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Cuidé (7) TICH Vo HUGNG & NG DUNG

V&n dé 1. GIA TRI LUQNG GIAC CUA
MOT GOC BAT K] TU 0° BEN 180°

A - TOM TAT LY THUYET

I. Dinh nghia cdc gid ri luipng gidc
Cho (OA,OM )=« véi 0°< ¢ <180°. Gid st M (X; y).
e cosa=x=OH
o sina:y:O_K K
sna
cosa

o cota="2%_BS (ar+180°) o)
sna

e tana=

= AT (a#90°)

2 Nhgn xét:
e Va,—1<cosa <1, 0<sna<l
e tana xac dinh khi a = 90°
e cota xac dinh khi o #180°
e CaCs0 Sina, cosa, tanar, cotar duwoc goi |a cac giatri luwong giac ciagoc o .
2. Ddu ciia cdc Ii 36 lugng gidc:

sina cosa tana cot &
0°<ar<90° + + + +
90° < ¢ < 180° + - - -
3. Quan hé giita cac géc phu nhau, bi nhauw:

* Hai gbc phu nhau: « va 90° -« e Hai gbc bu nhau: « va 180°—«
sin(90° - ) =cos« sin(180°—-a) =sina
cos(90°—a) =sinx cos(180°— ) = —cosa
tan (90°— ) = cot&r tan(180°— o) = —tanar
cot(90° - ) =tanex cot (180°— ) = —cot &

4. Cdc gia tri lwpng gidc ciia mét 36 géc (cung) diic biét
Do 0° 30° 45° 60° 90° 120° 135° | 150° 180°
2 2 2 2 2 2
s | 1 | B 211 2 B
2 2 2 2 2 2
tan | 0 ?3 1 3 I 3 a —g 0
o I v 1 B o B E
3 3
5. Mot a6 hé thitc co* ban
@ sin® x+cos’ x=1 @ tanx.cotx=1 ® tanx=1%
COSX
@ cot x= 22X ® 1+tan’x= 12 ® l+cot’x=—
sinx cos’ X sin® x
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TAILIEU HOC TAP TOAN 10 - HINH HQC - TICH VO HUONG. HE THUC LUQNG 2

B - PHUONG PHAP GIAI TOAN

HDang 1. Goc va dau cha cdac gia tri lwong giac

A. PHUONG PHAP GIAI

1. Xét dau cac gid tri luong giac
Dwa vao bang trong phan tomtat 1y thuyet

w Luuy: véi AABC: O°<§, % %<90° va 0°< A, B, C<180°

2. Timgéc o khi biét gia tri luwong giéc:
S dung bang cac gia tri dac biét dé tim.
w Luuy: —1<cosa <1, 0<sina<l.

Il - BAI TAP MAU

Vidu l. Vainhirng giadtri nao cuagéc a (0° < a <180°) thi:
a) sino. va coso cling dau ? b) sino. va coso khac dau ?
c) sino. vatano cing diu ? d) sino. vatano khéc dau ?

Il - BAI TAP TU LUYEN

Bai 1. Vi nhirng giatri nao ciagoc « (0° < o <180°) thi:

. TP snae ...,
a) sina.cosa coO giatriam? b) —— cbdgiatriam
cosa

Bai 2.  Chotamgidc ABC. Xé& dau: a) cosg‘.cosB b) tan%.cot%

Bai3. Timgéc a (0°<a<180°) trong mdi truong hop sau:

a) sinazg b) cosa=0 C) tana =—/3 d) cotazg
Bai 4.  Tinhgiatri c&c biéu thirc sau:

a) A=2sn30°+3cos45°—sin60° b) B=2c0s30°+ 3sin45°—cos60°
Bai 5. Tinhgiatri cic biéu thirc sau:

a) A=asin0°+bcos0°+csin90° b) B=acos90°+bsin90°+ csin180°

¢) C=a’sin90°+b? cos90° + ¢* cos180° d) D =3-sn*90°+ 2c0s60°—3tan’® 45°

e) E=4a’sin’45°—3(atan45°)” +(2acos45°)”
Bai 6.  Tinhgiatri cac biéu thirc sau:
a) sinx+cosx khi x bing 0°, 135°,120°.
b) 2sinx+cos2x khi x bang 60°, 45°,30°.
) sin?x+cos’ x khi x bang 30°, 75°, 90°, 145°, 180°.
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Gu: Trdn Quéc Nghia (S tdm va bién tdp) 3

HDang 2. Cho mat gia tri lwong giac, tinh cac gia tri lwong giac con IaiH

| - PHUONG PHAP GIAI

1. Sie dung cac hé thirc co’ bdn trong diéu kién xac dinh ciia x
2. Cha y khi bién déi
w Lira chon hé thizc co ban thich hop @@ tir gia thiét cho, suy dan ra céc gia tri luwong
gi&c con lgi. Cha y ddu gia tri lueng giac, goc nhon, goc tu.
w Dung tinh chdt cing bdc n (dang cdp), dé chia chosin"a, cos'a dua vé
tana ,cotar.

Il - BAI TAP MAU

Vidu 2. Cho biét mot giatri luong gidc caa mot goc, tinh céc giatri luong giac con lai:

a) cosoz:_—3 b) sina:l,ocnhon
5 4
C) tana = 24/2 d) cosa:—1—53, 90° < ¢ <180°
. 4 1
€ smazg, 0°< ar<180° f) cota:—E, 0°< a<90°
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TAILIEU HOC TAP TOAN 10 - HINH HQC - TICH VO HUONG. HE THUC LUQNG 4

Vidu 3. Ching minhring trong AABC, ta co:

a) sinA=sin(B+C) b) cosA=-cos(B+C)

I - BAI TAP TU LUYEN

Bai 7.

Bai 8.

Bai 9.

Bai 10.

Bai 11.

Bai 12.

Bai 13.

Bai 14.

62
4

Biét sin15° = . Tinh cos15°, tan15°, cot15°, cos105°

Cho AOAB cantai O c6 OA=a vacéc dudng cao OH , AK . Gida st AOH = . Tinh AK va
OK theo a va .

a) Cho sina = % , VOI 90° < ar < 180° . Tinh coso. vatana.

b) Cho cosa = —% . Tinh sina va tano..

c) Cho tana = 24/2, v6i 0°< ar < 90°. Tinh sine va cosa coso.

d) Cho tana =2 . Tinh giatri ciabiéu thic A= S31&~ 005
Siha +Cosx
€) Cho sina=2. Tinh giatri chabiéu thac B = L&t
3 cota+tanar
HJ
f) Cho tana=+/2. Tinh giatri ciabiéu thic B=—— 20 #*1
3sin*a+2cos’ «

a) Cho cosx:%.Tl’nh P =3sin® x+4cos’ X

b) Cho cosx= \6:&

. Tinh Q=3sinx+4cosx

Chirng minh rang:
a) sin105°=sn75° b) cos170°=—cosl0° c) cotl122°=—cot58° d) tan12° = —tan168°
Tinh va so sanh giatri caating cip biéu thirc sau day:
A=c0s°30°-sin®30° va B=cos60°+sn45°
2tan 30°

= va D =-tan135°.tan60°
1-tan“30°

cota—tana

Biét sina = 2. Tinh gi4tri c&c biéu thirc C =
5 cota+tana

Biét sinx+cosx=m. Tinh: @ sinx.cosx b) sin® x.cos’ x
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Gu: Trdn Quéc Nghia (Sute tdm va bién tdp)

HDang 3. Chirng minh, rat gon mot biéu thirc

A. PHUONG PHAP GIAI

1. Sik dung céc hé thirc co bdn trong diéu kién xé&c dinh ciia x:

2. Nhing hang ding thirc:
+ (a+b)* =a?+2ab+b? + (a+b)’=a’+2ab+b’
o a’+b?=(a+h)’-2ab o a’+b’=(a-b)’ +2ab
+ (a+b)’ =a’+3a’h+3ab? +b* = a® +b*+3ab(a+b

(a+b)

+ (a-b)’ =a’-3a’h+3ab?—b* = a®—b* +3ab(a-b)

+ a*+b’=(a+b)(a’-ab+b?)=(a+b)’—3ab(a+b)
(a-b)
)

+ a*-b’=(a-b)(a’+ab+b?)=(a-b)"+3ab(a-b

) snx
@ sin®>x+cos’ x=1 ® tanx.cotx=1 ® tanx=—=1-
CoSX
X 1
@cotx:c_i ® 1+tan’x=—= ® 1l+cot’x=
sin x cos® X

. a“+b“=(a\2+bz)2—2a2b2 . a6+b6:(a23+(b2)3=(a2+b2)(a4—a2b2+b4)

Il - BAI TAP MAU

Vidu 4. Ching minh céc dang thic sau trén diéu kién xéc dinh caa chiing:

a) 1+tan® x= b) 1+cot®x=

cos® X sin? x

c) (sinx+cosx)” =1+ 2sin xcosx d) (sinx—cosx)” =1-2sin xcosx
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TAILIEU HOC TAP TOAN 10 - HINH HQC - TICH VO HUONG. HE THUC LUQNG

Vidu 5. Ching minh céc ding thic sau trén diéu kién xéc dinh caa chiing:

a) sin® x+cos’ x=1-2sn” xcos’ X b) sin®x+cos® x=1-3sin” xcos® X

Il - BAI TAP TU LUYEN

Bai 15. Chang minh céc dang thirc sau trén diéu kién xé&c dinh caa chang:
a) sin® x—cos' x =sin® x—cos” X = 2sin® x—1=1-2c0s’ X
b) sinx.cosx(1+ tanx)(1+ cot x) =1+ 2sin Xxcosx
sin®x  cos’x
cosx(1+tanx) sinx(1+cotx)

d) (tanx+ COSX j(cotx+ Shx j— L
1+si

nx 1+00SX) SINXCOSX

=S8N X—COSX

Bai 16. Churng minh rang biéu thirc sau khdng phu thuéc vao x :
a) C=sin®x+cos® x+3sin® xcos® X
b) D =cos’ x(cos” x+2sin” x+sin” xtan® x)

0) E=+/Sin* X+ 4c0s? X ++/Cos* X+ 4sin® X

d) F=3(sin®x—cos’ x)+4(cos’ x—2sin® x) + 6sin* x

File word lién hé: toanhocbactrungnam@gmail.com

MS: HH10-C2




Gu: Trdn Quéc Nghia (Sute tdm va bién tdp)

C — BAI TAP TONG HOP VAN DE 1

Bai 17. Rt gon céc biéu thuc lwong gidc sau:
2cos® x—1 snx+tanx .
A=————— B=————sinx.cosx
Sin X+ COSX tan x
COSX X.tan x
C=tanx+ - D:M—cosx.cotx
1+sinx sin® x
sn’x  0os’ X
E = (1+sinx)tan® x(1-sinx) F=1- —
l+cotx 1+tanx
G = (cot x+ tanx)” —(tan x—cot x)° H =sin® x(1+ cot x) + cos’ x(1+ tan x)
. cos® X—sin® x
| =(1-sin’ x) cot® x+1—cot’ x J=—oy -1
sin® x+cos* x—sin? x
Bai 18. Chirng minh céc ding thirc lwong giéc sau:
a) tan®x—sin®x=tan®x.sin®x b) cot® x—cos® x = cot? Xx.cos” X
- . . cot’ x—sin®’x . , )
C) Sin" x—cos' Xx=2sin“x-1 d) —————=sn"x.cos" X
cot? x—tan? x
l1-snx  cosx tanx sinx
_ 5 fy ——=—-="—"=cosx
cosx  1+sinXx snx cotx
tanx cot? x—1 sinx+cosx—1  cosx
9) o =1 h = .
1-tan“x cotx sinXx—cosx+1 1+sinx
1+2sinx.cosx tanx+1 . 1+sin®x 5
— = ) ———=—=1+2tan"X
sn’x—cos’x tanx-1 1-sin®x
Bai 19. Chtrng minh rang giatri cia cac biéu thirc sau khéng phu thudc vao giatri caax, v:

a) (cotx+tanx)’ —(cot x—tan x)*

b) cos’ x.cot” x+3cos” X—cot® X+ 2sin® X

c) 2(sin® x+cos® x) —3(sin* x+cos’ x)

d) sin?x.tan®x+2sin? x—tan?® X+ cos? X

€) 2cos’ x—sin* x+sin?x.cos? x+3sin’ x

) 2(sin4x+cos4x+sin2x.coszx)z—(sin8x+0058x)
g) sin®x(1+ cot x)+ cos’ x(1—tan x)

h) sin® x+cos® x—2sin* x—cos® x+sin® x

i) sin®x+cos’ x+6sin* x.cos’ x+4sin” x.cos” x(sin4 X+ cos’ x)+1
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TAILIEU HOC TAP TOAN 10 - HINH HQC - TICH VO HUONG. HE THUC LUQNG 8

D — BAI TAP TRAC NGHIEM VAN PE 1
Caul. [0OH2-1] Giatricua E=sn36°cos6°—sin126°cos84° la

A. 1 B. ﬁ C. 1. D. -1.
2 2
Cau 2. [0H2-1] Cho a va B lahai gbc khac nhau va bl nhau. Trong céc dang thirc sau day, dang
thirc nao sai?
A.sina=sing. B. cosa=-cosf. C.tana=-tanf. D.cota=cotp.

