2—x 50
= t? = 2x+ 2/(3x +1)(2-x) + 3
:Ex+ﬂu{2+51—3f =t -3

t=38

Ehidd: f1yird thinh: t+t* -3=0 ¥ +£=-12=0 .
i (1) N + + .::b|:t=—4{]ﬂ'ﬂ-l}

s v3i1=14 Jax+1+J2-x=3
= 2x+3+242+5x-3x" =0 o Y2 +5x-3x° =3 -x
o> 2+6x-3x* =(3-x)(vi(a)nén 3 - x > 0)
x=1
o dxf -11x+7 =0 xzi{nhﬂn}
d
Yiy phuong eh d& cho co cde nghidm 1a: x=1vx=r:-,

P xx0
Bigu kign:
12u kign {-—1{1::1

Phudng trinh (2} < %+ 1 —xf — 242xy1 —x" =0 (%)
A t=x++vl-x = t¥=1+2x%/1-x = 2xJl-x* =1%-1

(3) rd thanh: £ -V2(t* -1)=0

C (t=+2
=2 _t-J2 =0 t=—£
2

e vlit=v2 o x+dl1-x* =2
< J1—x* =Jﬂ-—x-::=1—xj=(-q'fi.-"ﬂ—x}=

e 2xt - 22x+1 =ﬂ¢x=i{nhan]

. vﬂlt--—z-c:- + 1= __.¢:...|I'1 ————x

xs-2 -
i 2 X = #thﬁa man (a)
1—13=%+x2+v’§x |
Viy phuong trinh o6 cdc nghiém 1a: x =%Vx =ﬂ
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] Bii§ 4: Gidi cde phiisng rinh sau:

|

1.2% -5+ 2J%% — 6x + 2J% _ B + 24X = 48
21+ ¥ 342 f(x-1){x+3)=4-2x

Gidi
Fx -5+ Wfx* ~Bx + 20w -5 + 2Jx =
Pigukidn: x 2 5
Dit t=Vx-5+vx (t>0 =t =2x -5+ 24/x* ~5x
| - t = -8(loai
Phueong winh (1) wed thanh: t‘+2t-45=u¢[t . [Hﬂl]

+ vidil=6 C:“*Jx—-E'F".E'-

o 9x —5+2x By =86 o 2Jx' _Bx =41 2%

41

X5 —
o 5 x Ed:}x_(ﬂ‘la
_ar \12,
144

Viy nghiém coa phudng srinh dacholi: x = [E]

-1+ +8+42f(x-1)(x+3)=4-2x

Didu kién: x 2 4
Phuiang trinh d& cho

e f(ﬁ—l}ﬂ
(s e1)Eex -]

c&x-4:[m-1)2:2+x—ﬂm

=dl+x=3ox=8

Viy nghi¢m cia phudng trinh 43 cho 13: x = 8.

Bai 5 Gidi cdc phuidng winh sau;

L+ Jx+T+20x* +Tx =35-2x

2.1+g«.l'x—x= =X ++1-x%

Gidi

1 e+ T+ 2R e T =05 -2x tI]
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Piéu kién: DEE:&%
(e Vx+dx+T+2dx*+Tx +2x=35
DAL b= +yx+ Tt 0
12 =2+ T+ A+ T = 2x+ 2 +Tx =t -7
Phutdng tiinh (1) 1rd thanh:
= _7{loa}
t+tg—7:35¢t“+t—4ﬂzﬂﬁ[: . {logi)

Vdit=Bo yx +dx+T7 =6

29
0535-2—9' GEKE-:‘?-— 292
— 2 = T 1::3'::[1—2"]
4[:’ -n-'i’m:]=-ixE ~116x% + 26" x:ﬁ
: 144

|
Viy oghi¢m cua phirang inh Ja: x = [EB_]

12
2 1+%~Jx- Sz (1)

bidukién: 0<x <1
E;t:t=v';+-.,"1—x;tbﬂ ‘
t* -1

=t =1+ 24x - x* = X — X° =T

t
Phuang trinh (1) trd thanh: 1+§[I:,ﬂ —1]=t¢3t"°r4t+1=ﬂ-=-

G | e =

i

¥ =0
+¥ﬂit=1¢&+¢1—x=1¢[

x=1
+ Vi t=%¢w}x—f =-%phmngtr1nhniy v nghiém.
Viy nghiém cia pheong mnh ¢ cho 4 x =0vx =1

Bai 6; Gidi cic phudng trinh saw:
1.Je —3x+3+yx*-3x+6=23 (1)
B O x+T+VE +%+2 =43 + 3x+18 (D)
Cidi
z
1. Bﬁt:t=x’-3x+3=(x-%] +ga-§=}t2-§r
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Phuong winh (13 ord thinh: b+t +3=3
SR +3+2tF+ i =9 JtEP+ 8t =3-t
{B-tzﬂ

t=
t"+3t=[3—-t}2¢} !

+‘iu'|:!rit:1:.»:~:“—:3:nc+.?1=1«:.1n-:|a;3—31|:+2=i:.h|i»\‘K ;
x:!

Yiy nghi¢m cia phodng winh di cho ld: x =1vx=%2_

1y 7.7 7
2 Part=x° 2= - — - -
: X'+ x+ [x+2] +424:}t34
(2) ted thdnh: Vt+ 5 + VT = /3t 13
w2 2t+6+2JL(t+5) =3t +13
& 2Jt(t+5) =t+8 o 4t(t+5)}=(t+8)°
15 .
< BtP+ 4t -64 =20 t_-‘ﬁuﬂuﬂﬂ
=4
. 2 2 x=1
-Kht=4 2" +x+2=4 o x*+x-2=0¢« 2
X =~
Viy oghidm cda phudng trinh 42 cho 13: [x=12
X=—
Bai 7: Gidi cde phwrong trinh sau;

1 1—\.I"1+~.|"1:+1+1=«.|'x+1

25

2. q'x—d:m +‘u'|:+4m =x
. Gidi
I-yx+vxsl+l=vx+1 (1)
bidvu kién: x > -1
Pk t=vx+1lo0=t=x+1
Khi 46: (1) trés thanh: 1—t2 +1 = ¢

0<tsl Dgtsl
SV it=1-to], ,od 1 est=i
tat=(t-1) T |t=3 3
+‘u"dit=—11¢:-x+1=1{:>x=—g _
3 & g




Viy nghudm cta phwong tinh 45 cho lA: x = —-g.
Pidukidn x> 4 Dt t=Jx-420=t =x-d42x=t"+4
Phudng trinh (1} trd thanh:

JE+d—de+Jt  + 4+ 4t =t7 + 4

o Jit-2F 1+ =P d o t-F+t+2=t"+4 (D
NEut-220tz2 hi{2)jo2t=t"+4

Phyuong irinh ndy vd nghig¢m.

MEuOzsts2 (D et +d=4dt=0
Yodit=0=x=4.

Viy nghi&m ciia phifdng irinh 83 cho li: x =4,

Bl 8: Gidi cic phuong trinh sau:

1 X5 +8-2x" _8x+2 =gx'+6

2, :*—31—5J91{“+x—2=1——2§1

1
4 5

.

Gidi

I“+3—J2xi-31+2=-gl+ﬁ-

o2 - 3x+2-22x* -8 +2-8=0(1)
| 201 & t=~.|"2f—3x+2;t:-ﬂ

Phudng trinh (1) ir thinh:
F_ot-ga0e|ts 2lod) ooy
x=-2
oI -Sx+2=4 oW -3x-l4-0 7
2
Vay nghifm clia phadng rinh di cho I&:x=—~2vx=%
x*=3x-5 E'f+:|c—2=E-Ex (1)
4 9
~1-473
xﬂ—---lﬂ
Pidu kidn: 9x* +x-220 & {*}
¢ ~1+J73
X T em——
18
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)
Phuung irinh (1} = w_wgf X - -% =0 (2)
Pat: b=9x®+x -2t 2 0= ¢t* =O9x* + x -2

Phuung trinh () trd thinh:

1, .
: t = = ={loai)
Y st e atP180t-91-0 = 2
? 36 L
T2
LTI PR L
2 913 ;
s Uy +x-2:-—-4—q:9363 +4x - 8280 =1
X = _Ej: '132695403 ﬂ]ﬁa m,ﬁn {*}
Viy nghiém clia phwong trinh 85 cho B: & = —oo :EQMGE

Bai %: Gidi cdc phodag winh sau:
2

1.\-’1—x+\|’1+x=2—%

2 1+ x)(2-x) =1+ 2K~ 2x7

Gidi

xE
1 w'rl-x+\-"l+x=2—1{l}

Pidukidn: =1 =x=1
Pitt=yi-x++v1+xtz0

=t = 24 21 - x* :}x*:t*—lt‘

4
Phuvng trinh {1} c.—.::-t:ﬂ_l ti..._.*:‘_
4 4
¢t 3 ez
St=2-—+— = t-2)t"+2H* -16)=0=t=2
16 = -2 )=0e

Vdit=2ol+x+yl-x=2cx=10
Viy nghi¢m cia phuong ifinh 43 c¢ho la: x = 0.
2 Jlex){2-x)=1+2x-2x% (1)
Bidukidn -l<x <2
Phuong rnh {1) < v2+x-x* = [2+x-x*)2-3 (2)
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bac t = Srx=x;t=0 St =2+x—x"

t = —1(loai)
Phuong trinh (2)ird (hinh: £t =2t* -3 o 2t -t-3=0= 3

2

"'-"ﬂit=E¢:>2-'Hz—f=E{3x*—x+l.—_ﬂ-::>x=l
2 4 9

Viy nghiém cia piufang tinh da che l&: X = % ,

Baj 10: Gidi cic phudng winh sau:
{x. + 3% + E}{x + 9& + 13] 168x

2.(x +3Jx + 2}(:: + 9% + 13] = 120x

Giai
1, (x+3¢'§+ 2}(x+9«&+15]=155x (1)
Bidukién: x 2 0. Phuong tdnh (1)

e (Vi + 1){Va + 2)(x +3}{vx + 6] = 168x
(x+5~'r_+ﬁ}{x+'?f+ﬁ} 168x
(x+ﬁu'r_ f+ﬁ(x+ﬁ£+u’_+ﬁ} 168x
(

o {x+6Jx+6) =169x= (18Vx)

%+ 6% +B= 13J/x
—_
¥+ 6x +6 = -13/x {phutmg trinh ndy 5 nghiém vi x = )

&:1 _,‘{=1
S E-Tx+6=10 ﬁ[f;ﬁﬁ[xzﬂﬁ

Viy nghi€m cla phudng trinh 43 cho 1a: X = 1v x = 36.
2, {x+3u'":_:+ 2}(:+B-«E+ 18) =120x (1)

Bifn kién: x= 0 .

e (Vx+1){Vx +2)(vx + 8)(vx + 6] =120x
es [{(Vx+ 1){Vx + ﬂ}][(& +2){Vx +3)}=120x

TN {1+ 7Jx +E){x+5-¢r}_:+ﬁ} =120x {2)
V1x =0 khéng |4 nghigm nén:
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{ﬂ]a[JLiﬂ][&Jr 5 =120

—+5&
Jx vx J
o
Bt t = Jx + ;t::E-J'E
K
Phurong trinh (rén trd thinh:
t = -17{lam1}

t+ 7t +5)-120 = t2 + I2L - RE = 0
( 5
t =

; va-.t=5m=&+.}=sm_5¢;+a=n¢[
X
Viy nghigm cia phudng binh di cho b x =4 wx =9

x
X

4
g

Bai 11; Gidi cdc phudag uinh sau;
1.x*+4x+5=2J2%+3

x4+ Jl—x+2xdl %' =1

Gidf
1. X +4x+5=242x+3 ' i
Pidu kién; xa—g

Elm:t=~.|'2x+3:t2£]==t"°:2x+3:>x-——%{t“—-3]
Fhudng trinh { 1) 8 thanh:

1 4 .

S -8) +2{t" - 3)+5=2t
-::-t‘+2t2uEt+E=ﬂ-=~[t-1}{t3+t=+3t+5]=ﬂ

t=1
L
LE‘ + t* + 3t + 5 = Ophuong trinh nay vd nghidm ¥t 2 0
=i=loJix+3=1ox=-1
¥iy nghid¢m cla phoong iinh R x = -1,

2 xSl x+2x1-x¥ =1 {1}

Pidukidn: -1sx =1
Tty suyra: J1=x=1-2x" - 2xf1 "
=1~-x=1+4x" +4x3[1—11]—4f + 81 -x® —dxy1-%*

= :[1+Ex=-f1 _x? —-1J1-x*}=_ﬁ

x=0
L
Ex% 1~ u® —4J1—x% +1=0 (1)
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Part=+1-%x*;t20,s0yra x* =1-t*
Phucing (rinh (2) rd thanh: 8{1-t*)t -4t +1=0

-=-Et“—4t—1=ﬂ¢;[t+%]{8t“—4t—2}={]

éwﬂvﬁngluémﬂtaﬂ

=3

4 -2t -1=0ct —i[‘ital}}
+¥mt=1+£¢12=1— 145 =5“""'E:}x= 5-5

4 4 8 3
Thit lai cdc nghi#m clia phuong trinh ta dugce nghiém thich hop Ja:
5-45
x=0vx=~- 3

Bai 12: Gidi cdc phudng urinh:

= -2
Jx+1 \/2+

2 2¥( l-l-:l-l:] +3-.|'l-xﬂ+“'{1-:]2=l]

{Giai
dx 1 1 1
1. a — =2 Birk 2 =
41+1+J2+21 drkign: x 2
a=+Zx-120 at="x-1
pat: . oy, "
=y3x* +ax+120 [bF =3 +du+l
g & & 2 at+ bl
=a" +b" =8 +Ex=3(x +2x}::u:-{ + 3% = 3
2 F
Phudng trink 83 cho tr thinh; = ;" —_a+b
b;aiﬂ hzxa
Pt =N
- ;b ={b-a)"  |a®+b® -3ab=0 ()

+ Wibrao Vi +dx+1203x -1
=Ix+2x+220vxc R
Phudng inh (1% 2* -3ba+b* =0

A = 9b? - 4b? =5h3_=~a=-3-h—i2"—r§3
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+Va= b

3-J5
2

= 2x—1=¥\jﬁxg+d—x+l
t}E[:T—E‘-ﬁ]f+4(ﬁ-3~.ﬂ'§}x+9wﬂﬁ=ﬂ

Phuong trinh nay cd nghiém kép: &, = Jﬁ; L
Lvaix= 2By

2
o 2x -1 = 34;% ~NBxE +4x +1

a3{7+3J§}x=+4[ﬁ+3¢§]x+9+3£=u
1- J'

— X =

{logi)

Viy nghigm ¢va phuting trinh di chn 1a: x = £2+ 1

2 21+ xy +aY1-xP s Y(1-x¥ =0 {1y

V1 x = +1 khing 13 nghiém cla phedng rinh nén (13 tdng dudng vai:

:rr.+ 3+31 X 2)
'|,| V1+x
bit: 1;=§||1_1lt myiox_1
l+x l+x ¢t

t=-1
Khi dd: (25 wd thinh: 2t+3+%=l}¢:}2t=+3t+1=[}ﬁ {2 1
T2
Vs - e gt X o)
1-x

= 1+ x =x -1 3 phuong trinh v nghigm.