Cau 3. [0H2-1] Cho « lagoc tu. Bidu khang dinh ndo sau day lading?
A.sina<0. B. cosa > 0. C. tana<0. D. cota >0.

Cau 4. [0H2-1] Trong céc khing dinh sau ddy, khang dinh ndo sai?
A. cos45° =sn45°. B. cos45°=sn135°. C. c0s30°=sn120°. D. sin60°=co0s120°.

Cau5. [OH2-1] Tamgiac ABC vudng & A c6 goc B =30°. Khing dinh ndo sau dy lasai?

A. cosBzi. B. sinC=£. C. cosC:l. D. sinB:E.
V3 2 2 2
Cau 6. [0H2-1] biéu khang dinh ndo sau day la ding?
A. sina=sin(180°-a). B. cosa = cos(180° - ).
C. tana =tan(180°-¢). D. cotar =cot(180°- ).

Cau 7. [0OH2-1] Timkhing dinh sai trong c&c khang dinh sau day
A. cos35° > cos10°. B. sin60°<sin80°. C. tan45°<tan60°. D. cos45°=sn45°.

Céu 8. [0H2-1] Cho hai géc nhon « va £ phu nhau. Hé thirc ndo sau day la sai?
A. sina=-cosp . B. cosa=sing. C.cosff=s9na. D. cota=tanf.

Cau 9. [OH2-1] Giatri cos45°+sin45° bang bao nhiéu?

A. 1. B. /2. C. V3. D. 0.
Cau 10. [0H2-1] Trong céc dang thirc sau, dang thirc ndo dlng?

A. sin(180°- &) =—cosa . B. sin(180°- ) =—-dna.

C. sin(180°-«a)=sina. D. sin(180°-a) = cosc .
Cau 11. [0H2-1] Trong cac dang thirc sau, dang thirc ndo sai?

A. sin0°+cos0°=0. B. sin90°+cos90° =1.

C. sin180°+cos180° = —-1. D. sin60° + cos60° = \@;1.

Cau 12. [0H2-1] Tinh giatri biéu thirc: sin30°cos60° +sin60°cos30°.
A. 1. B. 0. C. /3. D. —/3.

Cau 13. [0H2-1] Tinh giatri biéu thuc: sin30°cos15° +sin150° cos165°

A. 1. B. 0. C.l. D. —§.
2 4
Cau 14. [0H2-1] Tinh giatri biéu thuc: cos30°cos60°—sin30°sin60°
A. 3. B.g. C. 1. D. 0.
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9

Cau 15. [OH2-1] Cho hai géc a va S Vo a+B=90°. Tim gia tri cia biéu thac:
sinacosf+sin fcosa
A. 0. B. 1. C. -1. D. 2.
Cau 16. [OH2-1] Cho ha géc a va B V6i a+f=90°, tim gid tri cua biéu thac:
cosacosf—sinfsina
A. 0. B. 1. C. -1. D. 2
Cau 17. [OH2-1] Cho ha géc o va B Vvéi a+B=180°, tim gia tri coa biéu thuc:
cosacosf—sinfsina
A. 0. B. 1. C. -1. D. 2
Cau 18. [0H2-2] Cho sina:% . Tinh giatri biéu thirc P =3sin’ ¢+ cos? .
A. P:§. B. P:i. C. le—l. D. P:E.
9 25 9 11
Céu 19. [0H2-2] Cho « lagéctuva sina:%. Giatri caabiéu thirc 3sina+2cosa 1a
A. 3. B. —3. C. -3. D.g.
13 13
Cau 20. [0H2-2] Trong cé&c dang thirc sau ddy dang thirc ndo 1a ddng?
A. sin150°:—£. B. coslSO°:£. C. tan150°=—i. D. cot150°=+/3.
2 2 J3
Cau 21. [0H2-2] Cho hai goc nhon ¢ va S trong d6 a < . Khing dinh ndo sau day la sai?
A. cosa<cosf. B. sina<sing.
C. ¢+ B=90° = cosax=sinf. D. tana+tan 8> 0.
Cau 22. [0H2-2] Tamgiéc déu ABC c6 dudng cao AH . Khang dinh ndo sau day ladang?
A. sinBAH _£ B.cosBAH=—L. C. S|nABC—£. D. snAHC =X,
J3 2
Céu 23. [0H2-2] Bat déng thirc ndo dudi déy lading?
A. sn90° <sin150° . B. sin90°15'<sin90°30".
C. c0s90°30' > cos100°. D. c0s150° > cos120°.
Céau 24. [0H2-2] Trong céc hé thirc sau, hé thirc nao khdng dang?
A. (sina+cosa)’ =1+ 2sinacosa . B. (sina—cosa)” =1-2sinacosa.
C. cos'a-sin*a=cos’ v —sin’« . D. cos' a+sin*a=1.
Céu 25. [0H2-2] Chotamgidc ABC. Hay tinh sin Acos(B+C)+cosAsin(B+C)
A. 0. B. 1. C. -1. D. 2.
Cau 26. [0H2-2] Chotam gidc ABC. Hay tinh cosAcos(B+C)—-sinAsin(B+C)
A. 0. B. 1. C. -1. D. 2.
Cau 27. [0H2-2] Néu tana =3 thi cosa bing bao nhiéu?
A 310 g V10, c. o p. L.
10 10 10 3
Cau 28. [0H2-2] cosar bang bao nhiéu néu cota:—%?
PSS B. Y5, c.-5, p. -1,
5 2 5 3
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10

van dé 2. TICH VO HUONG CUA HAI VECTO
A - TOM TAT LY THUYET

1. Géc giita hai véclo:

tia AB va CD. Nghia l&: @:(ﬁﬁ)

B X - y A xOy =0° B
0° < xOy < 180° D > >
C D
- xOy = 180°
RN < A >
D C

e Cho 4, b=0.
Tir mét diém O bét ki vée OA=4, OB=b.
Khi a6 (&, b)= AOB vsi 0°< AOB <180°.

N
w Luu y: Cac trweong hop dac biét: ?

® (ab)=90°=alb ® (a,b)=0° a,b cing hwong

® (&,b)=(b.a) ® (a,b)=180° & &, b nguoc huong

® Néu a=0, b =0 thi goc xen gizza latly y tir 0° dén 180°.
2. Tich vé huting ciia hai vécto:
e Pjnh nghia: é.B:|é|.‘5‘cos(é,5).
Dachict: ® aa=a’=[d’;, @ AB =AB’; ® 0.a=a0=0va
® (a,b)=0°=&,b cing huong: ab=|g \6\ (bdng tich dé dai)
® (a,b)=180° = &,b nguoc hwong: ab=-|a| \6\ (bdng amtich dg dai)

e Tinhchdt: V6i d, b, € batkiva vke R, ta co:

® ab=ba @ a(b+c)=ab+ac

® (kd)b=k(ab)=4a(kb) @ a°20,8°=04a=0

® (a+b) =&’ +2ab+b” ® (a-b) =a*-2ab+b?

® & -b>=(a-b)(a+b) ab>0«(a,b) lagoc nhon
® ab<0«(&,b) lagocty ab=0«(4,b) lagoc vuong

Cho hai vécto a=(a,;a,) va b=(b;b,). Khi d6:

e Goc ciia hai vécto AB va CD & géc tgo bsi hai tia Ox, Oy lan luet ciing huéng véi hai

®ab=ah+ab @ [d=\a+a  ©AB=AB= (X (Yo~ V)’
@ cos(é;f))z ab____ ab+ab v6i a#0, b=0.

al b o a2 b0t
® bichié¢t aLb < ab +ab,=0.
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n

B - PHUONG PHAP GIAI TOAN

Dang 1. Tinh tich vé huéng ctia hai vécto. Géc giira hai vécto

| - PHUONG PHAP GIAI

3. Tich vé hutong:

Ta c6 thé lira chon mét trong cac huéng sau:

v Huwéng 1: S dung dinh nghia bang cach dira hai vecto & va b vé cling chung géc dé
xéc dinh chinh xac goc & =(&;b) sau 6 dung cong thirc: &b =|a| ‘6‘ cos(a, 5)

v’ Hwong 2: Sir dung céc tinh chdt va cac hang ddang thire cia tich vo hidng cua hai
vecto.

v Huwéng 3 Néu dé bai cho dang toa dé6 a=(a;a,) va b=(b;b,) thi

ab=ab+ab,
v' Hwong 4: Trong AABC, néu biét dg dai 3 canh:

BC* = BC" = (AC- AB) = ACAB = (AB" + AC* - BC?)
= Chu y: Khi tinh tich vo hudng cua hai vecto ta thuong: N
v’ Bién doi cac vecto vé chung goc dé viéc tim goc giira 2 vecto dé dang hon.
Vi dy: AB.BC =—BABC
v Pua vé cac vecto cling phuong hogc vudng goc.
Vi du: néu ABCD Ia hinh chiz nhdt (hinh vudng) thi: AB.AC = E.(ﬁ?ﬁ ﬁ:)

4. Tinh goc:
v Géc giiza hai vecto: cos(&;b) #a'bﬁ = Zalbljazl} ,v6i a0, b0
& || Ja? +a2.b2+ 1
v’ Cac géc criia AABC:
. cosAzcos(—B,A—): AB.AC A
AB.AC
— —, BABC
. cosB—cos( A B )_BABC
_ oo[Eh 5| _ CACB B c
. cosC—cos( A B)_ CACE

Il - BAI TAP MAU

Vidu 6. Cho tamgidc déu ABC, dudng cao AH . Hay vé& vatinh cac goc cua cic cip vécto sau:

3 (AB,AC) b) (AB,BC)

o) (AH,BC) d) (HA AB)
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Vidu 7. Chotamgidc ABC déu canh a, duong cao AH . Tinh céc tich vo hudng sau:

a ABAC b) AH.AC c) AB(AB+AC) d) AC.(AC-AB) d) (AB+AC)(AC-AB)

Vidu 9. Trong mit phang toadd Oxy, cho hai diém A(L-2) va B(-31).
a) Tinh OAOB. b) Tinh AOB.
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Vi du 10. Trong mat phing toadd Oxy, tinh géc gitra hai vecto & va b trong cac trudng hop sau:
a a=(2-3),b=(64). b)a=(32),b=(5-1). ¢ a:(—z;—zJé), 6:(3;@).

I - BAI TAP TU LUYEN

Bai 20. &) Cho AABC vubng tai A va BC =a, ABC =60°. Tinh CB.BA.
b) Cho AABC vudng cantai A va BC =a. Tinh BC.CA.

Bai 21. Cho hinhthang vubng ABCD, duong cao AB=2a, déy |l6n BC =3a, ddy nho AD =2a.
a) Tich céc tich vo huéng: AB.CD, BD.BC, AC.BD.
b) Goi | latrung diém ciia CD, tinh AI.BD. Tir d6 suy ragéc ciahai vecto Al va BD .

Bai 22. Cho hinh vuéng ABCD tam O, canh a. Tinh giatri c&c biéu thuc sau:

a) AB.AC b) AC(AB+AD)

c) ABBD d) (AB+AD)(BD+BC)

¢) (AC-AB)(2AD-AB) f) (AB+AC)(BC+BD+BA)

g) OAAB h) (E+E+E)(ﬁ+ﬁ+ﬁ:)

Bai 23. Cho AABC, tréncanh BC liy 2 diém E, F sao cho BE=EF = FC.Pit AE=4&, EB=D.
a) Biduthi AB, BC, AC theo cé&c vécto avab .

b) Tinh AB.AC néu |a|=5, |p|=2, (a,b)=120°.
B&i 24. &) Tinh |a+b],[a-b| néu [a|=5,|b| =8, (a.b)=60°.

b) Cho |a|=13, |6| =19, [a+b|=24. Tinh [a-B].