1 1+% 1 9

Viit=—— < - T B T T S

+ Vi - - {x ] x -
j

Viy nghiém cla phudng rinh da cho la: x = - z

Bai 13: Giai phuidng trinh sau:

{Jﬁ —xr +[m+ x]ﬁ =123
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Gial

‘u"i(\n'xi+1—x:].[~.l'x’+1+x]=1n&n
Part=vx®*+1-x lh‘iu'x:‘+1+1=%

Do d6 phirang tink d cho twong dinsng: £° + = = 123 e £ — 123t +1 =D
t

E’-al:}':tﬁthlyz-1233+1:ﬂ¢3:w
_ ) w
o 123-55/8 _(3-5 3§
2 \, 2 s t= 2
= ) -
o 12345508 _(3+5) |, 8+V5
| 2 . 2 A - 2
+ vmt=3'“’fg=- -.|;=+1—::=3""rg
2 2
e yxt+1 = _;rg+x
3-5
X2y (3= £ Ve
L= r g 2 mx:?
x*+]=32+{3_ﬁ];+ 8- v3 :I~:=E
. .2 2
t.=“|r§+3c> :~|:2+1—.1\t="'|r5"r"3
2 2
= :»:3+1=:..:+\‘IIE"”E“I'«M-:-|:=—E
2 2
. J5
Viy nghig¢m cia phuong tfinh di cho 13: x = t? ,
Bai 14; Gidi plundng tiink sau:
2002x" + x'Vx® + 2002 + X* 5002
2001
Giad
Thay 2002 bdiaz 2 > 0
L 1 /.3 ]
Ta gidi phvigng trinh: = T " X 1+ arX ca
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cax' +xtVxiea +xf =8t -2
oxt(as e ra)+ [M]ﬂ—auﬂ
"(a+u"x“ ) [:-.;"x +a-— a){m+a}=ﬂ
o(Vxsasa)(x +fxira-a)=0
ox' s ra-a=0
a{f}z—(mruqu
{::-[f—ﬁ][::’+ﬁ)+f+ﬁ=ﬂ
{:a[x”+-u'rh](x:—M+l]=l}
ox -t ra+1=20(2)

it t=+g*+a>lsuyrmat’=x"+a
Thi: (D = t? —t+l-a=0

1-+dn -3

t = ———— < 1(loai)
@ ; 1
= oxX' =—lyia-3-1
tr_1+~.r4a—3 2( ]
2

™ K = :1:\[%(«."4&*3“1]

Vi a = 2002 ta dugc nghiém cda phuong uioh cho 1: x = :I:J% {/B005 - 1)

) 8 10
Bai 15: Giii phudne trinh :\{ J —4
[ i ii phyong trinh sau: (fo—— + fo—

Gial
Pids kién: x = 2

2
E}at:t=,|| 6 »0=t! = 5 :}3—x=—§1—+1=5+2t
2-x 2-x [ t

Do 84: (1) urd thanh: |

10 (10 4-t

E+t“'¢ﬁ\‘ﬁ+t3P £
et <d tl‘:ﬂt 4

1ot < (Bt} a—t) T { e

t+t

t-Bt* -48=0 {2)
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Xé&t phatdng rinh (2}
Pa: f{tl=t"—6t* - 48 vdi0 <t <4

f{t)=8t7 12t : f{t)=0e [t -
Bing bign thidn:
t fl 4
Fity —~
—48
f6) T

Tit bing bi€n thién suy ra f1) =  ludn vd nghidm vt = (0,4)

=2&=x=-1

= phuang trinh chi cd nghiém t =2 & EE
Viy phuong trioh 4 cho cé nghidm: x = 1.

Bai 16: Gidi phuong winh saw: 1+x—2x" = v4x® -1 —2x+1

Giaj
Pifu kifn: x > % .

1
NEu | ® T T3 thi (1) thda min.
x=1

Phuong winh (1) <> {1-x}{1+2x) = J(2x -1}{2x+ 1) ~Bx +1
o (L-x){1+2x) = 2x +1[[-J'21-—1 —1}

Pit: t = J2x + 1 ; didu kiga: ta_»fﬂf[vizz%]
Ta duge: (1-x)¢" = t{VEx1-1)
¢t=@[ﬁtad§){: £ 0)
,._.,47_}'7--1
(TS 4

el {x-1){VZx "1 +1]
> VEZr+ 1= —2(x-1)

[1—1}[m+1}¢ " Jox 1+

Phuong trinh ndy v& nghidém vi v& phdi 4m, v& i duong.
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Viy nghi#m ¢iia phaong tdnh 43 cho la: x = -% va=1

Chuyén &@é 3: Dit dn phu Khong hodn todn

Bal 1: Gidi phuong tiinh: x* « 3x +1= (2 +3)yx* + 1

Gidi
X+ l=(x+3)vx*+] {1
Patt=+x '+l =t =x7 +1
Khi a6 (1) i3 thdoh: t' ={x+ 3}t +3x =10
t=3

A={x+3) ~12x={x-3) .—J[t_x
+Vait = x = x* +1=x" phrdng trinh niy vd nghidm.
FVOt=83=x+1=9cx=12J2
Vay nghiém clia phudng trinh ndy [3: x = 22+/2

Bai

2: Gidi phirong toh sau: [4x - 1)¥x* +1 = 2x® + 2x +1

. Glal
{4x-1)Va® +1=2x" + 2x +1 (1)
Bt t-ﬁ;tzi
(1) (dx-1)vx +1=2(x* +1)+ 2x -1
= [dx-1)=2t"+2x-1 2’ + (1 -dx)t+2x-1=10
Tacéd: & =(1 - dx)’ - B(2x -1) = {4x - 3¥°

=:t=é—[lu¢i] it =2x-1
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+ Yéi=2x-1
T 1=9x-1c xzl - 4
+1 =4X=- = —
e 3xf-dx=0 a
Viy nghi¢m ciin phudng uinhlh:x:%
- 1
Bal 3; (idi phoong frinb sau: {B-x]Si_;+(:-1] ;_:=2
Glal
. . x=1
Muh#n.{lia



.3—:;: x-1 1

En:t:r;( :mif-—-:- -

! x-1 d-x ¢t

Phucng trinh 43 cho wd thanh:
[E-—x}t+{x-1]-1~=2¢{3-x]t2-2t+x-1=ﬂ

X~=1

' .= —_ 2 = L=
Tach: & =(x-2) =t=1;t T =

3 X

+ Vdit=1 & =lex=12

x-1
x-1 3-x [x-l
[ =
3-x x-1 g~ x
Tém lai; Phudng trinh 44 cho cd nghidm: x =2

2
+ Vadit= ] X =2

Bai 4: Gidi phuong trinh san: 2(1—x)v2x® + 2x -1 = x* —x+1 (1)

Gidl
Bit t=v2x* +2x-120=2x"+3x-1=¢
' =2xf =t +1-2x
(1) wd thanh: 4{1-x}t =t +1-2x-2x+2
=t -4fl-x)t-4x+3=0(2)

Phuong trinh (2306 &' = 4(1-x)" + 4x -3 =4x® —dx+1 = (2x - 1}

t. =1
= (2} ¢ hai nghigm: | *
e Vdit=leryox® +0x-1=1=2x" +2x—1=1
¢x=+x-1=ﬂﬁx:-_—1;—£
s Vdit=0-4xes 2x% +2x-1=3-4x
3-4x 20 _
- _ L o J13-429
. 2x° + 21 -1 = (3 - 4x) 14
x=-1;u"ﬁ
Wiy phuong trinh di cho of cdc nghiém Ta:
__13-v29
14
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Chuyén ¢ 4: Dit hai dn dua vé phuwonyg trink tich hodc tong
cdc dai lwong Khong dm

i Bai 1: Gidi phuong trinh: E{f -3x + E] =3¥yx* +8

Ciai

2[x2—33+2}=3w.|'13+8 {1

x=-2
x'+8:z0 Z2sx<l
\ sifxs1 o

¥ _2x+2=20 x=2

Pidu kign: {
l

x>2
Fhudng trinh (1)

-::-2[12—3::+2]=3J(1+2][12—21;+4] 2

h=x2—ﬂx+i
Do dd {2} trd thinh: 2(b-a) = 34ab

a=x+2
Eriftl:{ * Sb-a=x-8x+2

hxa bxa(*
= 4{b-a)" = Bab = {441’ +4b* —1Tab =0 ()
Phudng trinh (1)
b
Aa=—
1
a=4b
b

K&t hgp w81 (") 1a duge: a=1¢4a=b

SG4(x+2)=x"-2x+4d =x"-6Bx-4=0

¢}|:13‘."|_

e dp? ~1Ta+4h¥ =0 &

i3 (nhén)

xX=Jg+
Viy nghitm ctia phurgng tinh di cho lat x =3 & ¥13. "

Rii 2: Gii phutong trinh: v —1 +x—-8 = 2(x -3)° »2x-2

Giai
STl x-2=2{x-3) 7 +2x-2 (1)
Bifukién: x = 1 :
a=vx-120 {a“ﬂ—l |
Bt = T
b=x-3z2-2 {b®=(x-3)
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Phudng trnh { 1) trd thanh:
a+bz=0

(a+b) =2{a® + b7}
Jﬂ+b2ﬂ {:‘Ja+bal}
[fa-p) =0 " [a=b

EKhia=ber Jx-1=x-83<x=0
Viy piwdng irinh 43 cho cd nghi¢m duy nhit: x =5

a+b=-2b%+2a% =

L]

\Bilj Gial phudng ttinh: VX T 4 4fx vy +x+1-.1+~ﬂi -

Giai
~.|'x—1+-.'r13+x=+x+1=1+*u'1"—1 {1}

Bidu kiém: x = 1

bat: a=yi-120b=vyx" +x2+x+1>0
::'-a.b=J{x-1:'|[13+f +x+1} =4Jx' -1
Phuong trinh (13 tref thanh: a+b=1+ab

-::'-*El{l—b}-[l—l}}:{]q::r{]__b][ﬂ_-”:[}ﬁ]izzi

tV¥oia=-loJx-1=1ox=2
Vi b=t VX +x® +x+1 =1 x = 0(loai)
Yay nghifm cda phudng rinh 43 cho l3: x = 2,

Bai 4: Gidi phucng tdnh; Vx° +2x + y2x -1 = VI +dx+ 1

Giai

Pifu kidn: x = %

a=+v2x-1=z40 a*=8x-1
B =" )
- f3x* +4x+120 (DP=3x" +dx+]
::-a“+h’=3::“+ﬁx=3{x“+2::}

2, 2
:1ﬂ+2}£=a +b
3
Y
Phudng trieh d2 cho wrd thanh: ‘{a ;h =-a+bh
- b;ﬂin_ alb.aa
a_+h #{b—a}ﬂ a+h®=-3ab=0{1)
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Véibzao v3xF+dx+1 2 v2x-1
o 3x*+ 234220 ¥xe R

Phudng trinh (13: 8 —3ba 4+ b =0
A = 9b% — 417 =5l:r’:.wzl=§£:t2ﬂ

- vaiaﬂ*‘@.h
2
= 2x—1=3"2‘“§~.?3f+4x+1
ﬂ-3(?-3J§}x2+4(ﬁ—34§}x+9—3ﬁ=l}
Fhudng winh niy cb nghigm kép: %, = JE; L
- voix= ok Jg‘.b
2
e f2x -1 = 3-"2""'5.'u'[-'Z‘r:u:E +dx+1
~=2x—1=?+§£{3f+dx+l}
ﬁﬂ(?+3\-'§}x“+4(E+3x@}x+9+3\|‘rﬁzﬂ
Phufing trinh ndy cd nghiém kép: x, = = -;E (1oai)
Viy oghid¢m clia phoong rinh 35 cho la: x = "‘I%; L

B4l 5: Gidi phudng tinh: V5x% + 14x + 9 — 3% — x~ 20 = B/x ¢ 1

Giad
Sx? +14x+ 920
Difu kign: {x*-x-2020 =xz5
X=-1

Phutcng rinh (1) < 5x 4 14x +9 = Vx®—x - 20 4+ 5% £ 1
o fx+1){5x+9) = J(x+4)(x-5) +5/x+1

= (x+1){5x+9) = (x +4)(x - 5 +_25{x+1}+1ﬂ,|||5[x +.1}{x+ 4){x - &)
< 2(x* —4x -5) + 3(x + 4 =5J{x2 ~4x-B){x+4} (2
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=/ & _ m
-::}k VI - 4% -8 0 o thinh:

b=+x+4
+29.’+3b*=55.h¢23.’—5ba+3b2-ﬂ¢:a=hva=ﬁ

2
+Vdin=b e Jx* —dx -5 =+x+4
ﬁx”-53—9=ﬂax=5+:ﬁi ;x=5pf{loai}

+ Véi a=%h¢u‘f -4dx - -%Jx+4
o dxt 255 -BB=0=x=8 x~= -%{lngi]

5 + 61
2

vy =8,

Viy nghiém cda phucng trinh da chold: x =

B 6: Gidi phuong tnh san: 61 +x* =2(x* +2) (I
Gial .