Qi

B&i 25. Cho cicvécto &, b, ¢ thoa a+b+C=0 vala =1, |o|=3 |c|=4. Tinh ab+b.c+c.
Bai 26. Chotamgiac déu ABC canh a. G latrong tAmtamgiac, M latrung diém caa BC. Tinh:
a) AB.AC, BACB, AB.BC+BC.CA+CAAB bh) E.(Zﬁa—3ﬁ:), MC.CA, AM GA

Bai 27. Cho AABC c6 AB=3, BC=6 va CA=8.
a) AB.AC vado dai trung tuyén AM .
b) Cho diém | thoa 3Cl =5IA. Tinh Al.BI vado dai Bl .
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Dang 2. Tinh d6 dai ca mét doan thing

| - PHUONG PHAP GIAI

Ta thurong s dung:
e Quy tic bién ddi: BC?=BC =(AC- AB) tirc 1a biéh ddi phép tinh dg dai doan
thang thanh phép tinh tich vo huéng.

e Cong thic toa dé: |AB|= AB = %, ) +(Ya— V)’ (néu dé bai cb lién quan dén
XB A B A

toa do).

Il - BAI TAP MAU

Vi du 11. Cho tam giac ABC c6 AB=3a, AC=a, A =60°. Tinh AB.AC . Suy rado di BC vado da
trung tuyén AM .

Vi du 12. Cho hai diém A(4;3) va B(2;,-1).
a) Timdiém N thuoc Oy sao cho N céch déu hai diém A va B.

b) Tim diém M trén truc hoanh sao cho ‘Wﬁ WS‘ dat giatri nho nhét.

I - BAI TAP TU LUYEN

Bai 28. Cho AABC c6 AB=2, AC=3 va A=120°.
a) Tinhdo dai BC vatrung tuyén AM .
b) Goi I, J 142 diém dinh bsi: 21A+1B=0, JB—2JC=0. Tinh BI.BJ vado da 1J.
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HDang 3. Chtrng minh vuong goc

| - PHUONG PHAP GIAI

Ta c6 thé lira chon mét trong cac huéng sau:
v' Huwéng 1: Dung tinh chat tich vd hueng:

a1b e ab=0e|d |b|cos(ab)=0e

Il - BAI TAP MAU

Vi du 13. Chirng minh rang hai duong chéo cia mt hinh thoi ABCD vuéng goc véi nhau.
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Vi dy 16. Trong hé tructoads (O,i,), cho d=(%2) vab=(x-1).

a) Tim x dé a va b vudng goc véi nhau.  b) Tim x dé d6 dai cia & va b biang nhau.

I - BAI TAP TU LUYEN

Bai 29.

Bai 30.

Bai 31.

Bai 32.

Bai 33.

Bai 34.

Bai 35.

Cho AABC déucanh a.Goi M, N, P la3diém sao cho: W:ETA\, ?:%?, TD:ST
a) Tinh AM, AN theo AB va AC. b) Chirng minh: MP L AN

Cho AABC déu canh 3a. Trén3canh BC, CA, AB liy M, N, P théa: BM =a, CN =2a,
AP=x (0<x<3a).

a) Tinh AM theo AB va AC.

a
¢) Tim x theo a d& AM L NP.

b) Chirng minh: PN :%(E—EE)

Cho diém | nam trong dudng trontam O. Ké qua | hai ddy cung AB va CD vudng goc Véi
nhau. Goi M latrung diém cia AD . Chirng minhring: BC L IM .

Cho tu gidc ABCD 6 hai duong chéo AC va BD cit nhautao O. Goi H, K lan luot [atruc
tam cia tam gidc ABO va CDO; |, J lan luot |a trung diém cua AD, BC. Ching minh:
HK L1J.

Cho AABC déu, trén BC, CA, AB lay cac diém D, E, F thoa 3DB=BC, 3CE =2CA va
15AF = 4AB. Ching minh: AD L EF .

Cho hinh vuéng OACB vamét diém M thugc OC . Ké duong PP’ qua M vavubng goc Véi
OA, duong QQ’ qua M vavudng goc véi OB.
a) Chang minh: AM =PQ. b) Ching minh: AM L PQ.

Chirng minh rang diéu kién can vada dé AABC vudng |& BABC = AB?
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Dang 4. Chirng minh mét dang thirc vé tich vé hwéng hay do dai

| - PHUONG PHAP GIAI

e S dyng tinh chdt giao hoan va phan phéi vé tich vd huéng.

e Vi céc biéu thirc vé tich vd hudng, ta s dung dinh nghia hogc tinh chdt cua tich vo
huong. Can dat biét luu y phép phan tich vecto d@é bién doi +, —, quy tdc trung diém, quy
tgc hinh binh hanh,...

e Vi cac cdng thirc Vé dg dai, ta thiwong s dung: AB? = AB~ = AB.AB . Cdn ném viing
céc hinh tinh cia nhizng hinh co ban.

e Pé chirng minh V=0 ta cd thé chitng minh tich v huéng ciia v véi hai vecto khéng
cting phurong bang 0, tizc 1& v ¢6 2 gid khac nhawu.

Il - BAI TAP MAU

2
Vidu 17. Chotamgi4c ABC bét ki, goi | latrungdiém AB. Ching minh: CA? + CB? = 2Cl * + AB :

Vidu 18. Cho4 diém A, B, C, D batki.
a) Chiang minhring AB.CD +BC.AD+CABD =0
b) Suy rarang 3 dudng cao ciamot tam giac bat ki dong qui tai mot diém goi 1 truc tam.
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I - BAI TAP TU LUYEN

Bai 36.

Bai 37.

Bai 38.
Bai 39.

Bai 40.

Bai 41.

Bai 42.

Bai 43.

Bai 44.

Bai 45.

Cho hinh chit nhat ABCD t&mO. Goi M ladiém tly y. Chirng minh rang:

a) MA+MC = MB.MD b) MA?+MC? = MB? + MD?

¢) MAMC = MB.MD d) MA?+MB.MD = 2MAMO

Cho hai diém A vaB. Goi O latrung diémcua AB va M la mot diém tly y. Ching minh

ring: MAMB = OM 2 — OAZ.

Cho AABC, goi M Ilatrung diém ciaBC . Chirng minh AB.AC = MA? — MB?.

Cho4diém A, B, C, D tlyy.

a) Chiang minh ring AB.CD+ AC.BD+AD.BC =0. Suy ra cach ching minh dinh Iy “ba
dudng cao trong tam giac dong qui”.

b) Ching minh ring: AB?+CD?—BC?— AD?=2CABD suy radiéu kién can vadu dé tu gidc
¢6 hai duong chéo vubng goc.

Cho AABC cotrongtdmG . Ly diém M tlyy.

a) Chirng minh: MA? + MB? + MC? = 3MG” + GA® + GB* + GC?.

b) Suy raring: GA? +GB? + GC? :%(a2+b2+cz); 0G? = RZ—%(a2+b2+cz)
(V6i O la ttm va R la ban kinh duong tron ngoai tiép AABC;BC=a,
AC=b,AB=c)

Cho AABC cotrongtdmH . Goi M latrung diém cuaBC . Chirng minh rang:

a) W-W=%BCZ b) MH2+MA2:AH2+%BCZ

Goi | latrung diém cua doan AB, M la mot diémtuy y. Goi H & hinh chiéu caa M 1én
duong thang AB. Chirng minh rang:

1 1

a) W-W=§(MBZ—MA2) b) mWB:MIZ—ZABZ
0) MA2+MBZ:2MI2+%ABZ d) |[MA®-MB°|=2IH.AB

Cho hai diém M, N nam trén duong tron duong kinh AB=2R. Goi | |a giao diém cua hai
duong thing AM vaBN .

a) Chung minh: AM.Al = AB.Al; BN.BI = BABI b) Tinh AM.Al + BN.BI theoR.
T diém P trong duong tron ké 2 day vudng géc APB va CPQ. Chirng minh ring dudng
chéo PQ cuahinh chir nhat APCQ vudng goc vai PD .

Cho AABC c6 AA', BB’, CC’ lacéc duong trung tuyén, G latrong tam, M ladiém tay y.
Chirng minh rang:

a) AA.BC+ BB’ CA+CC.AB=0.

b) MA.BC+MB CA+MC.AB=0

¢) MAMB+MBMC+MCMA=MA*+MB” + MC? —%(ABZ +BC’+CA?)

S — 1

d) MAMB+MB.MC+MC. A:MA’2+MB’2+MC’Z—Z(ABZ+BCZ+CA2)

&) MA’+MB’+MC? = MA? + MB” + MC” +%(ABZ +BC’+CA?)
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HDang 5. Tap hop diém — Cuc triH

| - PHUONG PHAP GIAI

1. Céac tdp hgp diém co bidn: Cho dogn AB, tip hop cac diém M thsa:
e AM.AB =0 la duwong thing vudng goc véi AB tai A.
e MAMB =0 la duwong tron duwong kinh AB.
2. Cé&c dang thuwong gap:
e Dgngl: AM?=k>0: M thugc duwong trontam A, ban kinh R=+k .
e Dgng2: MAMB=k, Vi A, B ¢4 dinhva k khong di.
v Goi | latrung diém AB, ta duoc:
Ta co: k:mWB:(W+ﬁ)(W+W3) :(W+ﬁ)(W—W3)

2 2
k=|\/|A|\/|B=|\/||2—|A2=|\/||2—AB :I\/||2=k+AB .
4 4
2
Ddt:lzk+AB :
4
v Khi do:
> Néu | <0: M khéng ton tai
» Néul=0thi M =1:latrung diém AB

> Néul>0: M thugc dwong trontam | , bankinh R=+/1 .

x Luru y cac phép bién doi vecto, quy tdac trung diém, trong tam, ddc biét 1a tamt/ cur
| thi ta phdi chon dat va chiing minh | ¢o dinh roi chén | vao biéu thirc vecto
tirong 1ng. néu khdng cd tam ti ¢y ciia hé diémthi chon tamti cu ciia bé phén diem

e Dang 3: aMA*+ BMB*+yMC?=k, véi a+B+y+#0, A,B, C cé dinh va k
khéng doi.

v Goi | ladiémcé dinhthéa alA+ B1B+y1C=0.

Taco: aMA’ + SMB® + yMC’ =k & (a+ B+ y) MA® =k —(aIA* + BIB* + y1C?)
k—(al A’ + BIB* + y1C?) k—(alA’+ BIB* +y1C?)

MI? = Dt h=
a+p+y a+B+y

Nher vy tdp hop cac diem M |&:
> Puong trontam | , bankinh +/h néu h>0.
> Piem | néu h=0.
> @ néu h<O.
3. Bai toan cuec tri hinh hoc
a) Cho | ladiémcs dinh, M thay doi thi M2 bénhat khiM =1 .
b) Cho | ladiém co dinh, M thay doi trén duong thang d thi Ml bé nhat khi M 1a
hinh chiéu cia | 1én dwongthang d .
c) Mgt s6 bdt dang thirc dwoc danh gid tir cac binh phuwong v6 hudng ddac biét:
(é+5)2 >0, (T + T+IZ)2 >0, ...
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Il - BAI TAP MAU

Vi du 19. Cho tam gi4c ABC . Tim tap hop nhitng diém M sao cho:
a) AM.AB=AB.AC b) MAMB+MAMC =0

Vi du 20. Cho tam gi4c AB c6 do dai bang 3a. Timtap hop nhitng diém M thoa:
a) MAMB = AB? b) MA?+2MB? = AB?
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Vi du 21. Cho AABC ¢b dinh, G latrong tam.

a) Chirng minh: MAMB+ MB.CA+ MC.AB=0

b) Chirng minh ring véi moi diém M tacd: MA? + MB? + MC? = 3MG? + GA? + GB? + GC?

c) Vi vi tri ndo caadiém M thi tdng MA? + MB? + MC? ¢6 gia tri bé nhat va gia tri d6 bang
bao nhiéu?

I - BAI TAP TU LUYEN

Bai 46.

Bai 47.

Bai 48.

Bai 49.

Cho AABC cb dinh. Tim tap hop céc diém M thoa mén:

a) MBBC=0 b) MAMB =6

c) ABAM = AB.AC d) MA(MB+MC)=0

e WS.(W+W3+W:):O ) (W+3W3).(W+2W3+3W:):O

Cho AABC cb dinh. Hay tim tap hop cac diém M théa mot trong céc diéu kién sau:

a) MAMB=MAMC b) (WA+ WS)(W+W:) =0

c) MAMB =k (véi k lasd khong ddi) d) MAMB = MC?2

e) MA?+MAMB+MAMC =0 f) MA2+MB2+MC2=k (véi k lasb khong déi)

g) MA?+2MB?+4MC? =k (véi k lasd khdng dbi)

Cho hinh binh hanh ABCD, tamO, M ladiémtay y.

a) Ching minh rang: MA® — MB? + MC” = MD” — 2( OB’ — OA?)

b) Gia sir M di dong trén duong thing d, x&c dinh vi tri cia M dé MA? —MB? + MC? dat gia
tri nho nhat.

Cho AABC déu canh bang 6 (cm). Lay M & mdt diém thuoc duong tron ngoai tiép AABC .

Pit S=MA? - MB?-MC?. Timvi tri ciadiém M dé S dat giatri nho nhat, 16n nhét ?
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IDang 6. Biéu thirc toa dd

I. PHUONG PHAP GIAI

Cho a=(a;a,), b=(h;b,), A(X:Ya).B(Xs:Ys)-

o db=ab+ah, =|d. ‘b‘cos é 6 (hoanh x hoanh + tung xtung)

o |a=\a +aZ; o=+

e cos(a,b)= 36 ___ab+ab
alp| fa?+a2 o +02

e d41lbecos(ab)=0sab+ab, =0

o AB=|AB|=\(% %) +(Ys - V)

ching.

e Khi tinh tich vd hudng 2 vécto, ta nén dé y dén chieu nham xéac dinh ding géc cua

Il - BAI TAP MAU

Vidu 22 @ Cho a=(-12). Timtoads vécto b cung phuong véi a biét |b

b) Cho a=(2-3). Timvécto b cing phuong véi & biét ab =—26.

_5.

c) Cho @=(-21). Timtoad¢ vécto b vudng goc vai a biét |b

=./10.

I - BAI TAP TU LUYEN

Bai 50. Cho A(5-1) va B(-L3).

a) Tim trén truc tung diém P sao cho APB =90°.
b) Tim trén truc hoanh diém M sao cho MA? + 2MB? nho nhét.

Bai 51. Cho a=(13), b=(6,-2) vac=(x1).
a) Changminh a_Lb b) Tim x dé a.L¢

c) Tim x dé a va ¢ cung phuong d) Timtoado vecto d dé a1 d vab.d =20
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HDang 7. Tim cac diém d3ic biét trong tam giac

I. PHUONG PHAP GIAI

nhau, ... dé thiét Idp phuong trinh theo 2 dn X,y .
2. Trang AABC, ta can nhé céc thuge tinh ciia mét s diém sau:
v Trongtam G(Xg; Y ) la giao diém ba duwong trung tuyén:
_ XAt XetXe o _YatYetYe
3 e 3
v Tructdm H (X, ; Y, ) lagiao diém ba duwong cao:
Tac6 AH LBC< AH.BC=0
BH L AC < BH.AC=0 H

1. Pé timdiém M (x;y) ta ding quan hé giia cac vecto: vudng goc, cing phurong, bang

AH.BC=0

BH.AC=0

Giai hé trén tatimduocx,, , Y, -

Tur d6 ta co hé phuwong trinh: {

v/ Tim J(X,;y,) lachan dwong cao vé tir A :
= Vi AJ LBC= AJ.BC=0 (1)
» Vi34iémB, J, C thing hang nén: BJ va BC cling phuong (2)
Gidi h¢ phuong trinh gom 2 phuong trinh (1) va (2) ta tim duoc X, , Y, .
v’ Tam dwéng tron ngogi tiép | (X,;y, ) 1a giao diém 3 duwong trung tryc:
% Truong hop 1: AABC latamgiac dac biét:
= AABC wdngtei A = | latrung diémBC.
= AABC déu = | latrongtam
% Truong hop 2. AABC la tam giac thuong:
IA=1B

» Céch1: Toadd diém | langhiém cia hé:
IA=1IC

» Céch2: GoiM , N lanluotlatrung diém cia BC vaAC .
Tac6 IM LBC < IM.BC=0
IN L AC < IN.AC=0
IM.BC=0

Tur d6 ta cd hé phurong trinh: o
IN.AC=0
Giai hé trén tatimduwocx, , Y, .
v Tim D va E lan luot |& chan duwong phan giac trong va phan
giac ngoai cua gocA:
e Chéan duong phan gidctrong D(X; Y, ) : A
DC AC AC

e Chéan duong phan gidc ngoai E(X.; Y ): E B

EB_AB _EB-BE
EC AC AC
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v’ Tam duwéng tron ngi tiép K (X,; v, ) 12 giao diém ba duwong phan giac:
e Bujcl: AABC: Timdiém D |a chan duwong phan giac
trong ciua géc A:

A
DC AC AC
e Budc 2: AABD: Timdiém K & chan dwong phan giac
trong ciua gécB :
KA - — B D
KD BD BD

> Chay: Taco thé ding cong thizc sau dé kiémtra lai két qud:
_ax,+bxg+ox. . ay,+byg+cy,
~ a+b+c K" a+b+c
(trongdbé BC=a, AC=b, AB=c lad dai 3 cgnh cuatam giéc)

Il - BAI TAP MAU

AABC.

Vidu 23.Cho AABC, biét A(L1), B(L7), C(91). Tim toa do diém K Ia tam duong tron ngi tiép

Bai 52. Cho AABC, biét A(4;3), B(-L-1), C(2-4).

a) Timtoado tructdm H cia AABC.

b) Timdiém K lachan duong cao ké tir C.
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Vi du 24. Trong mit phang Oxy, cho badiém A(L6), B(2-6), C(-11).

a) Chang minhring A, B, C lap thanh mat tam giéc.

b) Timtrong tdm G, truc tdm H , tAm dudng tron ngoai tiép AABC .

¢) Chang minhrang: 1H =3IG.
d) Tim chiéu cao AA" vadién tich tam giac ABC.

€) Cho a=CA, b=CB. Tim vécto X thoa a.x=238 va b.x=-30.

I - BAI TAP TU LUYEN

Bai 53.

Bai 54.

Trong mat phang Oxy, cho 3 diém A(L5), B(—4;,-5), C(4-1).

a) Ching minhrang: A, B, C a3 dinh cia mot tam giéc.
b) Tim toadd tam dudng tron ndi tiép AABC.

Cho AABC, biét A(L2), B(-2,6),C(9;8).

a) Tinh AB.AC . Chitng minh AABC vudng tai A.

b) Tim tAm vaban kinh duong tron ngoai tiép AABC .

¢) Timtoadd tructdm H vatrongtdm G cua AABC.

d) Tinh chu vi, dién tich cia AABC.

e) Timtoadd diém M trén Oy dé B, M , A thing hang.
f) Timtoadd diém N trén Ox dé AANC cantai N .

g) Timtoado diém D d& ABCD |&hinh chit nhat.

h) Timtoado diém K d& AOKB la hinh thang day AO.
i) Timtoadd diém T thoa TA+2TB-3TC =0

j) Timtoadd diém E ddi xang véi diém A qua B.

k) Timtoado diém | |achan dudng phan giéc trong tai dinh C.
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HDang 8. M4t s6 dang toan thuwong gap trén tam giac, tl giac

I. PHUONG PHAP GIAI

1. Dang ciu héi ' Chithg minh ...”:

1) Chitng minh AABC cantai A.
Tinhdo dai AB, AC.Suyra AB= AC = AABC cantai A.

2) Chizng minh AABC wvubdng tai A.
Cach 1: Tinh AB, AC, BC. Suyra AB*+ AC?=BC? = AABC wudngtai A.
Céach 2: Tinh toa d¢ AB, AC, suy ra ABAC=..=0=> ABLAC = AABC

vubng tai A.

3) Chizng minh AABC wvudng cantai A.

Tinh AB, AC, BC.

AB = AC N
Jyra { = AABC wvuongcantai A.

AB’ + AC? = BC?
4) Chung minh tiz gidc ABCD la hinh binh hanh:
Tinh AB, DC, suyra AB=DC va AB=DC = ABCD Ia hinh binh hanh.
5) Chizng minh tiz giac ABCD la hinh thoi:
Tinh AB, BC, CD, DA. Suyra AB=BC =CD = DA = ABCD la hinh thoi.
6) Chizng minh tiz gidac ABCD la hinh chiz nhdt:
Céch 1: Chizng minh ABCD & hinh binh hanh va cé 1 géc vudng.
Céch 2: Chitng minh ABCD 1a hinh binh hanh va c6 2 duweng chéo bang nhau.
7) Chizng minh tiz giac ABCD |a hinh vuéng
Céch 1: Chizng minh ABCD la hinh thoi va c6 1 géc vuéng.
Céach 2: Ching minh ABCD 1& hinh binh hanh + 1 géc wubng + 2 cgnh lién tiép
bang nhau.
8) Churng minh tiz gidc ABCD la hinh thang:
Tinh AB, DC =ah,—-ah =0, suy ra AB, DC clng phuwong = AB//CD
= ABCD la hinh thang.
- CM hinh thang vuéng: chizn gminh thém 1 goc vudng.
- CM hinh thang can: chizng minh thém 2 dwrong chéo bang nhau.
9) Chizng minh ABCD lati gi&c ndi tiép:
- Tavé hinhtrong mp Oxy dé xem ti giac ndy co dac diém gi?
- Ching minh A va C wuéng bang céch tinh tea dé cac vécto lién quan va ding
dieu kién vudng goc (tich vd huéng = 0)
Suy ra tir gidc ABCD ndi tiép duroc trong dwong tron cd duong kinh BD..
w Lau Y. cac tir giac dac biét: hinh chiz nhgt, hinh vudng, hinh thang can ciing 1a
tir gi&c noi tiep.
1. Dang cdu héi "Tim toa dé diém ...”:
1) Timtea dg 1 diém M thugc truc tung (hodc hoanh) dé AMAB wudng tai M (Vdi
A, B 1a2 diém cho truéc).
- Néu M e Ox= M (x,;0); MeOy=M (G, ).

Néu M thugc duwong thang x=a= M (ay,, ) -

Néu M thugc duwong thang y=a= M (x,;b).
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- Tinhsinteads MA, MB (c61dnla x, hogc y,, ).
- Do AMAB wubngtai M = MAMB =0, suy ra phuong trinh theo x,, hogc y,, .
2) Timtoa d6 1 diém M thugc truc tung (hogc hoanh) @¢ AMAB wvubng can tai

M hogc M céchdéu A va B (véi A va B 1a 2 diém cho truéc)

- Néu M e Ox= M (x,;0); MeOy=M (G, ).
Néu M thugc duwong thang x=a= M (ay,, ) -
Néu M thugc duwong thang y=a= M (x,;b).

- Tinhdo dai MA, MB..

- Do AMAB cantgi M (hay M céach déu A va B -ty cau hai).
—MA=MB=+.=+.> phuong trinh theo x,, hogc vy, .

x= Lueu v: Néu yéu cau cau hsi 1a“ AMAB can” thi véi toa dé M tim duoc phdi
thir lai dé loai truong hop M latrung diém AB.

3) Timtoads 1 diém M thugc truc tung (hogc hoanh) @é M , A, B thang hang (Véi

A va B 142 diém cho truéc)

- Néu M e Ox= M (x,;0); MeOy=M (G, ).
Néu M thugc duwong thang x=a= M (ay,, ) -
Néu M thugc duwong thang y=a= M (x,;b).

- Tinhtoadé AM , AB.

- Badiém M, A, B suyra AM, AB cling phirong = phurong trinh theo x,,
hogc vy, .

Il - BAI TAP MAU

Vi du 25. Trong mat phiang Oxy . Xé hinh tinh cac tam gidc AABC vatinh chu vi, dién tich caa ching.
a) A(L4), B(21), C(52). b) A(11), B(2;3), C(5-1).
c) A(L-1), B(31), C(-33). b) A(L-1), B(-2-2), C(-31).
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Vi du 26. Trong mat phiang Oxy . Chirng minh tir giac ABCD la hinh chit nhat. Biét:
8 A(-L2), B(L4), C(50), D(3-2).  b) A(2-2), B(-1-3), C(-33), D(0;4).

Vi du 27. Trong mat phiang Oxy . Chirng minh tir gidc ABCD la hinh thoi. Biét:
a) A(31), B(5-3), C(%-1), D(L-3). b) A(33), B(-2,8), C(-31), D(2-4).

Vi du 28. Trong mat phiang Oxy . Chirng minh tir gilc ABCD 1a hinh vuéng. Biét:
a) A(0;-2), B(50), C(35), D(-23). b) A(7;-3), B(8,4), C(15), D(0;-2).
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Vi du 29. Cho hai diém A(=3;3), B(44).

a) Tim M thuoc truc tung dé AMB =90° .
b) Tim N thudc truc hoanh dé badiém A, B, N thing hang.