Pilukién: xz1
(1) & & fx+ D{x* -x+1) =2(" +2)@)
a=+x+I20 at=x+1
B = 9
b=yx*-x+1=0 bf=x"-x+1
= a?rbl=x"+2
Phudng tinh (2) < 5ab = 2(a® + b*)

¢2a’-55b+2h“=l}¢:~a=-g B =2h

+¥dia=%¢2#x+1=dx’—x+1

5 if thaa (%)

sVdia=2bovE+l=2¢xt-x+1 & 4x*-bx+3=0
phudng trinh nay v8 nghigm.
537

2

= -fx-3=0=x=

Viy nghiém ciia phgng trinh da cho n:x=

Bal 7: Gidi phuong tiinh saw: 1042* +8=3{x* -x+8] (1)

GlAE
Bidu kien; x -2
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(1) = lDJ{x+2]{x’—Ex+4} =3{x’-x+ﬁ}
B=yx+2320 a=x+2

ExiL: =

" b=¥x*=-%%+4 >0 b =x* -2+ 4

=a*+h¥=x* _—x+8
Phuong tinh (0 ird thanh:

1ﬂab=3{n=+bi}ﬁﬂa=-1l}ah+3h==D¢}a=%va=3h

+‘u’dia=§ﬂ3¢x+2=ﬂt’—h+4 {:}ﬁ:EE— LK

+Vdiasdheo Jrx+2 =30 - Ix + 4
<> 8x% - 19x + 34 = O(phucng trinh nay v& nghidm )

Viy nghi¢m cla phuong trinh 43 cho IA; x = EE— LU
Bl 8: Gii:l.phm:rng trinh sau: -
P+l -Ynf-x-8+¥x—8x-1=2 {n

41

Gidi
a=¥rx+1 a'=Tx+1
Pit{b=-¥’—x-8 = b3=—[x’—1:-5)

e=¥x?-Bx-1 ct=x" _Bx-1

(Nedthinhk: a+h+c=2=(a+h+c) <8 ey

Laict: a® +b*+ ¢ = 8 (3

T Dva@ = a’+b v ={a+b+e) |

ea'+b +f =(a+r by +c®+8{a+b) c+3e(a+b)

e a’+b*+ ¢ =R" +b" +¢" + 3a’b + 3ab” + 3a%c + 3b%c
+ Gabe + 3c®a + 3L

<> a’b + ab® + a®c + b + ¢®2 + ¢*b + 2abe = O

=(a+b)(b+rec)(c+a)=0e2a=-b;b=—ric=-a

+NEuﬂ=-h{:>f.nr‘?x+1=ﬁx2—x~5=t7x+1=xﬂ—x-ﬂ
I=—1

q::nf-ﬁx-ﬁ=ﬂc:{
x=9

+ Néy b=—¢#il’f—x—ﬂ=%‘ffhﬂx—1c:::::l

+NEee=-~as ¥ -Bx-1=-97x+1




#:“-Ex-—lz—‘i’x—la:“—x:ﬂg[

x=0
x =]

Thay cdc gid i x € {-1,0,1,9} vio phwong trinh 40 thed man,
Viy nghiém ciia phvong inh da cho la: x = 1-1,0,1, 9} .

Bal : Gidi phuang teinh sau:

Q({E-x}z +{l':‘['?+ x]i =3+§."{T+1](2—x) {L)
Giai
_Aa = 3 _o_
Pat: a=v2 .8 2 X e +b¥ =8
=fn‘7+x =7T+x
Fhytng itinh (1)
a?+b?-ab=3 [a®+b*-ab-=38
Tlatevi = - (a +b)(a® +b® ~ah}=9

{a*+hi—ab=3 I
=

f 1
g+h=3

= 2, b I3 nghiém cla phrong tiinh: X* -3X + 2= 0 ﬁ[

- a=1w a=2
k=2 |b=

k=1 .. T+
f:FE
h‘:2 3'?1.-

L

-
M

H

™

a+b=23 a+bh=3
>
{a+b) -3ab=3 {ab:g
X=1
X=2
=2 '{1- G
= =% = -6
=1 X ==
=1 {:1::1
= =x=1
=2 x=1

Viy nghitm cla phdng inh d& cho i x=-6a =1,

Bal 10: Gidi phuung wrinh sau:

M _Tx B8 w7 Yo _1ax-12 =3 {1)
Giai
B=yx'-Tx+8 8B =x*-Tz+B
Bit <b=¥x"-6x+7T =b=x"-6x+7
e=¥oxt-13x-12 [ =2 -13x~-12

=als+bdep? =27

(2)

Phudgng trinh {1) trdl thinh:
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a+b+c=3¢:[a+b+c]3=2'i' ' (3}
Ty va () =(a+b+ch=a®+b%+¢’

a=-h
= {a+b)ib+c}c+a)l=0c|b=—
c=-a

+¥Vdia=-bthl ¥x* - Tux+8=-Yx*-6x+7

-:Ef-lﬂx-blﬁaﬂﬂngvxzﬁ

+Vib=—ct Yx? —Bx+T = ¥2x? —13x - 12

o X Tx_ 1920 < x o 1 28VE

s Vdic=-ath ¥2x* —18x 12 =3 —Tx+ 8
e xP—Bx-20=0c x=3+20
Thay cdc nghiém Irén vao (1} (a thiy déu thdéa min.
Viynghi@¢meiaphrongtrinhli:

x:%;x:ﬁ;x:@; x =312

Chuyén ¢ 5: Dat dn phu dwa vé hé phuong trinkh

I 1. Chch gidi
Dgng I; Phudng trinh cé dang: x* +b-aYax+b(ne 202 2)

« DA t=%ax1h

s Dtz v& hé dd1 xifng. _

Dang 2 ta—fix) + Yb+ fi{x) =¢; m,nEE*;{

. i u = e - fix) _ v =z —f(x) -
v =%bh+ fix) v" = b+ f{x)

» K& hgp v phuong tfinh 42 cho 2 duge he: {

m=2
nz2

W +v" =a+b

+v=qC

W+ v® =g+ b

2. Biitép
Bii 1: Gidi phuong tinh saw: x* +4x +5 =5 1)
Gidi

Diéu kign: xz -5
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DAt t=+x+5:t20=t =x+5
¥+t=5 (2

Phudng wrinh (1) < he
; {tz ~x=6 (3)

Liy (2 — {3} ta dugc:
' t+x=10

:-:E—t*+t+x:ﬂ+:>[t+x}{1+x—t)=ﬂc:~
t—x=1

+ Vdit+x = 0=t =—x thf vio (1) 12 duge;

i
x' —x-B=0ex,= 1i£21

Vitz0nén -x= 0= x<0 nénnghiém x, bi loai.
+Vdit=x+1the vio(2)ta dute:

X*+x+l=6ax’+x-4=0cx, =_1:F—;lﬁ
Yitz0=x2z-Inénnghi¢m %, bj loai
Tém lai: Nghigém cia phutong wrinh 33 cho 13: x = L _:ﬁ vE= 'Ji_ 1
Bai 2: Gidi phudng tinh sau: k¥ + 1=292x -1 (1)
Cidi
Bitrt=32x-1=tfF=2x-1
Phudng wrinh (1) & thinh:
1'1+1=Et¢:; xﬂ+l_=2t _ {Z)
t}=0x. 1 t+1=2x {3)
Ly (2)— (3} 1a duge x* —t* = 2{t - %)
c::-[:x.—t.;l[:t.ﬂ+1t+tﬂ:|+2[:x—t}=ﬂ .
ﬁ{x—t]{x”+xt+t“+2]=ﬂﬁ x=t
X +xt+t°+2=9 (4)

Phudng trioh (4} cé A, =t* —4(t* + 2} = 8-2° < 0,

do & (4) v nghi@m.
* Vaix=1thE vio {2) ta duge:

x'-2x+1=0s(x~1)(x" +x-1)=0
x=1

x=1
— — -
x+x-1=0 |x= liﬂ'ﬁ :

“1++5
-

Viy nghidm cila phudng trinh & cho ld: x =1v x =



Bai 3: Gidi phuving rinh sau: {/%H: +J~%—1 =1

Gidl
Bidu kidn: x < %

||1 1
A==+ 1=
3 a 2+:~|:

BL: = —=a*+b° =1
b= l—x&ﬂ b* == —x
| pl

Phuong ttinh di cho trd thinh he:
a’+b*=1 Ja*+bi*=1 | 2
£ =% 1 1~ =1

{a+h=1 {b:l—a +{1-a)

g=1

{:aaa+a2—ﬁa=ﬂ-:::ﬁ{ saz-0a=1;a=-2

al va=-2=0

+ "'u"ﬂia=ﬂ=:rﬂ,l|%+x={]¢::-;:-%
. I|1 1
+ Véia=1=3—-sx=2]1l=2%=—
2 2
+ "--"-.’:ri:a=—2::-=i1||1+;wc=—2=::::»1l|:=—E
2 2
1 17

Viy nghidm cha phaong trinh di cho B: x = & Gix=—

[;ii &4 Gidi phueng trinh san: ¥xto1+¥184 %% =5

+ Gidi
a=3x*_1 at=xf_1
Bt - ~ k' -a% =19
Lﬁ 18 + x* b* =18+ x*

Phuong trinh d3 cho ird thinh hé:
E+b=5 a=5-b
A d - 3 3
b -a’=19 " |[B-(5-b)" =19
= 25" - 16b7 + 76b - 144 = 0 & (b ~ 3)(2b° - 9b + 48} = 0
b=3
= | 2b% - 9b + 48 = O(phuung trinh nay vd nghidm )

sV b=3=8+x" 3= x - 13
Vay phuang trinh 33 cho od nghiém: x = 3
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Bii 5:; Gidi pwdng toh sen; ¥Yx -2 «+ ¥6-x = J2

Giai
Biukién: 2<x <6
a=%x-220 at=x-%2
B —
h=4¥6-x=0 b* =6-x
Phuong trinh d3 cho ud thinh hé:
a* +b* =4¢ (ai+b“}2—23.jbi=4
a+b=2 a+h=42
Ea“h“—ﬂab=ﬂg ah=0+v ab=4
=
a+hb=J2 a+bz-u"§

—eteb*=4d

(ab=0 [““ x=2
+ ¥ b—J’E¢ b=130 =8
arR= a+b=142

ab=4d
+ Vi { = a,b 1a nghiém cia phodng trinh:

a+h=+2

x° - +/2x + 4 = 0 (phwdng trinh ndy v& nghigm)
Viy nghi¢m cila phtong rinhdacho lA: x =2 x =§.

Bai 6: Giai cdc phurong toinh sam

l.x+v2-x" +xy2-x* =3
201 —-xF +281 —x* =3

Gini

Didu kign: -2 £ x <2 |

- a = x;a £ 2 af =x*
[ =

b=v2_xtz0 [b*=2-%
Fhutang trinh 43 cha od thanh:

{a+h+ﬂb=3 {&+h+ﬂh=3

=N

a‘+b*=2 [a+h]2—2ab=2.
atb=3-ab a+h_=3—ah a+h=12
aly =1 ab=1
==+ ab=1 =" 2 h{:} _—
b = T a+b=23-al a+hbh=
| |ab=T | |ab =T

= a, b la nghién cha phdng tinh: £ - 2t+ 1 =0 =1

v nghiém
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Swyma=b=l=x=1
Viy phudng irinh 43 cho ¢é aghiém doy nhit « = 1.
o kién -1=x=1

Ia=~.n'1-x2 Eﬂi{a“ =1 x°
tb=8#1-x*=0 (K =1-%

Phuoog trink da cho tré thianh:

2 _ 12 R
FED LT (3ezp) =0
a=2-2b

Pt = a =1

&b -4b +12b-8=0¢ (b-1H{b* -3b+9) =0

= b=1%ib"-3b+9=0({vd nghiém)

ma=l=yl-x=1cox=0

¥iv phudng telah 43 cho ¢6 aghigm duy nhit x = 0.

Bhi 7: Gidi phuang trinh san: 4313+ x + 318-x =8

(1}

a7

. Gidi
Bite kién; 3132 x< 313
- #arx a{]:} a* =313 +x
—4313_xz0 {h“ =313-x
Fhuong trinh (1) wd think hé:
{a' +b' = 628 o {a" + bt = 626

Bt = a' + b

a+h=8 b=6-a
= a' +[E—a]‘ =626 < a' +(a -6} =626 (2)
Ban t=a-~3=~3 tht (2) & thinh:
(t+3) +{t-3)° =626 2t* + 108t — 464 =0
ﬁ[tﬂ=—58<ﬂ{m5)
t* =4

+"'-"ﬂ1t‘u4=~rt" t}a h=hb=1
a=1=h=5§
w‘{a 6_ J¥813+x= 312
- 1 "FF'I{"—'
J313 x =1
1 [4813+x =
-vm{a - Fx=l o x= 812
¥313-x=5 .

Viy nghiém clha phudng rinh 43 che la: x = +312 .

= G286




Bal 8: Gii phucng tinh sau; Vain® x + Yeoa® x = ¥4

Giai
n=¥ein’x;0saxl {aﬁ* =gin’x
BMEL: =
b=%eoe®x;02b =1

Phudng trinh &5 cho trd thanh:

{a"‘ +b* =1 - L{ﬁu+l:r}[[ﬂ+‘r;=u]"E — Bab

. , =z +h =1
=008 X

1 a+b=1%4

=]

1
34.1:.:2."1 =EI'F

b —1

a+b=%4

= a,b 13 nghig¢m c¢ia phudng trinh: X% - ¥aX + ﬁ =0

5.!"1 1 ?Jsinﬂxbé—ﬁ
e.::-}i=?::a-—-h=—-{.q=:~

2 Yeos® x =%iﬁ

Emix_l ® mz
= ic:maﬂx ﬂw::x-E+—-—[mEZ]
cos’ X = —
x=3 |
Vay nghiém clia phudng ifinh 43 cho lA: x =§+%’-‘—[me Z}.

Bal9: Gidi phuong wink sau: 9+ Ja+vx =x

Ginj
Pidu kign: x>0
Egt:a=9+ﬂ_—.;=a:~9

Phudng 1rinh d4 cho trd thanh: grva=x M o foy-a
9+Jx=a

SO N - N R B
ﬁ{ﬁ-&)(1+\|"§+~"_) =0 o JB =% thE vio (1) ta dude:

QeJr=xx- x—ﬂ:ﬂc}&=1+f
1 1
¢x=2[33+2u@?]hw§=5{19+ﬁ)

V4y nghiém cda phudng 1rinh di cho 1 x = %[19 +f87)
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Bl 10: Gidi phuong tinh

JE:{“—1+~.|'rf-3x—2=v"2x=+2x+3+'u"x“—x+2

Cdli
'HS L
- L
Bicd kién: 2: 120 = "E {)
x> —8x-220 xE3+J1_7
i 2

(2 =y2¢ _120 of = 2 1
b=yx*-3x-2210 L =x®*-3x-2

B‘ﬁ.l:‘ a4
c=v2x! +%x+3 >0 e =2x +2x+ 3

d=v*-x+2>0 d7 =x* - x +2

.H.E—h2=:liz+3x+1
e ]

e —df =2+ 3x+1
Phiragng ttlnh 93 cho wd thanh:

a+b=c+d {a+b=c+d

o>
a’-b*=c*-d*  l!a+bj(a~h)=(c—d}{ec+d)

{a+h=:+d {a:c {a“=rf"
=

= a°-b* =p*-4*

a-b=c~d [h=d " |- gs

{239—1=zx*+2x+3 {x=—2
e =

x=—2t}x=_2

X —Ax-2=x-x+2

Mghi&n x = —2 thda min dido kign (*),
Viy nghiém cia phwong tinh d3 cho 1: x = ~2.

Baj F1: Gidi phudng trinh sag:  $¥81lx -8 =x* —2x* + —';— x-2

(1

Giai
Bk Sy =¥B1lx-8+2=iB82x 8=3y-2

= Blx -8 = (3y - 2)' =27¥° - 2.27y* + 36y — 8

:}Ex=}ra—2y2+i}r

J
3 | z 4
¥F=x"-2x°+=x {2)
Tir dé (13 chuyén vé hé: . 3
3x = y° -Ey-“+§}' {3)

Lay {2) - {3} tz dugc:
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Sy -x}=wx?-y° +2{f -f:l+ %{x-?]

:r{x—-:,r][x’ +1}r+y=—ﬂx—2y+%3-]=ﬂ

X=y
it :g’+xy+y”—2‘x-—-2y+1—§—=ﬂ (4)

Phiong rinh (4) & x° + (¥ - 2)x + ¥? -2y+1—33=ﬂ

A, =(y-2y —4[r“~2r+§]=—3f+4r-%

Laich; A =4-40=-86<0
= A&, <0 ¥y = phrdng ook (4) vd nghifm.
+ Vdix=ythd vio (2} ta duge:

4 x=0 x=10
LW A :
*-2frox=dx e “HJE hay 3_3:2@
Viy nghidm cila phuang tinh 43 chold: x = 0;x = 8 iaﬂﬁ

Bai 12: Gidi phuong rinhsau:  &x -8 =(x—8)' +6

lal
4’,,"1-9={I-3}=+E¢:ri‘."x-9+3=[1-3]=+9
Pat: a=-‘1ﬂx—9+3=x-5=[a-3]’a[a-ﬁ]”ﬂ:x
x={a—3]a+9

(1)
a={x-3"+9

Phuong winh d3 cho trd thanh hé: [

=x-an=(a -.3]3—[1-3}3
#x*ﬂ={ﬂ—x][{&—3]=+{x—ﬂ}ﬂ +{a_3][3_a]].
o (a-x)[(a-3)" +{x-8) +{a-3x-a)+1]=0

¢|:I_:ﬂ—3}=+{x-ﬂ}=+[a-3}{x—a}+1=ﬂ {2)

| 55 1% {U=ﬂ—3 thi(D e u +vu+rv 1 =0
r¥=x-3



a=v*—4{v2+1]=—3v=—4¢ﬁ

=+ phitdng (rinh ndy v nghi¢m=> (2) v nghiém.
+ V&ia=xth® vio (1) ta dudc:
(x-3) —x+9=0c |
x-3" -x+8=0
x° — 8x + 18 = 9 (phuong trinh nay vd nghiém )

¥iy phiigng rinh di cho cb nghiém: x=1.

Bal 13; Gidi phudng winh sau;

1 6 1
J3x + 10 * (x +2){3x +10) =m

Gidi
Pidu kign: x> -2
_ g _
Bac a-431+1ﬂ:=n=}{a 53-3:n:+1atlﬂuﬂﬂ_ahg=L1
b=+yx+2=0 3" =Ix+86

Phuang teinh 41 cho wong duong vwdi bé:
a® —3b* =4 g*-3b' =4

2 _ ol 2 _anE = .
ﬂ_{a 3b 4¢{a 3h Yy (B4 b) =32 = 4

ﬂ—bfﬁ a=6+bhb
h=§
i _ - =
= 2bf =12h-32=0 < [h _ -E{Itngi}

Jix3110 =14
Véih=Bosm=1dos on"
Nx+2=8

Viy nghigm cta phrsng oinh 48 cho lA: x = 62,

— x =62

Bai 14: Gidi phiong trinh sau: Jm Wiz, Jf b2y, 20
_ X X 12

Gini

Pitu kitn: 12—§au¢x“-1au¢|x|al

a=f12-220 [gr-12-12
x — : x

Diitr o 19
b= x=+EbD b =x" ~ =1
x3 x

51



=a’+b* =12+ x°
Phvgng trinh g cho ted thanh:

ﬂ+b=xi+§¢-}ﬂ.+b=xf+12+l

2
wa+h=ai+h“+%

2 g
ﬁ[a—lﬂ] +[b—%] =l]~.‘:>a=h=%

12
Malkhic:|xlalzﬁx“+1—f}1:m ¥+ = 21
x P

= b » 1. Do 46 phvdng trinh di cho v8 nghi¢m,

HNo-x+F8-x
Bai 15; {4z phuoig tinh sau: =90-x (5
i PAERE MOo-x-B-x .

Gii
E}il:
{a:“Jlﬂ—x Po10-x > e’ b = 18-2x o{at ¢ DY) = 9-x

—
b=¥8-x  |p_g-x

Via'-b'=2
a’-b* =2
Khi dié (1) 1rd thanh: a+h:.];[ 3+h3}
a-b 2
ﬂ.j—h’3=2
= 2(a +b) = (a-b){a+b){a® —ab + b?)
aﬂ—hEEE a.‘.’l_h3=2 .
I . I
ﬁ{a+h=ﬂ 2 v{{&—h}{ﬂ"ah*bﬂ]ﬂ >
a® -b* =2 {3=1 HJlo-x =1
» HED < Al
a+b=0 b=-1 ¥B-x=-1
*x=9 g
=X =
= P8 -_x==1
. al bl =2
o  H§ (I {a_h]{aa__ﬂb+h3]=33__h3z|[anh}{ai+ab+bﬂ]
aﬂi_h3=2 {33—h3=2
- =
aﬂ_ﬂb+bzzai+ﬂh+bi H-h:u
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g =10 b=0

3 _ 1 _
;{b _Ew{a FE:}x:lﬂvx:S

Viy nghiém cla phistng rinh 33 cho 13 x < §8;%10}

Bai 16: Gidi phuang trinh san: [B cos® X + 1}3 =162e05x — 27 (1

Giai
B a=Zcosx;-2<=a=2

Phuang trinh (1) trd thinh: {aa + 1]3 =8la - 27

Latd3; a’+1=3b

27b? = 81a - 27 b'=8a-1
=

3b=a®+1 g’ =3b-1

=b*~a"=3(a-b)e (b-a){a* +ab+b* +3)=0

Khi 46 ta cé hi: { (2)

e=b
=
[ag+ab+b2+3=ﬂli31
Phuong trinh {3) cé: ﬂ:hz—d{h2+3]=—3h= =12 < ()

nén {3) v nghidm,
Vdiaz=bth& vio(2)1a dide: a* -3a+1=0

= E{4¢ﬂ53 x — 3 rog :nr.ll =-] & cos3x = —%

ﬁ::ig+ﬁ{ke Z)

3
: . n kin
Viy nghiém cda phitong trinh dd cho 13: x = ¢ e (ke Z}).

| Bai 17: Gidi phaing inh sau; 4x° + 2x+ 1 +5 = 12x

53

Gidi

Bidu kign: x>0
E'li;L:‘.I"E+_=ai;_',f+l:=n=‘*.r~2:li;+1={11;r.'+’h::]2=az;',-*z+253.I::-:,"+1:||t
Tim &, b d€ hé sau c6 dang i 2ifng loai 2.

4% ray +b+5=12x 4x* —12x+av+h+5=0
{21+1=a’f+2&b3+b:m{a“f+2&by+hg—1={]
H2 wén Ja h 457 adng loai {2)

a®  2ab E_b’—lﬁ{az—E

U TR b=3

4 12 g8 b+b
Nht vdy ta ducte: Bx+1=-2y + 3




Pidukign ~3y +3>1 =y <1

T_12x—-2v+8=0 2x®* — Bx — 4 =0(1
Ta o hi: {4]: XTaye 4::.'#{ :I: oy ()
dv* + 13y - 2x+8=10 2y =y -x+4 =10
:2(xi-y=]-ﬁ{1—y}+x—y={]
X =y
= (x-9)[2x+9)-5]=0w| &
X+F ==
2
+ Vdix=y1h& vao (1) ta dude:
x_'?:l:u"ﬁ
4 .
I -Tx+d=0¢c iy=x< 1}
7T+ V17 {
X = (loai)
| 4
. ] ] L 6 _
+ ‘»Fﬂ11+:.r=§:}3=§~xtadm;lc. 2x —ﬁx—E+1+4—ﬂ
=5_‘Jﬁ{lﬂgidn}'{ 1} .
2 3 4
= 2x" -0x+ =0«
2 x_5+1,'"1_3
L 4
L _T-V1T
- . - 4
Wiy nghiém cda phudng tinh 43 cho la:
- x=5+-f1_3
4
Bai 18: Gidi phuong irinh sau:
x“’+[3-a“}a=3g¢jﬁx+(xﬂ—3]5 {1)

Giai

. P t={{3x+{x’—3}a:}t3 =3:+(1“—3}a

_ x:‘+{3—aﬂ]a=3t
Phuiing irlnh (1) ord thanh: < .
t? = :;"i:||:+[.a2 —3]3
X -3t={a'-3a @ [x=t
—
t' - 8x = (a® - 3}a x? 4 tx+t?+ 3= 0%
Phudng trinh (*) ¢6 A = % = 4(t* + 3) = —3t* — 12 < 0 nén {*) ludn vi nghiém.
+ ¥aix =t thé vio (2} 1a duge:

54




xa-3x={a2uﬂ]aﬁf—ﬁx—a“+ﬂa=ﬂ
. X=A
~al{¥*+ax+a*-3)=0 '
= (x-2){ «-9) L=+ax+a“-3=ﬂ @
Phugng trink (3) c6: A = a® - 4{a* -8) =12 - 3a’
Néuw A<D e 12-83a% <0 |a]>2 i (3) vO nghifm nén {1} c6 nghi¢m
duy nhat x = a.