Vi du 30. Cho badiém A(L3), B(-L-1), C(2-4).
a) Chirng minh 3 diém A, B, C lap thanh tam gi&c.
b) Timdiém M (m,2) dé AABM vudngtai M .
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Vi du 31 Cho badiém A(L3), B(-1-1),C(5-4).
a) Chirng minh 3 diém A, B, C lap thanh tam gi&c vudng.
b) Timdiém E trén Oy sao cho AEBC lap thanh hinh thang.

Vi du 32. Trén mt phang toa do Oxy, cho bon diém A(7;-3), B(8;4), C(L5) va D(0;-2). Ching
minh rang t: gidc ABCD & hinh vudng.

Il - BAI TAP TU LUYEN

Bai 55. Chobadiém A(L1), B(34), C(0;5).
a) Tim @=(x;y) siocho 4AB=7 va [a|=5.

b) Timdiém M trén Ox sao cho AABM vudng tai B.
c¢) Timdiém D sao cho ABDC & hinh chit nhat.

Bai 56. Tim x, y dé cac diém A(20), B(0;2), C(0;7) va D(x;y) lacéc dinh lién tiép caa hinh
thang can.

Bai 57. Cho AABC, biét A(4;1), B(26) va C(-5;3).

a) Tinh cosin caa gdc 1¢n nhat trong tam gidc ABC .
b) Timdiém D trén Ox sao cho ABCD |a hinh thang.
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HDang 9. Tim GTLN, GTNN trong hinh hog

A. PHUONG PHAP GIAI

Bai todn 1: Chodiém A, B vadwongthing d. Timdiém M e d sao cho MA+ MB
nhé nhat.
1. Truong hop 1: Hai diém A va B nam khéc phia doi véi d
e Med =Toadscia M dang tong quét. A
e Apdung bdt dang thirc trong tam giéc, ta co: /\M
MA+MB2=AB. Dau“=" xayra < M =M, d M\
& M, A, B thanghang = tpado M .
2. Truong hop 2: Hai diém A va B nam cuing phia doi véi d:
e Med = Toadscia M dang téng quét.
e Goi A ladiémdoi ximgvéi A quad.
e Apdung bdt dang thirc trong tam giéc, ta co:
MA+MB>A'B< MA+MB>A'B
= (MA+MB) < (MA+MB)=A'B A

0---= >
<
w
o

o
x
=

Ddu“=" xiyra< M =M, < M, A, B thing hang = toadé M .
Bai todn 2: Chodiém A, B vadwongthing d. Timdiém M e d sao cho
IMA—MB| Ién nhat. A
1. Truong hop 1: Hai diém A va B nam khéc phia doi véi d

e Med =Toadscia M dang tong quét. B

e Ap dung bdt ding thizc trong tam giéc, ta co: d ¢ M,
IMA—MB|< AB & [MA-MB|, = AB M
Dau“=" xdyra< M =M, < M, A, B thang hang = tpadé M .

2. Truong hop 2: Hai diém A va B nam cuing phia doi véi d: A

e Med =Toadscia M dang tong quét. :

e Goi A ladiémdoi ximgvéi A quad. M ; M,

e Ap dung bat dang thizc trong tam giéac, ta co: d
IMA—MB|< A'B < |MA-MB|<A'B
IMA-MB| _ < |MA-MB| _=AB A

4

Dau“=" xiyra< M =M, < M, A, B thing hang = toadé M .
Il - BAI TAP MAU

Vi du 33. Tim trén tryc hoanh diém P sao cho tong khoang céch tir diém P dén céc diém A va B 1a
nho nhat. Biét: @) A(L 1), B(2—4)  b) A(L 2), B(3 4)
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Bai 58. Chobadiém A(0; 6), B(2 5), M (2t—2; t). Timtoads diém M sao cho:
a (MA+MB) b) [MA-MB|
Il - BAI TAP TU LUYEN
Bai 59. Tim trén duongthing d:y=—x diém M sao cho tong khoang céch tir diém M dén cac diém
A va B lanho nhit. Biét:
a) A(L 1), B(-2-4) b) A(L 1), B(3-2)
Bai 60. Trong mat phang toadd Oxy, cho A(L—-2), B(3; 4).
a) Timdiém M trén truc hoanh sao cho tong khoang cach tr M dén hai diém A, B langin
nhat.
b) Timdiém N trén truc hoanh sao cho |NA- NB| I6n nhit.
¢) Timdiém | tréntryctung sao cho |A+IB nho nhit.
d) Timdiém J trén truc tung sao cho ‘TA+ JTB‘ ngan nht.
Bai 61. Chobadiém A(L 2), B(2 5), M (2t+2; t). Timtoads diém M sao cho:

a) (MA+MB) b) ‘W+W‘ 0) [MA-MB|__ d) [MA-MB| _

min min
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C — BAI TAP TONG HOP VAN DE 2

Bai 62.

Bai 63.

Bai 64.

Bai 65.

Bai 66.
Bai 67.

Bai 68.

Bai 69.

Bai 70.

Bai 71.

Bai 72.

Cho hinh vuéng ABCD canh a, tamO, N ladiém tuy y trén canh BC .
a Tinh AB.NA, NO.BA, OC.BD.
b) Ly M € AD sao cho: 4AM = AD .

Tinh: AD.MB, MC.MB, BO.MA, @.(3@—2@%/70—@).

Cho hinh binh hanh ABCD, biét AB=13, AD =19, AC=24.
a) Tinh AB.AD. b) Tinh do dai duong chéo BD.
c) Ching to 60° < A <90°. d) Tinh cos(AC,BD).

Cho tam giac ABC co:

a AB=2, AC=3, A=60°. Tinhdé dai canh BC.
b) AB=3, BC=4, B=45°. Tinhd¢ dai canh AC.
¢) AC=5, BC=6, C=120°. Tinhd¢ dai canh AB.

2
Cho tam gidc ABC vudngtai A co trungtuyén AM . Biét BC =a+/3, AM.BC :% . Tinh hai
canh AB, AC.

Cho AABC c6 AB=3a, AC =a, A=60°. Tinh AB.AC . Suy rado dai trung tuyén AM .
Cho AABC c6 AB=2, AC=3, BC=4. Goi G latrongtam AABC.

a) Tinh AB.AC, BC.BA, CACB rdi suy ra cosA, cosB, cosC .

b) Tinh AG.BC.

c¢) Tinh GAGB+GB.GC + GC.GA

d) Goi D lachan duong phan giéc trong ciagéc A. Tinh AD .

Cho AABC vuéngtai A, AB=3a, AC =4a. Tinh AB.AC, ACCB, AB.BC

Cho AABC déu cd do dai canh & a, duong cao AH. Tinh AB.AH, AH.BC,
AB.(2AB-3AC)

Cho hinh vubng ABCD canh a, tinh:

a) AB.AC b) AB.BD
0) (E+E)(@+ﬁ:) d) (E—E)(Zﬁ—@)
e) AC.BD ) (E+E+E)(ﬁ+ﬁ+ﬁ:)

Cho AABC c6AB=2, AC=3 va A=120°.
a) Tinh BC.
b) Tinh d6 dai duong trung tuyén AM .

c) Goi | , J lacéc diémdinh boi 21A+I1B=0, JB—2JC=0.Tinh 1J.
8) Cho [a|=[b| =1, |2a-b|=+/3. Tinh &b .

b) Cho |a|=2; [b|=3;[|a~b|=1. Tinh [a+B].

3d-5b 1L 2a+b

c) Tinh géc gitta2 vecto a va b thoa ~ -
a+4b 1l a-b
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Bai 73.

Bai 74.

Bai 75.

Bai 76.

Bai 77.

Bai 78.

Bai 79.

Bai 80.

Bai 81.

Bai 82.

cho AABC ¢c6 BC=a, CA=b, AB=c, G latrong tam.
a) Tinh AB.AC. Suy ra AB.BC+BC.CA+CAAB.
b) Tinh AG vacosin cuiagoc hop béi AG va BC.
c) Goi dwong tron ngoai tiép AABC 1a (O;R). Tinh OG.

Cho AABC. Tim tap hop c&c diém M trong mdi truong hop sau:

a MAMB=MAMC b) MA?+MAMB+MAMC =0

c) MA?=MBMC d) MAMB=0

Cho AABC vasdk. Timquy tich c&c diém M trong mdi truong hop sau:

a MA=kMB b) MA2+4MB%2=k? c) MA2-MC?=k*> d) AM.BC=k

Cho AABC, G latrongtdmva M ladiémtiy y.

a) Chieng minh rang: v = MA+MB—2MC khong phu thudc vi tri M .

b) Goi O l&tam dudng tron ngoai tiép AABC . CMR: MA? + MB2 — 2MC? = 2MOyV

¢) Gia st M di dong trén dudng tron ngoai tiép AABC. Tim vj tri caa diém M dé
MA? + MB? — 2MC? dat giatri I6n nhét, nho nhét ?

a) Cho hai diém A va B cb dinh vamot sb k. Timtap hop diém M sao cho MA? + MB? =K.

b) Cho hai diém A va B cb dinh vamot sb k. Timtap hop diém M sao cho MA* ~ MB? =k .

c) Cho AABC cb dinhvambdt sb k. Timtap hop diém M sao cho MA? + MB? + MC? = k?.

d)Cho AABC ¢6 dinh va mot s k. Tim tap hop diém M s cho
2MA? +3MB? +5MC? = k2.

€) Cho hinh binh hanh ABCD c¢b dinh va mét s5 k. Tim tap hop diém M sao cho
MAZ? + MB? + MC? + MD? = k?.

Cho AABC ndi tiép duong tron (O). Goi H ladiém xéc dinh bsi OH = OA+OB+OC .

a) Tinh AG.BC. Suyra H latructam ciatam gidc ABC.
b) Tim hé thic girta d@ da ba canh cia AABC la a, b, ¢ s cho
AH L AM vé6i M latrung diém cua BC.

Cho hinh vuéng ABCD.

a) Goi M, N lan luot latrung diém caa BC, CD . Chiang minh: AM L BN .

b) Goi P, Q twongungtrén BC, CD sao cho 4BP=BC, 4CQ=CD.
Ching minh: AP L BQ.

Cho hinh chir nhat ABCD ¢0:
a AB=a, AD= av/2. Goi K latrung diém caa AD . Chang minh: BK L AC.

2

b) AB=a, AD=b. Goi K latrung diém cia AD va L tréntia DC sao cho DL:Z—.
a

Ching minh: BK L AL .

Cho hinh vuéng ABCD, diém M nam trén AC sao cho 4AM = AC. Goi N latrung diém
cia DC . Chirng minh ABMN vudng can.

Cho AABC. LayM , M’ lahai diémtlayy. Goi H, K, L lahinh chiéucaa M trén BC, CA,
AB va H’, K’, L’ lahinh chiéu caa M’ trén BC, CA, AB.
Ching minh ring: BC.HH + CAKK’+ AB.LL’ =0.

File word lién hé: toanhocbactrungnam@gmail.com MS: HH10-C2




Gu: Trdn Quéc Nghia (S tdm va bién tdp) 35

Bai 83. Cho hinh thang vudng ABCD c6 dudng cao AB=h, canh ddy AD =a, BC=b. Tim diéu
kiéngita a, b, h dé:
a AC LBD b) AIB=90° véi | latrung diém CD.

Bai 84. Cho hinh thang vubng ABCD, duong cao AB=2a, AD =a, BC =4a.
a) Tinh AC.BD. Suy ragdc giita AC va BD.
b) Goi | latrung diémcua CD, J ladiém di dong trén canh BC . Dung tich vé hudng dé tinh

BJ sao cho AJ va Bl vubng géc.

Bai 85. Cho hinh thang vuéng ABCD hai d&y AD =a, BC =b, duong cao AB=h. Tim diéu kién
gita a, b, h dé:
a) BD LCI,Véi | latrung diém caa AB.
b) AC L DI
¢) BM LCN,vsi M, N lan luot latrung diém caa AC va BD.

Bai 86. Cho AABC vuéngtai A, cdtrung tuyén AM . Trén2 canh AB, AC lay hai diém B’, C’ sa0
cho: AB.AB"= AC.AC’. Chirng minh: AM L B'C’.