Niu A=0<ta=+2th (3 o6 nghiém kép: xﬂ=—%=11 ngn (1) cf

x=2vx=-1ndua=2

nehidm: [

Néu A>0e¢ 2 <m<? ihi
1. N&w(3) cd nghid¢m x = a.
Tr(3) =n‘+a+a*-3=0=>a=11

x=-2vx=1nfua=-2

=1
+NEua:Ith‘i{i‘-}trﬂthﬁnh:x2+x—2=ﬂ¢[1 2
X =—

- g _ x=-1

+ NEua=-lthi{¥ trdthinh: x° -x-2=0%& L9

b. MN&u {_2 = i <2 thi {3) & hai nghigm phdn bidt khic a.

a==
x._—aile—aa“

2

Tém lai:
+ MNEu |a| > 21 (1) 6 nghidmx=a

+ Nén azzllhﬂl}-:-&nghi{:m ¥x=2vx=-1
a=_

+ MNéu "= Izth‘i (1 conghitm X = ~2vx=1
a=

- < 9
+ N&u { 2<8<2 (1) ¢ ba nghibm phén biét:
g =il

XxX=n

-a £/12 - 3a°

z




Chuyén & 6: Phuong phdp luonyg gidc hda

=R t| ——=t=<—
K 311 [ z 2)

x=acost{l<tsn}

a. Khifin x e[-a,a]vdia> 0 di

x= asin’t [ﬂ <t 5%]
b. Khidn = x<athl dat

1=amaﬂt[ﬂit£%]

T K
- I Iln{o
l dat x amtvﬂlt [ 2" 2] {0

d. Khi phuong tlnh chda x* +a® thi d8t x = atant(—g “t < g]

¢. Khi phuong trinh chifa x* —a® thi dit x = ﬁ?d‘i t (0] {%} hod ¢

1. Cicdje trning . |
_ . rr i

2. Baiigp
Bai 1: Gidi phueng trinh saw:
N e T N s

Gl&i
Pidukién: -lsx =1

Pit x=cost0stsr=>antz0
Phuong trinh (1) i (hdnh:

dl+dl-cas“t[vf{1+uust}a --J[].-Eﬂﬁt]ljl::%.p %
> 2l +sint J—[ms = —gin -] %—r”“t
= 242 [EDE% + ain ;J[WEE -mn%
-#[2+sint](ﬁcﬂat~l)‘=ﬂ
< coat = L — 1

A R

vy phuong iinh 43 cho ¢ nghiém duy nhit: x = :;,l—ﬁr
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Bal 2: Gidi phuong trinh sau;
1+a®) (1-a%Y _
[ +E]-[—-E—J =1 (1) vaidcacl

2a 28

VoiQea<l]

1+afY) 1-a%Y
Phizdng trinh (1) < =1+
B wink (1 [ % ] [ 2a ]

I L1
1;: ].tﬂdu'i‘.ﬂ'ﬂ:

{2 Y (L-a}
1_[1+a=] +[1+a*] 2

Vidza<]ntodit a= tg%thj me[ﬂ.%]

Chia hai v& ¢lia phuong trinh wén cho [

Do 46 (2} trés thAnh: 1 = (zin )" + (cos o) 3

singl" = sin?
+ NEux <2 I: q}}l e
(conp) > cos® g

= (sing)" + {cos9)" > asin’ 9 + con® ¢ = 1 n&n (3) v8 nghidm.
sinp]” < ain’
+ N&ux>2thi ( IP]I ®
(casp) <cos’ g
= (sing)" +{cos¢)" <1 => (3} v& nghiem.
Da 33 phwidng trink (23 chi c6 thé od nghigm x = 2.
Viy nghifm ¢lia phagng trinh 32 cho 13 2 = 2,

BAI 3: Gidi phuong triah sau:

#aJ1-x) =x2(I-2)

Gidl
Pidukitdn: 1-x*20=-1=x=1
Bl: x=cost;t e [0, r] = sint = 0

Phuong triinh (1) trdf thanh:

coa®t + J{l — cOoB® t]a = £os t.JE I:] — cog’ t} {2}
&> cos’ t+6inTt = 2 cost.aint
&= (cost +aint)(1-cost.eint) = V2 cost.sint (3

57




Bi vy =cost +mint = ﬂain{t +E]

VaiO<t<athl ye [-1,\@]
Phyfdng Lrink {2} trd thnh

}*[1-—2—-] -.Jr_j l_o my[ﬂ—yg}m&{f-l}rﬂ
n:.'3+q"§:.f=-3y~ﬂ=ﬂ ;}{y—ﬁ}yﬂj

- y =3
y= .
¢ =2 ~1{loai
|: 2+ 92y +1= {] 4 (oai)
¥=—+2+1

2
Vdy = 'J'_ﬁ\@sm[t+1] J_mt-1+m2n :ax=cust=i;-_~

Vi }'I-y'rﬁ-kl-:::-ﬂsln[t-r ]——q"_+1

-:::aint+nnﬂt:1--,-'§¢ 1-x* +x=1—\-"§
(Hillt=‘i.|'lll—cﬂsit=“~h-xﬂ]

x<l-2

1—;2=3—2v§—2(1-&]1+x*

1-x? =1—‘u"§—!t-::}[

[-1 sxs1-+2 _1-&-&?2:1_
=X = 5 |

T l2xt~2(1- VE)x+2- 242 -

Vv aghidm cia phtdng triinh 48 cho 3.

J2 1-2 - 242 =1
2

E=—NWk=

3

1 1 1

Bal 4: Gidi phuong triinh sau: 1o 4 ——mm =

-1l-x l+41+x 1-1[2

Giad
Bidukidn: -1 < x <1
Bt x = costit e (0, 7) = sint >0,
Phudng trinh 43 cho ted thinh:
i 1 1

+ -
1-1-co8t 1+-l+cost ~i-cosit
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1 1
L= +

1
1—‘~u'|§ﬂin% 1+ \Ecua-; sin

2+ Jﬁ[ma%—ﬁini]

2
=

i Sint =1 {13
1+-ﬁ[ms%msin§]—sint
t t t =
I : = —_——-E—= —_ 4 =
Laidi: ¥ cos 2~ sin g -.."_-:::}3[2 4)

VaiQ<t<nthlye(-1,I)= ¥y’ =1l-sint = sint =1 -y
(2 + \I'E:r){l - yi}
_ : 1
Khi 2 (1) trd thanh 1+ﬁ}-_[1_32}
c}[:2+w'r§3r)(1-y=}—y’_—Jﬁy=ﬂ{:-d’i_‘y“+ﬂf—2=ﬂ
(2
AL F—E](ﬁfa+4y+2\ﬁ)=ﬂ

W,

(2 =32 2
=YY 2

h&}fi +4y+2=0 [y+q"§)ﬂ

+ vdiy=—d§-=~ﬂms[é+g]gi§
Tt m2n
-:rms[—+—-)=l¢h 2 4 3 {m e Z)
2 t = I
—+—=—-—+2mn
2 4

t= -T—ﬂ+ m4r
G

+ ‘h’ﬂite[[},r}ﬂt=1ﬁt~

= Npghi&m ciia phuong trinh 83 cho la: £ = cost =

|3
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Bal 5 Gidi phudng trinh sau: u"l +1-dg® = x[l + sjl + -J'ri + 241 —4%° ] -\

Gidi

) . x=0 1
Bido kign: , =Doxg=
1-4x° =0 2

Bit x = %cus t, te [E], %] thi phydng irinh 43 cho trd thinh:

E«j1+¢1—mszt =m5t[1+ J1+wa1—ms“tJ

=1 2~.."1 +gint = cust(l +4 1+ Esint)
ot ¢ R E Lt :
= E[Hm- + 008 —] = [cus- - SN —] [cus- + BIT —]{1 +4J1+ Esmt}
7 2 2 2 2 2

-:::2=[3in%—cns%]{1+dl+23int} (2

[ﬂ{lstiinén ain£+ms£}ﬂ]
) 2 2

Bﬁl}'=m5%—s_iﬂ%2}5int=l—}*g

Véi ﬂﬁtﬂ%:&ye[ﬂ,l]

Khi d6 (2) trd (hanh: -
2=_-,r[1+\[1+2{1—f]} o 2-y=yf3-2y°

o(2-y =y {s-2¥) =2y -2y -dy+4=0

ﬁ::{:.rwl]{;ra+:,r2-2:]=ﬂ=::v[y-1]9{}'2+2}f+2]=[}

=v=1
+ Vi —1:}m3£-sin£-lﬂt—ﬂ'(ﬁﬂstﬁﬁj
¥= 3 2 2

= X = % 14 nghig¢m cda phudng trinh dd cho,
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Chuyén &@é 7: Ding phuong phdp 61 lap

1, Cdch gial

Bé gidi phurdng trinh 1(x) = 2(x) thi ta chiing minh
fix) = gix) b. {i{x) = p{x}
¢ f{xl=A=pix) : d. fx)z Az gix)
e. Chirng minh f{x) v& gfx) c¢dt nhau tai mdt difm duy nhit.
San dd xét ddu “=" xivra.
1. Clng ey si¥ dyung

a. Dang khao sdt him s

b. Ding bit ddng thic Casi; Bunhiakopxky

¢, Dbing tigh chit chia bt ddng thic

d. Bua v& dang fiu) = f(v)

Fa

3, Baitap
Bail:  Gidi phooog ionl: V& +15 =82 —2+4/x° + 8
Giai
Vit 416 =32 -2+ Vx® + B> VX + 15— x® + B = 5x - 2
7 2
Lt =X -2 PDK:3%x-220¢e x % —
WK +16 4+ yx2+ 8 3
7
Exar fix) = :
Va2 + 15 +x* + B

D& thiy fix) 1A him gidm lr&ﬁ [g ;+m]

g(x) = 3x - 2 la him wdng wén [%,m]
Nen df thi hivm () v g(x) chi o6 thé cdit nhan tai mdt diém duy nhdi.
Laich: fily=g{l)=1 nénx =1 1a nghiém duy nhét clia phdog trinh 338 che.
Bai2:  Gidi phudng trfinh: V2x+ 1 +4x+5+ J6x+5 = 11
Gidli

Pidu kién: x 2 —% .

Bat fix)=vZx+1l+Jx+5+-5x+ 552 _% .

4

Fix)=

1 1 . & 1
—_— % = ¥x >~
VZx +1 EEJL-I-EI Jox + 5 ¥ 2
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= [{x} 12 ham tdng rén [— %,m]

Lai c6: (4} = |1 oén x = 413 nghiém duy nbdi cia phwdng irinh.

Bai 3} Gidi phmjn_g. trlah: Vx© -2%x -yx -2 = ax — x? _2 (1]
Gial
Bide kién: x 2 2
Phuong tfinh (1) < y'r;i—ix+f~21|:=-\l'x—2+x-2
— ok
Dat: {u—x 2x =0

tﬂdlﬂjﬂ:ﬁﬁ-u:u‘:’-'F\'
v=x-220

Xéitamsf: S0 = i+t; P =z +150 vi>0

2t
= f(t} 14 him ting wén {0; +)
Do 36 f{u]:f{v}ﬁu=u¢;~xz—21=x—1
=1 (losi =2
¢x3_3x+2___ﬂ{j|:x Etngl}dux
x =

Viy nphiém cia phuong rinh d3 cho la: x = 2.

Bai 4: Gidi phudng winh: 2x* + 8 = 4v4 + x* + 49x* - ¢

Gisi
Theo bl ding thitc Cosi ta duge:
2y +B=}~:v¢‘t +lx“ +lx"‘ +lx‘+2+2+2+ 2>
i 2 2 A

o ot ox* oxt

E‘{(E.F.E .E.z.z.z.z = 8x°
Mat khdc theo bat ddng thifc Bunhiakepxk: ta c6:

Warat +4fE- a0 < [32(4 e 5t + 2t - ) = odx' = 8y

Do &6 d4u bt dnp thirc x4y ra khi v2 chi khi:
{Ex" + B = 8x* [sz—ﬂ}i = (]

=)
44 & x' + dxt -4 = 8 ,J|'4+x"-+qlrx“_4=gf

hé ndy vi nghiém

Viy phuang trinh i che vd nghiém.

Bai §: Gidi phuong trinh: V8 + x° + J6d - x° = x' - 8x* + 28 (1)

Giai
B+x' 20 ﬁ{xz—z '

= 2cxod
64 -x* =0 x4 x

Bidn kién: {
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Tacé: x* — 8x° +EB=(:{2 —4}2 +122 12

Theo hat ding tnic Bunhiakopxki ta duge:

18+ +1464 =" < J1+ 1){8+ 70+ B4 -x*) = 12
xt -8xT + 28212

N8 e xP w8 x <12

= Ddu "="trong {1} xdy ra
{x*—axﬂ+23=12 if—-i:ﬂ

—
Jaixd +Be—x —12 JB+x® = JBa-%

Do ddé: {

X=212 0 niy v6 nghié
— = il | ¥ DENEM
75 = hémayvong

X =

Viy phudng trinh da cho v& nghiém,

Bai 6 Gidi phuong irinh: 2 — ¥® +,|2—— [x+—]

Pidu kidn: —ﬁsxs—T J_ixﬂx-"_

Phudng rinh di cho < 2 = x° +|||2—iﬂ+x+l=4
. X X

Theo bt 34ng thitc Bunhiakopxki ta cé:

V2 - x +,||2—i2+x+l£J(1+1+1+1][2—13+2—i3+x2+i2]=:~
X X X X
V2 - %" +1||2-—12+x+154
X X

D biit ddng thitc xﬁy ra

ey Xt 2——~=x=—-:::-x=1
x x

Viy phwadng trinh 42 cho c6 nghidm duy nhitx = 1.

Bai 7: Gidi phuong trinh: &x + 1 x+Jx - JT-x =2+ 48

Giaj
Bifu kign:0<x <l
Theo bt ddng thuic Bunhiakepaky ta du‘i;:'c
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3+ ¥T-x 5 [2(Vx+ VI-x) < J2)2(x+1-1) - 2/3 - 48

Jx+fl-x<2
— Y+ ox e S+ N-xcS2+ 48
2= R

Do 46 dSu diae thie xdy ra <= o
E :'r {{:4'I1—1

Viy phirong trinh 43 cho cé nghiém duy nhil: x =

x=]1—-x<n u=

1
5

Bai §: Gidi phwdng inh: V% + 2x + y2x- 1 = ¥3x% + 4x+ 1

Giai
Didu kién; x 2 %
Theo bil ddng thife Bunhiakepaky la duide:

Ve e 20+ W20 -1 = XX e 2420 -1 5 {x+ 1) (x+ 2+ 2x-1)

= Jx?+2x +2x -1 2 JIx® + dx+1

=» Dau bt ddng thic xdy ra

Jgooo1
= = e X{2x-1l)j=x+2
Ex+2 Jﬂx—l { }
X= 1_;% (loal}
= 2x* - 3x-2=0&
l+q"§
X =
i a
1+-,,Ir§

Vv pehig¢m cda phuong vich 83 che ta: x = 2

Bai9: Chdi phvong trinh: .

12-31=J3—x.~4"4—x+~,"4-x.wu'rﬁ——_x+~..l"_5—xu'r3—x

Gini
3-x=0
Pidukign:<d-x20 <= x=3
G-xz20

Thee bt ddng thiic Bunhiakopxky ta dudle:

-J'E—x.«.,"rl—x+~."4—x,qrﬁ—x+_«.|"_5—x.~.|"3~x£

sJ3-x+4-x+5-x)(3-x+4-x+5-x)212-3x

Do 46 dfu ddng thifc xdy ra
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Ji-x VE-x VBTx T |B-xd4Tx=6-x
- (3-x)(6-x)=(4-%)° - {1.5—8:.:+::'.“=1lE3—E:|-:+:n;E
{4-x}{8-x)={5-x)° (L -x}{3-x}=(5-x)°

¢ ndy vd nghiém,
Viy phugng trinh 48 cho v6 nghigm,

- 3~ X _--.H-—x _Jﬁ—x - {¢3u1¢541=¢—1

z
Bai 10: Gidi phudng trinh: 71— x + 1+ x = "T +2

Gigi
Pidu ki¢n: -1 £x <1

Thea bil déng thiic Bunhiakopxky ta dugc:
Jl-x+lex £J2{I+x+1—x] =2

Mat khic: “T+222

Do 46 ddu adng thife xdy ra e {::1 -ﬂx =V1+x = x=0
Viy phudng trinh 35 cho e npluém: x =0
Bai11: Gidi phuong trinh: V17 - & +2x° - 1 = %
Gini
Didu kidn: {” X020
2% -120

Theo bt ddng thitc Bunhiakopxky ta duyc:
JI7T o 32 =1 =315J34-2xﬂ NEf s

< J[% + 1}{34 - 2x* + 2¢° - 1)

= J17-x® +J2xf-1¢ 9—;

= Diu ding thiic xdy ra = J2434 - 2% = 2y 1
= 2[34-2x°}=2xﬂ—1ax‘=% théa ()

o 73
T ig/-—-
x 5 2
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Viy nghiém ciia phudng twink d cho 1 x = ta{ﬂ_;

Bail12: Gidi phuong tiink: xvx + 12 —x = 2,/3(x* +1)

Gidi
Didukitn: 0sx 512
Thee bit ddng thite Bunhiakopxky ta duge:

xx+412-x < JI +1{J|:+12 :r.] ﬂIlEx +1 2.,)3: +1

dfu déing this
= dat dang 'l:]l'.ﬂ}'l'ﬂ':ﬁ'T m
an 312 - x = Jx & x° (12 -x%)-x=10

x=0
x=10 =1
o> = =
x{12-x}-1=0 X -12x+1 x = Eiﬂ"aﬁ

Yiy nghidém cla-phuong rinh di cho lA: x =0 v :!:=IE-':IIIE
Bail3: Gidi phuong tinh: (x+ Byx + 4){x-Jx+4)=36x (1)
Gidi
Bidukién: 5 20
Vix =0khing th nphidm cia phaong trich (1) ndn:
(1) e x+3&+4lx—ﬁ+4 35
Jx Jx
:p[\.";+ 4 +E][x+i—1)=ﬂﬁ
Jx Jx
Theo bit ddng (hitc CAsl ta ¢d: ~.|";+ji= zd = -\E+%+E >12
x x

Lai ¢6: £+—J‘,1_—a-123=[E+%_+B][&+i-1]:36 '

x

Do 46 dfu ddng thic xiy ra o ﬁ:jtﬁ x=4
. x

Viy phirong trinh 43 cho cé nghiém duy nhit: x = 4.

Bai 14: Gidi phuong trinh:
I+ 2Jy-14+3Jz- =%(;+y+:+11} {1)
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Giai
¥zl
Pidukién: {y 21
z =g

e x-2Jx+v-4fy-l+z2-642-2+11=0
o (Vx-1) +(yy-1-2) +(vz-2-3) =0
Jx-1=0 %=1
= ,l.'ry_;_l—ﬂzﬂ = {¥=5
Jz-2-8=0 z=11

ix=1
Yiy nghi¢m coa phuong winh 33 cho la: ¥y =5
g2=11

Chuyén &@é 8: Phuong phdp Khdo sdt ham sé’

1. Binh ¥
| Phuong trinh fix) = gim) {m 14 tham 58) ¢6 nghitm x & D
<> him gfm) thude midn gid trj ela ham 58 (%),
2. Céach gl
e 1: Tim diéu kién 4€ phuong winh xdc dinh
Bude 2: Patsn phu t inéu phadng trinh phire 2p)
Bude 3: Tim mifn xdc dinh ¢ia 1
Bude 4: DPua phuong 1inh v& dang f{t) = gim)
Bude 5: Khio sé va lip bing bifn thign ham (1)
Bude & Dya vao dinh 1§ rén 4€ tim m.

3. Baitip

Bail: Chophumng rink: Jx+4-z-vydx-x*=m
Tim m d€ phuong trink ¢6 nghi¢m.

(1)

Gidi
Pitukidn: 0<x <4

2-
Dt t=ofx e Jd-x=Jdxn—x° =t 24

po 1 1 Ja-x—vx
2z Ia-x 23::;4 -x
e Ji_x=Jyrex=2

67




Biny bifn thidn
x [0 2 4

¢ + 4
2.2
Theo bing bidn thién = 2 < £ £ 2./2
Khi 46 {13 wd thanh: t— %{t"’ - 4} = (2

DE (1) c6 nghi€m ki (2) cd nghiém t € [2; 2.,.@]
. 1
Xénhim 56 fl{t]=t—i{t2+4)
f'{t)=1-t<0 vie|22/2]

Bing bién thién

t |2 2.2

Tl

Z
ﬂr,t:l ‘-\-\-“‘*--2& _n

Theo bing bidn thién = y&u clu bii todn duge thda mén

c&ﬂﬁ—ﬂimEE

Bai2: Cho phudng rinh:

J2+x+42-3-{2-x) 2*i=m (1}
Tim m & phitung trinh ¢4 hai nghi¢m phin bigt.
Giii
Pifokién; -2<x<2
{1}-:}J2+x+~."2—x-.f[2—x}{2+x]=m {2
1
B t=\'r2+x+\n"2—1:},4'r{2+x}(2-x}=E(t“—4]

P 1 J2-x-V2+x
2W2+x 242-x 2.4 — %2
E=GC}J2—K=\||I2+x{‘_‘|-I=ﬂ

Bing bi€n thido '
x j-2 0 _ 2

t =

¢ + 0 -

A 2_/’2&\\_2
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Theo bing bifn thite = 2<t< 242
Khi 46 (2) wd thinh: t--%{t’ )=

* Ung véi mot gid it e {2;2V2} th phuong tiah t=y2+x++2-x c6 hai
rghi¢m x phin tadt,

1
Xéthams8: flt)= t—E{tE —4}

Fiit)=1-t<0, vte|[22V3]
Bing bi€n thién

t |2 2.f2
£(0) -

2
| T — 5

Thee bdng bi€n thién = y&u chu bdi todn duge thda min
@ 2J2-2xm= 2

Bai3: Cho phuang trinh:
2(I+JE—xEJ-xJ2-1E-3m+2={] {1}
Tim m d€ phiang trinh ct hai nghi&m phan hidt

Giad
Didukign; /2 £ x 52
Pat t=x+v2-%x% = xy2- =—;r{t r-E]

doo1o % zwfﬂ—x?—x
;E *° Jﬁ-xa
=D Jy2-xf sxesx=1

Bing hi&n thign
X -2 I J2

I + 0 -

2
| | _ﬁ,.-—“"fi. -\H““‘—uﬁ
Theo bing hién thign = —2 st 5 2

{ljlrﬂlhinhzﬂt——é—{tg—ﬂ]+2=3n_‘j ﬁﬂt-%t%:i:am (2}

¢ Bi&n lofin 0 eghidm todng quan gida O3 % (dya vAo bang bi&n thi€n}
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+ Ung vdi moL gid uj te [u@. 2} thl phuong trinh £ = x + ﬁ vd diing hai
nghiém x phin bigt,

+ ﬂng vdimdigig o te [—JE;E} v { = 2 thl phudng trinh t = x+ﬂ G
ding mét nghifm x.

Xét hamesh: fl[t]l=2t—%t2+3 ; ity =2-t; F{t)=0=t=2
Bdng hi&n thién
(| =2 JZ 2
fith +
5
fiL) o4 2.2 e
9. 9J3 =

Drfa vio bing bi€n thién vi céch bién ludn s nghiém J trén, ta suy ra (1) cd
hai nghiém philn bigt
& {2} 6 ding mdl nghigm t [u@; 2}

= 2+Eﬁ53m{5¢é(2+2ﬁ}smq%

Biid Cho phuvng iiinh: (x+ 1}(x~3)+vB+2x-x* = 2m {1
Ttm m dé phudng tfinh cé nghi€m,

Gigdi
Didukign: —2<x 54

DAt t=vB+2x-xf = J9-(1-x" £3051%3

e ¥ -2x-8+y8+2x-x' =2m
& B-t'-8+t=2m & -t +t+65=2m {2)
B& (1) 6 nghigém x < [-2; 4] thi {2} ¢6 nghiém t € [0; 8]

Xét ham si f[t}:--tﬂ-ptq..ﬁ
Fit)=-2t+1; FEt}:ﬂgt=%

Bing hi&n thidn
1
o - L)
8 2
¥ + 0 -
21
0 //":i_
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Theo kdng bifn thign = yéu cfo bdi todn dudc thda min

—lﬂimﬂﬂ e::}—--l—ﬂ EE
4 2

8

Bai5: Cho phuong trinh: vx + v — % = yBm + 4x — x* (1)
Tim m d& phucng tiinh ¢6 nghiém.

Gidi
(e d+ 2¢dx—x% = 5m+ 4x - x*

o Mldx - ¥ —(41—:¢E]|+5=5m {2)
Patt=vix-x® = J4-{2-3)’ €22 0<t<c?

(2ytrd thanh: 2t —t* + 5 =-5m (3)

B& (1) cd nghi¢m x € [0; 4] thi (3) o6 nghi¢m t  [0; 2]

Xethamsd: ey =2t-t+5; f{)=2-2t; f(t)=0ct=1
Bing bién thidn

0 I 2

ity + 0 -

1) 5'—"-__,_,.--"5 '“\\‘5

Theo bing bi€n thidn = yéu cin bdi todn dvge thda mln

c&ﬁﬂ-ﬁmﬂﬁalﬂmﬂ%

‘Bai 6 Che phvidng trinh: 'J'1+\.|'Ex x* +'q"1 2x+1 =mil)
Tim m &€ phirdng tinh e6 nghigm.

Gial
Difnkitn: 0sx =2
Pat=vax-x" =l-(1-x c1=>0<ts]l

(1) wd thanh: V1+t+4l1-t=m (2)
Xélhimsd fi)=y1+t+42-1:
£ty = I-t Vit : Pty =0ot=0
21— t?
Bing bién thién
t |0 |
£t} -

O Y
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Theo bdng bi&n thidén = y&u ciu bai todn duge thda mina

e J22ms2
Bai7: Cho phwong trinh: +2x -3 + V2 -x = m({3x + §) (1)
Tim m &£ phudng trink cé nghiém.
B Gl

Bidu kii}n:g <x =2

e NEL VZx-3-v2-x=0 o x=% thi {1} v nghidm

e Khi v2x—-3 -2 —x + 9 ;nbhénvé vEcha (1)chu v2x-3 -2 x
ta dungfe:

{\u'rﬂx-3+-f2~:-|:}(JE:—3—JE—I}=_m{ﬂx—-’i][wfﬂx—ﬂ—qrﬂ—x)c}

3x-5=m(3x -5)(VIx -3 -2 -x)

& 1=m{J2x-3—J2—x]m 1 _ B 3_y1x (2 (m=0
m

B {1} cd nghidin x € [g;ﬁ] thi (2) cd nghiém x E[g;ﬂ:j vix= t§+

XNéthimsd: flx)=y2x-3-y2-x
1

1 3
f'ix)= + 0, vxes|—;2
(R e e E[z ]

Bing bi€n thign

3 5
— - 2
"2 3
fix) + +
bl
1
E -.._'______...--"
Fix) & /_,—"'
2

Theo yéu efu bii todn = y&u cdu bdi todn duge thda min

gglgl 151115&

I

4 —r

1,2 6
m 5 2

Baj 8: Cho phufong tinh: o¥x - Jx? -1 +.w.l|:+-.,|'x=— =m (1}

Tim m € phudog trinh ¢ nghi€m.
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Gini
Pidy ki¢p: x = ]

Ta mﬁ'y:\l'lx+-q"x2—1.\lrx—w."x“—1 =1
Bt t=2"~.l|x—w'x2 ~lzithi vx-vx* -1 =:12r

{1} ¥} th3ph: %H‘.E =m (2)

Bé (11 ¢6 nghiém x = 1 thi (2) ¢6 nghiém 2 1
Xétham fit) = % +tf

ﬂ —
£(t) = -§+2t " 2.:—31 Ft)=0et=1
Bang bién thitn
L 1 +
fit)

f{T.:I' , ’____,__——-"-'_'—-_-‘ +7

Theo bdng hidn thign = yéu cdu bii todn duge thda miin
omai

Bal9: Cho phuong irinh:
m{Virx? +1-o 21 =2 -2 e Lt 1T 53 )
Tim m &€ phitong irinh 6 nghiém.