Bai 87. Cho hinhvuéng ABCD canh a. Timtap hop diém M sao cho:

a) MAMC +MB.MD = a2 b) MA2—MB?+MC? = a2

¢) (MA+2MB+MC)(MA-MC)=2a" d) MA? +MB?+MC2 =3MD?
Bai 88. Cho AABC déu. Timtap hop diém M sao cho:

a) MA?2—MB?+CA>—CB>=0 b) 3MA%—2MB2—-MC?=0

¢) 2MB?+MB.MC = BC? d) (MA+MB)(MC-MB)=0

Bai 89. Cho hai diém A, B c¢b dinh c6 khoang céch binga. Tim tap hop céc diém N sao cho
AN.AB = 2a°.

Bai 90. Cho ti gidc ABCD. Goi |, J lan luot la trung diém cia AB va CD. Tim tap hop diém M
sao cho: MAMB+MC.MD :% 132,

Bai9l. Cho hinh binh hanhABCD. Bién luan theo k tiap hop diém thoa man:
MA? + MB? + MC? + MD? =Kk ..

Bai 92. Cho AABC déu canh a noi tiép duong tron (O;R). Goi M ladiémtay y.
@ Chang minhrang: M e (O;R) & MA® + MB®> + MC? =6R’.

b) Chirng minh ring: MAZ? +2MB? —3MC? = 2MO + 2MB - 3MC . Suy ra qu§ tich cac diém M
thoadiéu kien MA? + 2MB? = 3MC?.
2
c) Goi D ladiém dbi xirng caa A qua BC . Ch/minh raing: MB.MC = AM ?— AM.AD +a7
Bai 93. Cho a=(L14), b=(-32) vav=(2m+13-4m).
a) Tim m dé v cung phuong a b) Tim m d v L AB.
Bai 94. Cho2diém A(4;4) va B(0;1). Timtoadd diém C trén Oy sao cho trung truc AC di qua B.
Bai 95. Tinhgoc giﬁ:a hai vecto d va b trong cac truong hop sau:
d) a=(43), b=(17) b) @=(25), b=(3-7)
) a=(6;8), b=(12,9) d) a=(2-6), b=(-39)
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Bai 96.

Bai 97.

Bai 98.

Bai 99.

Bai 100.

Bai 101.

Bai 102.

Bai 103.

Bai 104.

Bai 105.

Bai 106.

Cho AABC, biét A(L3), B(-L-1), C(2-4). Timtoadd diém | latam dudng tron ngoai
tiép AABC.

Cho AABC, biét A(L—4), B(-5,-1), C(5;4).

a) Timtoadd diém D 1achan dudng phan gi4c trong ciagoc B.

b) Timtoads diém E |achan duong phan gidc ngoai cuagoc B.

Cho AABC véi A(-3,6), B(9;-10), C(-5;4). Xé&c dinhtdm | vatinh ban kinh dudng tron
ngoai tiép AABC.

Cho AABC Véi A(2-4), B(13), C(11;2). Timtoadd tryctam H .

Cho AABC voi A(-2;6), B(6;2), C(L-3). Timtoadd chan dudng cao CH vatinh do dai

dudng cao nay.

Trong mat phang Oxy, cho 3 diém A(-L-5), B(5,-3), C(3-1).

a) Tinh CACB. Suy ratinh chit cuatam gid&c ABC. Tim tam va ban kinh duong tron ngoai
tiép tam gidc ABC .

b) Tim De Oy sao cho AB=2CD, ABCD lahinhgi ?

c) Vé phéan giéctrong CF cuagéc C trong AABC. Timtoado C.

Trong mat phang Oxy, cho 3 diém A(L-1), B(2-3), C(51).

a) Chang minhring A, B, C lap thanh mat tam giéc.

b) Tim toadd tam va bén kinh dudng tron ngoai tiép AABC.

c) Tinhdiéntich AABC.

Xét hinh dang cia AABC khi biét:

a) A(10), B(50), C(34). b) A(L2), B(-26), C(9:8).
b) A(-10), B(30), C(12V2). ) A(5.7), B(8-5), C(0,-7).

Xéc dinh hinh dang cua ti gic khi biét:

a) A(2,6), B(33), C(-31),D(—44). b) A(-2-2), B(-13), C(32),D(2-2).
o) A(-2-6), B(4,-4), C(2-2), D(-1-3).d)A(21), B(36), C(-25),D(-3,0).
Cho AABC, biét A(0;2), B(6;9), C(41).

a) Tinh AB.AC . Chirng minh AABC vudng tai A.

b) Tim tAm vaban kinh duong tron ngoai tiép AABC .

¢) Timtoadd tructdm H vatrongtdm G cua AABC.

d) Tinh chu vi, dién tich cia AABC.

e) Timtoadd diém M trén Oy déB, M, A thang hang.

f) Timtoadd diém N trén Ox dé AANC cantai N.

g) Timtoado diém D d& ABCD |&hinh chit nhat.

h) Timtoado diém K dé AOKB lahinhthang ddy AO.

i) Timtoado diém T théa TA+2TB-3TC =0.

j) Timtoado diém E ddi xirng véi diém A qua B.

k) Timtoado diém | |achan dudng phan giéc trong tai dinh C.

Cho a=(11), b=(x-132) vac=(2y+1).
a) Tim x dé a cung phuong b b) Timy dé 41¢.
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Bai 107.

Bai 108.

Bai 109.

Bai 110.

Bai 111.

Bai 112.

Bai 113.

Bai 114.

Bai 115.

Bai 116.

Cho bén diém A(2;3), B(9,4), C(5Yy), D(x-2).

a) Tim y dé AABC vubng tai C.

b) Tim x dé badiém A, B, D thang hang.

Cho AABC véi A(5;3), B(2-1), C(-15).

a) Tinhtoado tructdm H cuatam giéc. b) Tinhtoado chan dudong cao vé tir A.

Trén mit phang toadd Oxy, cho diém A(-21). Goi B ladiém déi xing véi diém A quagdc
toadd O. Timtoads caadiém C cd tung do bing 2 sao cho tam gidc ABC vudng ¢ C .

Cho AABC, biét A(L-1), B(5-3),C(2,0).

a) Tinh chu vi va nhan dang tam giéc ABC..

b) Timtoadd diém M biét CM =2.AB—3AC

¢) Tim tam va béan kinh dudng tron ngoai tiép AABC .

Cho AABC, biét A(2;2), B(-2,—4), C(6; 0).

a) Tim toa do trong tAmG , truc tAm H vatadm | duong tron ngoai tiép caa AABC. Chang
minh G, H, | thing hang.

b) Timdiém K lachan duong cao ké tirC .

Cho badiémA(L5), B(—4-5),C(4-1).
a) Chirng minh 3diém A, B, C 1a3 dinh cia mot tam giac.

a) Timtoadd chan duong phan giac trong va ngoai ciagoc A.
b) Tim toa do tam dudng tron ndi tiép AABC.

Cho AABC, biét A(4;3), B(0;-5), C(-6,-2).
a) Chirng minh AABC vubng tai B.

b) Tim tam cua dudng tron ngoai tiép AABC

¢) Tim tdm caa duong tron ndi tiép AABC

Cho AABC, biét A(4;3), B(0;-5),C(-6,-2).

a) Chirng minh AABC vubng tai B.

b) Timtoadd hinh chiéu caa A 1én BC . Tinh dién tich AABC.
¢) Tim tdm caa dudng tron ngoai tiép AABC

d) Tim tAm caa dudng tron noi tiép AABC

Cho badiém A(7;4), B(0;3),C(4;0). Timtoado hinh chiéu vudng goc caa A 1én BC. Tur
d6 suy ratoadd A’ ladiém ddi xang véi A qua BC.

Cho AABC, biét A(%2), B(-11),C(5-1).

a) Tinh AB.AC .

b) Tinh cosvasin ciagoc A.

¢) Timtoadd chan duong cao cia AABC.

d) Timtoado tructdm H cua AABC.

€) Timtoadd trongtdm G cia AABC.

f) Timtoadd tam | duong tron ngoai tiép caa AABC.
g) Chirng minh: | , H, G thing hang.
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D — BAI TAP TRAC NGHIEM VAN DE 2
Cau 29. [0H2-1] Cho AABC co H latruc tam. Bidu thirc (EHH—C)Z bing bidu thirc ndo sau day?
A. AB?+HC?, B. (AB+HC)’. C. AC?*+ AH?2, D. AC?+2AH?2,

Cau 30. [0H2-1] Cho tam gidc ABC, c6 AB=1, BC=+/3, AC=2. Goi M latrung diém ciiaAB .
Giatri cia AM - AC la

AL B. 1. c.ﬁ. D. 8-+/2.
2 2
Cau 31. [0OH2-1] Chotamgidc ABC déu canhbing 4. Khi dé, tinh AB.AC taduoc:
A. 8. B. -8. C. -6. D. 6.

Cau 32, [0H2-1] Cho U va v 1a2 vecto khéc 0. Khi do (u-+v) bing:

~2 =2 ~-2 =2 - = —~  =\2 - = -2 =2 - -
A.U +V . B.u +v —2uwv. C. (u+v) +2uV. D.u +v +2uv.

Cau 33. [OH2-1] U va Vv a2 vecto déu khéc 0. Khi d6 ‘ﬁ+\7‘2béng:

-2 =2 - = 3 3 - = —-2 =2 - -~ =
A.U +Vv —2uv. B. u"+v-+2uv. C.u +v. D. u-v(u—v).

Cau 34. [0H2-1] Chobadiém A, B, C phan biét. Tap hop nhitng diém M ma CM.CB=CACB la
A. Buong tron duong kinh AB .
B. Pudng thing di qua A vavuéng goc véi BC .
C. buong thing di qua B vavuéng goc véi AC .
D. Puong thing di qua C vavudng goc véi AB.

Céau 35. [0H2-1] Trong cac hé thirc sau, hé thirc nao dung?

A. |28 =[dJB. 8. /a’ =[d. c. & =a. D. a-+/g|.
Cau 36. [0H2-1] Cho tam gidc déu ABC c6 canh bing m . Khi ¢6 AB.BC bing
A. n7. B. mzﬁ. C. —ﬁ. D.ﬁ.
2 2 2
Cau 37. [0H2-1] Cho tam gidc déu ABC c6 canh bing m . Khi d6 AB.AC bing
A. 2n7. B. —mzﬁ. C. —ﬁ. D. ﬁ.
2 2 2
Cau 38. [0H2-1] Tich vo huéng ciia hai vécto a va b cling khéc 0 1ash amkhi
A. a vab cuing chiéu. B. a va b cling phuong.
C. 0°<(a,b)<90°. D. 90°<(a,b) <180°.

2

Cau 39. [0H2-1] Chonkét qua dung (a-—b)

-2 =2

A.a -b. B. a’-b’.
-2 =2 - = 2 2 - = - =
C.a +b —2ab. D. a+b —2a.bcos(a,b).

Cau 40. [0H2-1] Piduki¢ncia a vab s cho (a-b) =0 1

A. a vab ddi nhau. B. a va b nguoc hudng.
C. a va b bing nhau. D. a va b cing huéng.
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Céu 41.

Cau 42.

Cau 43.

Céu 44.

Céau 45.

Céau 46.

Céau 47.

Céau 48.

Cau 49.

Céu 50.

Céu 51.

[OH2-2] Cho hinh vudng MNPQ ¢6 |, J lan luot latrung diém caa PQ, MN . Tinh tich vo
huéng QI.NJ .

—2
A. POPI . B. POPN . C. PM.PO. | _%.
[OH2-2] Néutam gid&c ABC latam gi&c déu thi ménh dé ndo sau day dang?
A. A—B.A—C:%ABZ. B. A—B.A—ngABZ. C. A—B.A—C:%ABZ. D. AB.AC =0.

[OH2-2] Trong hinh dudi ddy, cho AB=2; AH = g

Khi dé, tinh AB.AC taduoc;
A. -3, B. 3.
C. 4. D. 5.

[OH2-2] Trong hinh v& dudi day, tinh 2ED.FG, taduoc:
A. 8. B. -12.
C. -6. D. -8.

[OH2-2] Cho hinh vuéng ABCD tam O, canh a. Tinh BO.BC tadugc:

a.2

A. a. B. —-a’. C.Eaz. D. —.
2 2

[OH2-2] Cho tam gidc ABC ¢ H latructam; A’, B’ lan luot & chan dudng cao xuit phét tir
céc diém A, B.Goi D, M, N, P lan luot latrung diém caa AH , BC, CA, AB. Ping thic
nao sau day ladung?

A. NM.ND = AM.AD. B. NM.ND = PD.PC.

C. NM.ND = DP.DM . D. NM.ND = DA.DB’.

[OH2-2] Cho tam gi&c ABC vudng candinh A, c6 AB = AC = a. Ménh d ndo sau day sai?