Gidd
Bidu ki¢n:—1 € x < 1
Bt 1:=~¢'rlr1-:l|:2 +-u'r1-:a:2 = 2l —x* =
J1-%x% =1+ x?

=" " . ' =0@x=0
V1 - x*
Bing bifn thign
1 |- 0 ]
¢ 0

tﬁrﬂ\“f

Theo bing bi€n thitn = V2 €152

Frt+l
t+1

DE (1) ¢6 nghidm x € (-1 11t (2) c6 nghiém t €[ v2;2]

(Lyrdthanh: mt+l)=t*+t+l e m=
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2 +t+ 1l

z
Xéthhm f(t) = fe) = L2t >0 vt e [V;2]

+1 (t+1)
Bing bign thién
T N 2
fit) +
7
£0) " 3
22-1

Theo hing bifn thign = yéu clu bhi todn dugic thia mén
oWfZ-1zms ?:i

z
X

Vx -1

Bai 1z Cho phuidng irinh: 16vx -1 + = mX {1}

1. Gidi phrong tAnh khim = 10

2. Binh m 4€ phudng trinh ¢6 nghigém.
Gial
Didu kién: x > 1

vx-1 x

Khi 86 (1} 16 =m (2)

batt =
Bing bif thién

1 1

t' +

t n/

Tirbién thitnsuyra: 0=t < %

Phucng trinh (2) te& thioh: 16t + -11; =m (1

C Ydim=10
{H}ﬁlﬁt-r%:ll} o 162 ~10t+1 =0 b=

o YX-1 =%qﬂdx—1;:

X

lvt=l
8 2

+ Vit =

O | =
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(x = 3% - 960

:bﬁ4{1—1}=!i¢:?11—ﬁ41+ﬁ4=[}{:&\‘ (nhin)

x =51 + -JU60
+ ¥ i t=—;--c:-x=2

X = 32 & /560

Wiy nghigém cia phirang mrinh d3 cho 1a: [ 2
¥ =

2. Pinh m 4 phedng wrinh o6 nghiém:
DE {13 ¢6 nghidm x > | i (3} ¢6 nghim 4 € [u;ﬂ .

X&t him s6: f{t}=1ﬁt+% vdi[}{tsé

E f—
f’u;:u=1"*";;2 ! ff{t1=n¢1ﬂt’—1=uﬂt=%
Bidng bi¢n thidn
1 1
¢ |0 = =
4 2
f{L - {0 +

fi1) +m--"“‘--._* ] .-"""-r‘-" -Hﬂ

Difa vao bdng bifn thién, gid i m théa S2 bAi - m = &

Bai11: Cho phudng tinh: myx +vx+1-vx®+x=m (1)
1. Gidi phiong trinh khim =2,
2. Binh m d€ (1) c& hai nghiém vd moi nghiém cda nd 4€ thda min bt
phudng tinh: x* — (2m + Dx +m* — 2 20.

Gidi
Pitukién: x 20

— r_
Bat{a_ﬁzﬂ {ﬂ T b eatolvlab =X +x

=
b=yvx+121 |b*==z+1
Khi &6 (1) tedd thinh: -
b -a” =1 ﬁ*[hg—a3=1
mz+b-ab=m m{a-1)j-{a-1jh=10
[ (b? —a? =1
(I}
- b -n¥=1 - {&Fl
{(a~-1)(m-b)=0 {b“—'a’=1
{II)
 |[b=m
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|, Khims=2
f_at=1 b? =2 x+l=2
Gidi he (Tx: {h a w{ c.{ = x=1

= a=1 x=1
. b*-a*=1_ [a* =3 x=3 _
Gidi e QL) { = ﬁ{xd-l:tl {x+1=4‘=}1-3
2. Phudng tiinh (1) ludn cd nghigmx = 1.
PE c6 hai nghiém thi hé (1} ¢6 thém mét nghidm nifa.
b*-a?*=1 |a*=m?-120
Hea (I} & =1 < m=1 ()
¢dn {b =mzl {rn =1
+ Wd8ix =1 thda bit pharcag teinh (2)
sm-m-2150c=1sms32
Kéthdp(*1= i<msl {a}
+ Véix=m’- 1thdz(2)
Sm-IKm -m-3)<0&Sm-m-3<0D
- 1_:13 <M s “;ﬁ . K& hdp vGi (#) = 151:115“2“"ﬁ (h)
13
Tir (a); (b) = céc gid o clia meintmla: 1sm < 1 +;,r—
Chuyén ¢ 9: Phuong phdp &6 thi
1. Céch plat
« Puia bai 1odn v& sy nrong giao cba dudmg thdng v duling trom; elip; hypebol;
parabaol.
» VZ A thi: dya vao 4b thy a8 kit lufn,
2. E!‘.M tip

Bai 1. Pinh m 4&€ phudng triinh ¢6 nghigém:

2a—-x=m-x (L}

(ridi
bt _?=1,|||2:¢—x2 s y20

= ¥ -+y =0 o {x-1) +y =1

. {1—1]I+j"2 =1 - {C}
& thanh: - .
K a6 (1) thanh { ] { } [ }

(C) A dudng won tim 1{1,0). bén kinh R =1
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{D} 1a duing thing song song vai dudng thing v = x
rﬂ.

Phatong trinh (1) o6 nghigm <> hé {*} c6 nghiém

mi—ﬂémﬁhﬁ
Wiy cde pid ln',-:;'mmc_ﬂn lm li: l-ﬁ*_'-'mﬂl-rﬂ

Bai 2: Cho phurdng inh: mx -2 -3=m+1 (I}
dizh m & phudng rinh 6 nghidm.

Gidi

Bar y=+x-3 . ¥=0 =yi=x-3
}'2=}[—3.-
Phucreg trink (1} wong duong vai h&:{
' mX-y=m+!

¥y =X {P)
mX-y+2m-1=0 {D)
Ho dudng thing D qua diém & dinh A{-2,-1)

Laidit X =x = 3, ta dudc c::{

Hai ti€p toy€n k& tir A t6i (P) 6 hé 58 géc n oot 1a:
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Duta vao 48 thi suy ra:

H¢uenmnghi§m¢1'f5mgl+f
Viy phidng mnhmmnghiemn]‘fg 51"":"_
. . x+1
Bai 3; Cho phdng Irinh: T—J3—1=m (1) .
Pinh m d& phueng trinh ¢ nghi¢m.
Gidi
u= “—H.HEU 20% =x +1
bt 2 = 1e
YV =a32—-X
J-x,v20
1 b
—2uf+vi =4 UL SO A

Fhm:lng winh (1) twiong duving vdi hi:
u-v=m (D)

=y

Pwritng thing D qua didm { )ﬁm-ﬂr
vi Dqua difm (2,0) e m=-2
Eniing thing u-v=+2 cf1 Ov i diém {-ﬂ,ﬂ]
Dya vAo db thy, suy ra k& rén 6 nghigm
o —42<m<2 & -2<m<y2
V§y phudng trinh (1) o6 nghigm = & 2<sm= 2




Bii 4: Cho phugng triinh: mx-1=+4x-x? -3 (1}
Binh m d€ phudog tinh 6 nghiém duy nhék.

Gldi
Bic yv-l=vydx—x" -3,y
= \:f—'i}]—ﬂﬁ—.& et — {E—E}T+{jf—1}==1
Phudng trinh (1) ttd thinh:
{ -2 +{y-1¥ =1 ()}
y=mx {D}
Ewring thdng D u€p xiic vadi (C)
< dLDY=R viI{2,1};R =1
= [2m—][=1 & {2m-1F =m? +1
Y1+ m?
m={
= im’—4m=0 = 4
R

Puing thingDqua ALV & m=1
va Dqua B(3,1] < m=%

Phuing tinh (1) c6 nghigm duy nhit
<> dubng thing D tp xiic vai (C)
hodc D cdt cung EB.

Bi¢o ndy xdy ra khi vi chi khi:

m=§ hole lEmil

Viy cic gid tr clia m cin lim li:

n‘l=E hoic lEl'l‘:|£]
3 3

Bai §; Cho phugng trinh: ¥2X-1 +vX+1=3 (I
Etinh m a4 phudng tinh o6 nghi¢m.
Gini

U=~2x=m
|18

v=+x+1
Didy kidn:
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2— —
.uE'EI:; u'=2x-m = u—-2vi=—m-=12
val Ivi=2x+2

Phudng wrinh (1) trd thanh:
(u+v=3; uvs0

.y =0 5 .

t+v=3 (2>~ | {H) (m=-2)

m+2 m+2
2

v -2y = —m -2

+2
{H} 13 m&t hyperbol ¢é dlnh tepc 1n: A[ mz

HE (2) ct nghiém néu (H) cd1 doan BD

2
m+ <1

Dituniy xdy m =
Khim=- 2t
w=~2"y v=3(ﬁ—1)}ﬂ
=
u+wv=73 U=6=3y2 0
- w)lx+1=ﬁ-3ﬁ
Jx-a-l:](ﬁ—l)

= x=26-18/2 >0
Tém lai cde gid i ca mcin Gm 13

,{l] {m>-2}

-2zm=16
+ Mhdn xéi:
Cdch i s& dung suf rdng giao giita duffng
thd ng ¥4 parabol.

- Cigh 2: st dung sif trong giao gitta dufing e va duiing thing,

Bai 6: Cho phuong winh: a’* + 62" - x +9a +3 =0 (1)

Bioh m d¢ phytng trinh cé ddng hai nghig¢m phén bige.

Gidi

+Néua=0thix=3 = {1)chi cd ddng 1 nghiém
nén a = 0 khiing thda dé.
+ Neéu a0
Nhin hai v& cia (1) cho a ra doge:
a'x* +6a’x’ —ax+9a’ +3a=0 (%
E1t = ax thi (2} e thanh;
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t“+6a —1+92% +38=0 = 9a° +32° +1p+1* =1 =0 (3
Xem (3) 12 phirong tiinh bic haitheo An s la 2
(1) ¢ pglcm:

o A=902t* +1) = 36(t" ~1)2 0

& 36+360+4920 & 9(2+1) 20 VieR

Khi 46 hai nghi&m clia (3) 1a: .
—t'-1—1 t 1t
Ez_j'—"— v a= 3
g o [comm—— ] 1,
Xeét hé uyc wpa di (10a): : ” T 1\ e

v& hai parabol:
(P )e =-?]{t] +1+1)

(Pl]:a=%(t—t:j] Rl

l&n cing mot he tryc toa 46,
Phudng iinh (1) o hai nghiém phin bigt khi v chi khi duding thing a =a cithai
parabol (P,) va (P, } i hai di€m phiin bt

Dira vao d& thi, suy ra t‘:-TIEar:%

Bai 7: Cho phuong trinh: x* +dx —Fx ~g+2-a=0
Exinh a d& phuang trinh cb ddog bai nghi¢m khdc nhav.

GEdd
Phucng trinh (1) wiang ducng vdi:
Xza X<
hodc 2
{x2+h+~2+a=ﬂ {x +6x +2-3a=0
X <R
XZ=a
I} holc I
{a:—xl—lx—i D ) a=%{xa+ﬁx+2][ )

Hét he tege toa dd (xOa)e
V& cdc parabol.

(F;}: a=-x'-2x-2 ; (Fra= -;- (% + 6x + 2) vi dustrng thing:

XA=4a.
Phurgag trirh (1) o6 d0ng hai nghig¢m kha:

- Hg (D) c6 diing mdt nghi®m va hé (I} ci ding mde nghlém
Bidu d4 cf nphia 13: Hé (I3 tdn i mdt didm Mix,a) v¢i x »a
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vii  hé {11) tn tpi mOt didm Nix.a) vdi x <a
Difa vao dd thi suy ra, cdc gid riclaacintm li: =2 <a <=1

Bai 8: Cho hé phudng trinh:
{r‘- +{2-da)x+2a -Za <0

{1y, Bjnh & € he ¢ nghiém.
ax =1

Giai
{x—a)x-2a+2)<0

té {]]{:-{
ax =1

Xét hé wyc t9a dd (xoa). V& cde duttng thing:
d:x—a=0; d,:x-2a+2=0
v3 hyperboi (H): ax = 1 1&n ciing mét b truc tpa 3
Cdc didm (a.x) théa min he (1) ndim trén cung MN v3 cung PQ
Enrng thing d, eft (H}wiQeé: a =-1vapiMcd: a;, =1

++3

1
Budng thing d, cat{(HywmiNed:a, = —

1—+3
2

va gl Pod: a, =

Ha (1} &6 nghiém < duding thing a = & cft cung MN v cung PQ
Dua vao &8 thi, suy ra didu nay xdy ra khi v3 chikhi:

1+43 1-+3
2

h -l<a=<
03 5

A

lca <

]

~
W

A=k

da
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Chuyén & 10: Phuong phdp tam thitc bdc hai

1. Cach gidi
¢ Buwic !:  Dardico kign xdc dinh cia phuong winh
+ Bt 2: DatEnphy dira vé phuang trirth béie hai,

¢ Bwic 3. Bién lodin wong quan 38 oghiém giifa 1 v3 x Irong phucng T:lnh dic

an phu. Ditng <8ng thifc so sénh nghigm.