A. AB = AB. B. AB.AC =0. C. CBCA=a>. D. \KB.E\:\KB\.\E\.
[OH2-2] Cho ABC latam gi&c déu. Ménh dé ndo sau ddy sai?

A. ABACeR. B. AB.AC = AC.AB.

C. (HB.A—C)B—C:HB(A—C.B—C). D. AB.AC =BABC.

[OH2-2] Cho hinh thang vuéng ABCD c0 day l6n AB=4a, day nho CD =2a, duong cao
AD =3a ; | latrung diém caa AD . CAu ndo sau déy sai?

A. AB.DC =8aZ2. B. AD.CD =0. C. AD.AB=0. D. DADB=0.
[OH2-2] Cho tam gid&c ABC c6 BC =6, CA=4, AB=5. Ménh d ndo sau day sai?
A. cos(ﬁB,A—C):i. B. cos(@,A—C):—l.
8 8
— 1 — — 3
C. cos(BA,CA)=—=. D. cos(BA,BC)==.
8 4

[OH2-2] Cho tam giac ABC ¢6 A =60°, AB=5, AC=8. Tinh BC.AC.
D.

A. 20. B. 44. C. 64. 60 .
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Cau 52. [0H2-2] Cho tamgidc ABCco AB=c,CA=b,BC=a. Tinh AB.BC theo a,b,c.

1 1 1 1
A. E(b2+cz—a2). B. E(az—bz—cz). C. E(a2+b2—cz). D. E(bz—cz—az).

Céau 53. [0H2-2] Trongtam giac ABC c6 AB=10,AC =12, gic BAC =120°. Khi d6, AB.AC bang:
A. 30. B. 60. C. -60. D. -30.

Cau 54. [0H2-2] Cho badiém A, B,C phan biét. Tap hop nhitng diém M ma CM .CB=CACB l&
A. Buong tron duong kinh AB .
B. Puong thing di qua A vavuéng goc vsi BC.
C. buong thing di qua B vavuéng goc véi AC .
D. Puong thing di qua C vavudng goc voi AB .

Cau 55. [OH2-2] Cho hai diém B,C phan biét. Tap hop nhitng diém M thoamén CM.CB=CM "~ la
A. Buong tron dudng kinh BC. B. Buong tron(B; BC).
C. buong tron(C;CB). D. Mot dudng khéc.

Cau 56. [0H2-2] Cho ABC latam giac déu. Ménh dé ndo sau day ding?

A. ABACeR. B. AB.AC=—AC.AB.
C. (E.A—C)B—Czﬁa(A—c.B—c). D. AB.AC =BABC.
Cau 57. [0H2-2] Cho tam gidc déu ABC canh a= 2. Hoi ménh dé ndo sau day sai?
A. (ABAC)BC=2BC. B. BCCA=-2.
C. (AB+BC).AC=—4. D. (AC-BC).BA=-4.
Céu 58. [0H2-2] Cho hinh vudng ABCD tam O. Cau nao sau day sai?
A. DAOB=0. B. a\o—cz_%a\a\.
C. AB.AC = AB.DC. D. AB.AC = AC.AD.
Céau 59. [0H2-2] Cho hinh vuéng ABCD canh a. Céau nao sau day sai?
A. DACB=a’. B. ABCD =a°.
C. (A—B+B—C).A—C:az. D. AB.AD+CBCD=0.
Cau 60. [0H2-2] Cho tam giéc déu ABC canh a, vé6i c&c dudong cao AH , BK v& HI L AC . Cau néo
sau day sai?
A. BABC = 2BABH . B. CB.CA=4CBCI .
C. (AC-AB)BC =2BABC. D. CACB=4KC.CH .
Cau 61. [0H2-2] Cho tam giéc déu ABC canh a, véi c&c dudong cao AH , BK v& HI L AC . Cau néo
sau day dung?
P . g2 o . g2
A. ABAC=—. B.CBCK=—. C. (AB+AC)BC:a2.D. BCK =—.
2 8 2
Cau 62. [0H2-2] Cho hinh vudng ABCD canh a. Ménh d& nao sau day sai?
A. AB.AD =0. B. AB.AC =a”.
C. ABCD =a°. D. (A—B+C—D+E)E:a2.
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Cau 63.

Céu 64.

Céau 65.

Cau 66.

Céu 67.

Cau 68.

Cau 69.

Céu 70.

Céau 71.

Céau 72.

Céau 73.

Céu 74.

Cau 75.

[OH2-2] Cho hinh vudng ABCD c6 canh a. Tinh AB.AD .
2
A. 0. B. a. c. & D. a2.
2
[OH2-2] Tam giac ABC vudng & A vaco goc B =50°. Hé thirc ndo sau day lasai?
A. (AB, BC)=130°. B. (BC, AC)=40°.
C. (AB, CB)=50°. D. (AC, CB)=120°.
[OH2-2] Cho a va b lahai vécto cling husng va déu khéc vécto 0. Trong cac két qua sau déy,

héy chon két qua dung.

A. ab=[d |g. B. ab=0. C.ab=-1. D. ab=-|d[g-
[OH2-2] Cho tam gidc ABC vudng tai A. Khing dinh ndo sau day lasai?

A. AB.AC < BABC. B. ACCB< ACBC.

C. AB.BC < CACB. D. AC.BC <BC.AB.

[OH2-2] Cho tam giac ABC vuodng tai A c6 AB=5 cm, BC =13 cm. Goi goc ABC = va

ACB = /3. Hay chon két luan dung khi so sénh & va j:
A f>«. B. <. C.p=c. D.a<p.

[OH2-2] Puong tron tdm O ¢d ban kinh R=15 cm. Goi P la mot diém céch tam O mot
khoang PO =9 cm. D&y cung di qua P vavudng goc vsi PO c6 d6 dai la

A. 22 cm. B. 23 cm. C. 24 cm. D. 25 cm.
[0H2-2] Cho tam gi&c ABC . Timténg (AB, BC)+(BC,CA)+(CA, AB).

A. 180°. B. 360°. C. 270°. D. 120°.
[0H2-2] Cho tam gic ABC, tim ( AB, BC)+(BC,CA)-(AB, AC).

A. 180°. B. 90°. C. 270°. D. 120°.
[OH2-2] Cho tam gidc ABC vudng & A. Timténg (A—BB—C)+(EC—A)

A. 180°. B. 360°. C. 270°. D. 240°.
[0H2-2] Cho tam gi&c ABC véi A =60°, timténg ( AB, BC)+(BC,CA)

A. 120°. B. 360°. C. 270°. D. 240°.
[OH2-2] Tam gidc ABCvudng ¢ A va BC = 2AC. Tinh cosin cua géc (A—C,CTB) .
A.%. B.—%. c.g. D.—g.
[0H2-2] Tamgidc ABC vudngé A va BC =2AC. Tinh cosin ciagéc (AB,BC).
A.%. B.—%. c.g. D.—g.
[0H2-2] Cho tam gidc déu ABC. Tinh cos( AB, AC )+ cos( BA, BC) +cos(CB, CA).
A.?. B.g. C. —g. D. —g.
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Céu 76.

Cau 77.

Céu 78.

Cau 79.

Cau 80.

Céu 81.

Céu 82.

Cau 83.

Céu 84.

Céu 85.

Cau 86.

Céu 87.

Cau 88.

Cau 89.

[OH2-2] Cho tam giéc déu ABC. Tinh cos(ﬁB,B—C)+cos(ﬁ:,C—A)+cos(CTQHB).

A 3B B.3. c.-3. p. -3V3.

2 2 2 2
[OH2-2] Tamgidc ABC vudng ¢ A, AB = ¢, AC = b. Tinhtich vé husng BABC
A. b’ +c. B. b*-c’. C. b°. D. c?.
[OH2-2] Cho O latam dudng tron ngoai tiép tam giac déu MNP . Goc ndo sau day bang 120° ?
A. (W WD) B. (M—O W) C. (W ﬁ’) D. (W W’)
[OH2-2] Cho M, N, P, Q labdndiémtly y. Trong céc hé thirc sau, hé thirc ndo sai?
A. W(WD+P—Q):W.WD+W.P—Q. B. MP.MN =-MN.MP.
C. MN.PQ=PQ.MN. D. (MN -PQ)(MN +PQ) = MN* - PQ”.
[OH2-2] Tamgi4c ABC vudng & A, AB=c, AC =b. Tinhtich vd huéng AC.CB
A. b?+c?. B. b?—c?. C. —b?. D. ¢?.
[OH2-2] Cho tam gidc déu ABC canh a. Tinh AB.BC+ BC.CA+CAAB

2 o) 2 2
AR B. =% c. &3 p, &3,

2 2 2 2

[0H2-2] Cho biét (&;b) =120°; %:3, \B\ —5.Pj dai ciavécto a—b bing
A. J19. B. 7. C. 4. D. 2.

[0H2-2] Chotam gidc ABC biét: AB=3¢ - 4e,; BC=g+56,; [g|=[g|=1vag L¢,.
Do dai canh AC bang

A.de+e,. B. 5. C. [2¢|+[g]. D. V17.
[OH2-2] Cho hinh vuéng ABCD canh a. AB.AC bing
A. a. B. a’\/2. C. %az. D. %az.

[OH2-2] Cho hinh vudng ABCD canh a. A—C(®+C—A) bing

A. -1. B. 3a°. C. -3a°. D. 2a°.

[OH2-2] Cho hinh vudng ABCD canh a. Goi E la diém dbi xirng cia D qua C. Khi do:
AE.AB bing

A. 2a% B. \/3a2. C. J/5a?. D. 5aZ.

[0H2-2] Cho hai vécto & va b khéc 0. Xéc dinh géc gitrahai vécto & va b khi ab=|al o]
A. 180°. B. 0°. C. 90°. D. 45°.

[0H2-2] Cho hai vécto a va b khéc 0. Xéc dinh goc giira hai vécto a va b néu ab= —\é\.\ﬁ\
A. 180°. B. 0°. C. 90°. D. 45°.

[OH2-2] Cho ba diém O, A, B khong thing hang. Diéu kién can va du dé tich vo huéng
(OA+0B).AB=0 Ia

A. Tam gi4c OAB déu. B. Tam giac OAB cantai O.

C. Tamgiac OAB vudng tai O. D. Tamgiac OAB vudng cantai O.
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Cau 90.

Céu 91.

Céau 92.

Céu 93.

Céau 94.

Cau 95.

Cau 96.

Céu 97.

Cau 98.

Cau 99.

Céau 100.

Céu 101.

[OH2-2] Cho hai vécto a va b . bing thuc ndo sau day lasai ?

—— = |- -~ = —— 1{1-2 =2 |- =2
A. a.sz.‘b‘.cos(a,b). B. a.b=§(‘a‘ +‘b‘ —‘a—b‘ )
~—— 1(- =12 |- =2 -~ 1= =2 |- =2
C. a.b:—(‘a+b‘ —‘a—b‘ ) D. a.b:—(‘a+b‘ —‘a—b‘ )

2 4

[OH2-3] Cho 2 diém A, B va O latrung diém caa AB, OA=a. Tap hop nhitng diém M ma
MAMB = a? 1aduong tron tam O, cd ban kinh bang:

A. a. B. 2a. C. aV2. D. 2a/2.

[OH2-3] Cho doan thing AB = a cb dinh. Tap hop nhitng diém M ma AM.AB=a’ 1a

A. buong trQn tam A, bankinh a. B. buong trQn tam B, ban kinh a.

C. buong thang vubng goc voi AB tai A. D. buong thang vudng géc véi AB tai B.
[OH2-3] Cho hinh chit nhat ABCD c¢d AB=+/2, AD =1. Tinh gdc giita hai vecto AC va BD.
A. 89°. B. 92°. C. 109°. D. 91°.

[OH2-3] Cho doanthing AB=4, AC =3, AB.AC =k. Hoi c6 miy diém C dé k=87

A. 3. B. 1. C. 2. D. 0.

[OH2-3] Cho doanthing AB=4, AC =3, AB.AC =k. Hoi cé miy diém C dé k=-127

A. 2. B.O. C. 1. D. 3.

[OH2-3] Cho hinh vuéng ABCD c6 | latrung diém cia AD. Tinh cos(A—C,g).
AL B. L. c. L. D. 2.

3 J10 J5 J10
[OH2-3] Cho tam gi4c vudng ABH vubng H tai c6 BH =2, AB=3. Hinh chiéu caa H 1én
AB la K . Tinhtich vo huéng BK.BH .