2. Bait§p

Bhil:  Chophutng nh: m® + 2{m +1)Vx =x+5+¢4m (1)
Tim m dé phuang wink ¢ ha nghiém phidn biét,

Gigi
Difukidn:x 20
DAt =X 20
(1) ud hianh: m® + 2{m +1)t =t +5+4m
< fity=t*-2{m+1)t-m’ +dm+5=0 (2)
B& (1) c6 2 nghi@m phin bigs thi (2) c6 hai nghiém phin biét khdng m

& >0 r{m+1}2-{5+4m-m2}:~ﬂ
e P20 &= 5+4m-mfz20
80 2{m+1]:-0
Tm < ~1
2m? -2m -4 >0 m > 2
m o ihrdm-miz0 o {1z2m<hb =P emah
m+1z=0 m > -1

Vivcicgidticlamcintimlda: 2<m =46,

Bal 2: Cho phuong trinh:
o Py, = X° -Em[:qlr; + 2 —I}'-I- 2m? -3=0 (1)

Tim m d€ phudng trinh <6 biin nghiém phin higt.

(i d
Pifukign: 0sx 52

Pat t=vx+V2-x = 2fox-x? =17-2
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'[,'llz...?.___..x.._._ﬂr; t’:l}c}ﬂﬂm :J}_:q:;le

22 — x? 1
Bing bifn thitn
L 0 1 2
£l 0

+ -
fit) J3 _.,._,-'*‘""A ? J2

Theo bing bidn thign = V2 s152
Phutcing trinh (1) tréf thanh:
fit)=t*-2mt +2m* -6=10 (2)
e Ung vdi mb1 gid i tE[\@;E} tht phudng irinh t=%x+v2-x c6 hai
nghi¢m x phan bidt.
Do a6, 48 (1 cd bin nghi€n phiin W&o th (2) ¢t hai nghi¢m phidn bigt 12 t; thda
min: v2 <t <t, <2
ARy

G-mf >0
- 1f{&}}n ;ﬁms'zﬁm"“ﬂhena v5 nghif
{2y >0 2m® —4m -2 0 7T mEEm
&{giﬂ Zam<2

L

Viy khiing co gid tri m ndo thia mén dé bii.
Bai 3: Cho phvdng rinh:

2x4 - %" —2{m-2]{x+u‘4—x“)+mg =0 (1)

Tim m € phudng trinh o ding hai nghiém phén biét.

Giai
Bidu kidn: -2 <x <2

Bt t=x+vd-x* =2xyd-x* =1*-4

fogo_ X N4-x'-x
¥4 — x4 V4 - x*
=0 yi-x% sx e x=42
Bing bifp thién
X -2 v'ﬁ 2

t.l

+ 0 =
22
L 5 '__f._/“'"' \ 5
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Theo bing bidn thién = -2 <1 £ 242
(1) trd thanh: f{t}-tﬂ—i{mwz]t-rmﬂrtl:ﬂ (2)

« Biépludn 58 nghidm pitat v x

+ Ung vai mit gid trj t = 22 hoic t e [ 2] (hi phirong trigh t = X + V4 - x*
o dhing mdl nphidm x,

+Ung mrgid tri te [2; 2\@} thl phudng tfich t =x+ V4 -x* ¢6 Aing hai
ngtudm phin big x,

K& cde ruling hap sau:
THI: (2} ¢d hai nghiém t,it, & (—2;2]
(A" >0
fi-2) =0 .
& (@2 >0 e 2f3-2<m<2
1—2 < % =2

TH2: (2) ¢6 diing mt nghiém t & (2242)
THa: (2) o nghiém kép € l\r% Eu'ﬁ}

=0 m=2
e [t,:,:m—EE{Z;E\-E’) et [m—ﬂe(ﬂ;zﬁ]
&= h& vH nghiém.
THb: {2) ¢6 hai nghidm t,; ; thda mdn:
2 <t « N2 <t,
_tifﬂﬂ-ﬁﬂ{tz{ﬂ&
[ [£(2) =0
1242} <0
o |[f[-2)<0 <> b v6 nghigm.
f[ﬂu"ﬁ}}{l
fi2} <0
TH3: nén {i} oo mt nghig¢m |y = -2
= m‘+4m-8=ﬂ¢m=_—2—2«;‘r§ v m="2y3-2
¢ VOim=-2-2V3 i@ t® +2{4+2J3)1+12+8/3 =0
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t, = —6— 43 (loai)
e VO m =23 -2 (D <« t? --2{24@—4)t+12*3ﬁ=u

[tl'l = “'2
—

[tl = -2
—

t, =4/3-6¢ (—2:2)
= gladttim= 92./3 — 2 thda min a8 bai,
TH4: M&u (2) cd moL nghidm 1, =2,
= m® — 4m + B =0 v6 pghifm.
THS: N&u (2) ¢6 mt nghidm t = 2v2
— m? — 442m + 4 + 842 = 0 v& nghigm
Wiy cdc gid uj cha m clin dm 1 2B -Z5m<?2

Chuyén &@é 11: ‘Phuong phdp vecto
I t. Cide bt ddng thife vecto .
a. abs E[.iﬁ|

N&u “="xiy ra e a cdng chidu voi b

b. 1; +E| = |E| + IE| I
aTth
2. Céach giai

Bucre 1. Tit phuong tinh: bi€n d8i 8€ cdc bidu thiic 6 dang Ja? + b?
Bede 2: Chon ¢iC vecld

Bude 3: 5& dyng cdc biit ding thite (wic rén
I ~ Sau 46 xé1ddy “=" xdy ra.

3. Baidip

Bai 1 . Giai cdc phuong tinh sau:

Jat —x +1 Y LI

Gidi

Vi ox+l+yxi+x41=2
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- I
a n-l,ﬁ] = 2= [F.—-l-] .
2 2 2 4

15|+|E|2|5+E]=&J(x—% 1+%+J[x+%]z +% >3

= Dfu“="xdyr 3 vi b chng phuong, cing chifu.

ra <«
13
Mo =
2 2

AT

zo2
Viy phuong tinh 43 che cd nghigm duy nhil:x = 0

—

Bai 2: Gidi phucng trinh san: vax2 =dx+2 + 412 —2x+5 = y0x® —12x +13

Gl
JaxT—dx+2+VR —2x+5 =yOx2 —12x+12

o J[Ex—l}z +1 +J[;.;_]f +4 = J{Sx-l}z +9
Xéi cAc vectd sau:

i(2x-1,1) = |a| ql'h:l +1

Blx-1,2) = H
3+ b=[ix uI,E}:bla+h|=-.|'[3:q—1)’ +9
Ta of bft ding thiic:
4[5 2[5+ = J(2x -1 1+ (1) +4 2 f(3x:2) +9
= dfu “="xdyra < & vd b cbng phutang, cdng chiu.

2x - | =l=l{::-4:t-2=x-l=r.x=%

% —
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Viy nghigm cda phwong trinh 33 cho 1a x = 1

Bal 3: Gidi phudng trinh:

Jx? —2x+5—'u'rxl—ﬁx+lﬂl=u'r§

Gidi
‘sz—lx+5ﬂ.f'xz—ﬁx+lﬂ[=v'r5
a1 + 4= J(x-3)° + 1‘ =5
Xét cde veetd sau:

i(x-12) = [f|=y{x-1] +4
bx-30} = [f=yG-xF+!
-“:{:,1)=:F-E|=J§

Ap dung bl ddnp iz
|]E|—|E||5|E—EI:} Vx? —2x+5 — %’ —ﬁx+|ﬂ|£\l@
— dfu“="xdyra <> A vd b chng phuong, citng chigu.
x-1 12
e

=S @ x-1=2x-3) = x=5
x—-3 1

Viy phuong tinh 48 cho ¢6 nghigm-duy nhidt: x =35

Baj 4: Gidi phuoung trinh:

Vxlex +{1-x)v1-x —y2xd 2x+72

Giai

-Jx3+x+{l—x]\/-1-—1|=\|'rlxz—2:¢+2 (1)

X +xz0 - x(x? +1)z 0
Pidu kign: |1-x20 X5l

{I}{:} Jxdx? +I+I— W1 - -Jlx —2x+32

Hét cde vecld:

{-u"'_*-.u'r*_x} = |a| :-c+1 x =1

E(ﬂ'xzﬂ,l-x) = |b|=\l'x +1+(1-xP =¥ 2x% = 2x 42
ab=xvxI+1+(1-xh1-x

= Jxxsl]
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Ap dung bt ddog 1hide:
ib 5.|§].]E|{:>£1|'f Fl+(l-xWi—x sy’ -2+ 2

=+ diu “=" xdy 1a khi vi chi khi
+ Hodc oo mdt trong hai veels a, b 1A vecrd 0

¥x =0
JI-x =0

+ Hodc hai vecld 8 v b ciing phuong, cling chifo:

Jx _u']-x# X i

D& thiy chi ed thé & 13 vecio 0 e { (v3 nghi&nt)

Jdal 1% xiel 1

Sxll-x)=x* rl=2xi-x+1=0
Fhuong trinh nédy vd nghid¢m.
Do vy phurging irinh 43 cho v nghi@m.

Bai §: Gidi phudng tinh:  sinxy/1+c0s% x +cosxv1+sin? x =3

Giai
sinxy1+cos’x +casavl+sin’x =3

XEL cdc veeid:
a(sinx,cosx) = g =1

E[\"']+-:uslx,-."rl+sinzx} = |q =
a.b =sinx vl + cos™X + cosxy! +sin’x

Ap'dung bit ting chitc:
ib £|§]H <> sinxyf1+cos’x + cosxyfT+sin’x €43

= Diu “="xdyra & 2 v b eling phutang, eing chifn.

2 1

1u'[l+u:4t:|51:'c ﬂ.{l+5in=x l+cos“x l+sin‘x
— = = =

8inK COSX sin’x cos’x
::r[1+m5=x):mjx=sinix(1+sinzxj
Véi: sin*x =1-cos’x nén:

{] + o5 X }uszx =]-cos'x+ (I - cuszxf

1
o eos’x+eos'x =2 —3eos’x +eostx o cos’x = 3

ﬁi—lﬂus’x=ﬂ¢ms§x=ﬂﬁ-x=§+m% {mEE]
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Thit tnfe L€p ho nghidm X = -E + mg- v phitdng trinh

la nhin nghiém cubt ciing 1A: X = E + mg

o [meZvam=i-2-1,1.2]
" |lmchin: m=4n

=> nghigm: x=§+‘2r.m neZ)

Térm 1ai nghiém cia phudng trfink 43 che i x = % +2nt {n =24)

Bii6: Gidi phudng trinh: Yx® - 4% + 8+ vax? +12x +10 + v8x* 308 + 50 =10

- Gidi
JxE— 4% +8 4+ 452 +12% +10 +4/9x% =30 + 50 = 10
e J{x—l}l-s-d +J{21 3) 41 +.ﬁ5-3:}1 +25=10
Xeé1 cdc veold sau:

a(x—22) = |a]=vx'-dx+8

Blax+3,0) = |b|=vax’ 125 +10

§5-3%,3) = [f=v9xT -30x+50
i+b+e=(68) = [F+b+e=10

Theo bit ding e |E +b+ E:| < faj+ |E! +[g]

= u"x’ —4x +58 +~J'-=1.x’ +12% + 10 +u'r§|'x= = 30x + 50 =10
Suy ra: Dav ding thite x4y ra khi ¥a chi kki ba vectd & b, © cing chido
x-2 2x+3 53-3x
— = =
2 |
Viy pmsdng trinh da cho ¥4 nghigm,

{ he nay vb nghidm)

Bal7: Gidi phudng rink: sin m"l—ms:-: +r:us:c-.,"].+cnsx =-.E i1

Gidi
XE&1 cAc vecid sau:
ilsinx.cosx) = [5=1

E(Jl-:uﬂ,ﬂ+cnsx} = EI=-»E -
3.b = sinx+f1 - cosx + cosxy +cosx
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Theo bit ddng thifc:
bz |E|.|l;’ 5= Sinx] — cosK + cosxv/l + cosx <2

=>Diu *="xdyra & hai vecid i vi l;::img chidu:
<a=mb vidim>0

> gINX+ ] + Cosx - cosX . fl-cosx =0
& sinxy1+cosx =cosxf1- cosx (1)

W1cho k¥ cla him sin, cos 14 2r nén ta xé1 r8n mdt cho ki

+ Né g— 5% < 2n thi sinx.cosy £ 0 nén suy ra phudng trinh (2) vd nghism.

+ Né&u &= xig thi sthx 2 (t vl cosx = 0

Do d6:
(1) <> sin’x{] + cosx) = cosx(] - cosx)

< (1~ cos™x }{1+ cosx) = cos’x (1~ cosx)

e {l-cosx}(1+2cosx ) =D<vcosx =1 x =0
Viy nghi¢m ciia phitong irinhdid cho 13 x=%2x (ke Z}

Bai § . Binh m a& phuong rioh sau ¢6 nghigm:

X ax+l-Ax g rl=m

Gidi
Phuong tinh (1) urdng dudng voi:

eo3) i 5

Trong mét hé truc toa 48 phing ndo 43, xét cdc didm sau:

Ta ¢
—_ h - ; 1
AB I+l ﬁ-—- : hﬂ|=ﬁB= 1+1] +i
2 2 ] L 4
% - - I
Aadx-18) . Adl=ac= l—x] 2
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vati moi didm A(—x, 03 thi ba di€m A, B, C khong thing hing nén
|FLB- ACi < BC

COER S

Viy cdc gid tri cda m efin im 1A jm| <]

= <l =|ml<1
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