A. 4. B.ﬂ. C.E. D.E.

3 4 9
[OH2-3] Cho hinh vuéng ABCD canh a. Trén céc canh AB, BC, CD, DA lan luot liy cac
diém M, N, P, Q sao cho AM =BN =CP=DQ=x(0< x<a). Tichtich vé huéng PN.PQ.
A. AB’. B. AC’. C. 0. D. AD?.
[OH2-3] Cho hinh vuéng ABCD canh a. Trén céc canh AB, BC, CD, DA lan luot lay cic
diém M, N, P, Q sao cho AM =BN=CP=DQ=x (0< x<a). Tinh dién tich t& giéc
MNPQ taduoc:
A. 2X* +2ax+a’. B. 2x* —2ax+a’. C. 2x* —ax+a’. D. x*—2ax+a’.
[OH2-3] Cho hinh vuéng ABCD canh a. Trén c&c canh AB, BC, CD, DA lan luot lay cac
diém M, N, P, Q sao cho AM=BN=CP=DQ=x (0<x<a). Tich tich v hudng
PN.PM taduoc:
A. X2 +(x+a)’. B. x?+(a—2x)°. C. X +(a-x)’. D. x* +(2a-x)°.

[OH2-3] Cho hinh vuéng ABCD canh a. Trén c&c canh AB, BC, CD, DA lan luot lay cac

I 2

diém M, N, P, Q saocho AM =BN=CP=DQ=x (0<x<a).Néu PM.D :%th‘lgié

tri cua x bang:
A2 B. 2. c. 32 D. a.
4 2 4
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Cau 102. [0H2-3] Cho u va v 1a2 vecto déu khéc 0. Ménh dé ndo sau day ding?

A tv=0e (u+v) =(u-v)". B. uv=0 =¥,

C. tv=0 (0+V).(d-v)=0. D. V=0 (i+).(i-2v)=0.

Cau 103. [0H2-3] Cho 3 diém D,E,F theo thi ty bt ky trén truc XOx. Ménh ¢ ndo sau day ding?

A. DE.DF = DE.DF . B. DE.DF = DE.DF.

C. DE.DF =-DE.DF . D. DE.DF =-DE.DF.
Cau 104. [0H2-3] Cho tam gi&c déu ABC canh a= 2. Hoi ménh dé ndo sau day sai?

A. (HB.A—C)B—C:ZB—C. B. BC.CA=-2.

C. (HB+B—C).A—C=—4. D. (A—C—B—c).ETA=4.
Céu 105. [0H2-3] Cho hinh vudng ABCD tam O. Cau nao sau day sai?

A. OAOB=0. B. oﬁ&:%ﬁa.

C. AB.AC = AC.DC. D. AB.AC = AC.AD.
Céau 106. [0H2-3] Cho hinh vuéng ABCD canh a. Céau nao sau day sai?

A. DACB = a°. B. ABCD = -a°.

C. (HB+B—C).A—C=a2. D. ABAD+CBCD=0.

Céu 107. [OH2-3] Cho hinh thang vubng ABCD c0 dé&y I6n AB=4a, dédy nho CD = 2a, duong cao
AD =3a ; | latrung diémcua AD. DABC bing:
A. —9a2. B. 15a2. C. 0. D. Khong tinh dugc.
Céu 108. [0H2-3] Cho hinh thang vuéng ABCD c6 dédy I6n AB=4a, day nho CD =2a, duong cao
AD=3a ; | latrung diémcua AD. (VA+W3).A—C bang:

2 2
A2 B. -3 C.0. D. 9a2.
2 2
Cau 109. [0H2-3] Cho 2 diém A va B c6 AB=4cm. T4p hop nhirng diém M sao cho MAMB =0 |&
A. Buong thang vudng goc vai AB . B. buong tron duong kinh AB .
C. Poan thing vudng goc véi AB . D. Két qua khéc.

Céau 110. [OH2-3] Cho tam giac ABC vubng tai A, c6 AB=3, AC=5. V& duong cao AH . Tich vd
husng HB.HC bing:

A. 3. B. —/34. c. -2, D. 22,
34 34
Cau 111. [0H2-3] Cho tam gi&c déu ABC canh a, véi c&c duong cao AH, BK v& HI L AC. Cau néo
sau day dung?
A. BABC = 2BABH. B. CBCA=4CBCI .

c. (AC-AB)BC =(BC) . D. Ca bacau trén.

Cau 112. [0H2-3] Cho tam giac déu ABC canh a, véi c&c duong cao AH, BK v& HI L AC. Cau néo
sau day dung?

2 2

A. E.A—c:a? B. c“s.c?:%
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Cau 113. [0H2-3] Cho hinh vudng ABCD canh a. Ménh d& nao sau day sai?
A. AB.AD =0. B. ABAC =a?.
C. ABCD =a°. D. (E+ﬁ+ﬁ:).ﬁ):a2.

Céu 114. [OH2-3] Cho hinh thang vuéng ABCD c6 day lén AB = 4a, d&y nho CD =2a, duong cao
AD =3a; | latrung diémcua AB. DABC bing:
A. —9a°. B. 15a°. C. 0. D. 9a°.

Céau 115. [0OH2-3] Cho hinh thang vudng ABCD c6 déy I6n AB =4a, day nho CD =2a, duong cao
AD =3a; | latrungdiémcua AB. Céu nao sau déy sai?
A. AB.DC =8a°. B. AD.CD =0. C. AD.AB=0. D. DADB=0.

Céu 116. [OH2-3] Cho hinh thang vuéng ABCD c6 déy lén AB =4a, ddy nho CD =2a, duong cao
AD =3a; | latrung diémcia AB. (TA+IB)ID bang:

2 2
A.%. B. —3%. C.0. D. 9a2.

Cau 117. [0H2-3] Trong tam gi&c cd AB =10, AC =12, goc BAC =120° . Khi d6, AB.AC bing:
A. 30. B. 60. C. —60. D. -30.

Cau 118. [0H2-3] Cho hai diém B, C phan bict. Tap hop nhitng diém M thoa man CM.CB=CM

thudc
A. buong tron duong kinh BC. B. Buong tron (B, BC).
C. buong tron (C,CB). D. Mot duong khac khéng phai duong tron.

Cau 119. [0H2-3] Cho tam giac ABC vudng can tai A c6 AB= AC =30 cm. Hai duong trung tuyén
BF va CE cit nhau tai G. Diéntichtam gid&c GFC |a:
A. 50 cn?. B. 50v2 cn?. C. 75 cn? D. 15,105 cr?.

Cau 120. [0H2-3] Cho gbc xOy =30°. Goi A va B lahai diém di dong 1in huot trén Ox va Oy sao cho
AB =1. Py dai Ién nhit ciadoan OB bang:
A.15. B. v/3. C. 2. D. 2.

Cau 121. [0H2-3] Tam gi&c ABCc6 géc A bing 100° va c6 truc tdm H. Tim téng:
(ﬁ@ﬁ(@%ﬁ(%ﬁ)
A. 360°. B. 180°. | C. 80°. D. 160°.

Cau 122. [0H2-3] Cho hinh vudng ABCD canh a. (HB+A—C).(E+@+§A) bang
A. 2J2a. B. —3a?. C. 0. D. —2a’

Cau 123. [0H2-3] Cho hai vécto a va b khac 0. Xéc dinh goc giira hai vécto a va b néu hai vécto
25—35 va a+b vudng goc véi nhau va ‘?# =‘5‘ =1
A. 90°. B. 180°. C. 60°. D. 45°.

Cau 124. [0H2-4] Cho tam gia&c ABC c6 H latruc tam. Goi c&c diém D, E, F lan luot & trung diém
cia HA, HB, HC; M, N, P lan luot latrung diém caa BC, CA, AB; A, B’, C’ lan luot &
chan duong cao xuét phét tir A, B, C; Puong tron duong kinh NE di qua:

A. MvaA. B. NvaB. C.PvacC. D. M,N,P
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Cau 125. [0H2-3] Cho hinh vudng ABCD canh a, t&m O. Tap hop c&c diém M thoa man
MAMC + MB.MD =a? la
A. duong tron (O, av/2). B. duong tron (O,a).

C. duong tron (O,a—zzj : D. duong tron duong kinh AC .

Cau 126. [0H2-3] Cho hinh wvuéng ABCD tdm O. Tap hop c& diém M thoa man
MA® + MB? + MC? = 3MD” la
A. duong thing AC . B. duong thing CD.
C. duong tron duong kinh BC . D. duong tron duong kinh AC .

Cau 127. [0H2-4] Cho tam gid&c ABC vubng cantai A, | latrung diém cua BC. V& rangoai tam giéc
céc hinh vubng ABMN va ACEF . Hé thirc nao sau day sai?
A. MN L FE. B. AN L FA. C. MF L NE. D. Al LFN.

Cau 128. [0H2-4] Cho hai vecto a va b co |&|=5, ‘B‘:lz va \a+6\:13. Khi d6 cosin cia géc giira

hai vecto & va a+b bing
A2 B. . c.>. p. 3,
13 12 13 12
Cau 129. [0H2-4] Cho hinh chit nhat ABCD ¢6 AB=3, AD=4. Goi M & diém thoa man diéu kién
AM =k.AB. X&c dinh k dé hai duong thing AC va DM vuéng géc nhau?
9 16 4 3

A —. B. —. C. —. D. —.
16 9 3 4

Cau 130. [0H2-4] Cho hinh thang can ABCD 44y 16n 1a AB, géc nhon & déy 1a 60°, biét AB =4,

AD=bh, |d=m>0, ‘B‘:n>0, m>n. Hai duong thing AC va BP vuang géc nhau khi
A. m:g(1+\/§). B. m:2(1+\/§) hoac m:g(l—«@).
C. n:g(1+\/§). D. n:g(l+\/§) hoic n:g(l—\@).

Cau 131. [0H2-4] Cho tam gi&c ABC ¢ AB=c,CA=b, BC = a, BAC = . V& duong phan gia&c AD cua
géc A (De BC). Tinh AD.

b+c)cos
AP 2(1+cos) . B. becosa C. £\/1+cosoz. D. u.
b+c b+c b+c bc

Cau 132. [0H2-1] Cho 2 vecto u=(4;5) vav=(3;a). Tinh a dé uv=0
12 12 5 5

A.a=—. B. a= C.a=—. D.a=——.
5 5 12 12

Cau 133. [0H2-1] Trong hé truc toadd Oxy, cho 2 vecto u=2i—j va v=3i +2]. Tinh uv taduoc:
A. 6. B. 2. C. 4. D. 4.

L \/éJ vaf/—(\/é' L

Cau 134. [0H2-1] Trong hé truc toadd Oxy, cho 2 vecto U = (5;7 7,—§J .Llc do (El.\?)\?

bang:
A 2. B. 0. c.u. D. (uv)(u?).
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Céau 135.

Céau 136.

Cau 137.

Cau 138.

Cau 139.

Cau 140.

Céu 141.

Cau 142.

Céu 143.

Cau 144.

Céu 145.

Céau 146.

Cau 147.

[OH2-1] Trong hé truc (O;T; ]) , ménh dé ndo sau day sai?

AT =i B. =1 c.fil=[i D.i.j=0.

[OH2-1] Trong mit phing Oxy, cho a=(21) va b =(3-2). Tich v huéng cia hai vécto da
cho la

A. 4. B. 4. C.0. D. 1.

[OH2-1] Trong mét phing Oxy, cho d=(2;-1), b =(-3;4). Khing dinh ndo sau day la sai?
A. Tich vo huéng cia hai vécto dacho 1a —10. B. D6 16n cuavécto & 1a /5.

C.bo loncuavecto b la s. D. Goc gitra hai vécto la 90° .

[OH2-1] Cho céc vécto ti=(-2;1), V=(L2). Tichvohusngcua i va v la

A. 0. B. 0. C. 2. D. 5.

[0H2-1] Cho hai diém A=(L2) va B=(3,4). Giatri cia AB_ &

A. 4. B. 4J2. C. 6v2. D. 8.

[OH2-1] Cho hai vécto a=(4;3) va b=(17). Goc giita hai vécto a va b la

A. 90°. B. 60°. C. 45°. D. 30°.
[OH2-1] Cho hai diém M (L-2) va N(-3;4). Khoang cach giita hai diém M va N 1a
A. 4. B.6. C.3/6. D. 2,13.

[0H2-1] Trong mit phang toa do Oxy cho hai diém A(3;-1), B(2 10). Tich vd husng
OAOB bing bao nhiéu?
A. -4 B. 4. C. 16. D. 0.
[0H2-1] Trong mat phang toa do Oxy cho ba diém A(3; -1), B(2 10), C(4 —2). Tich vd
huesng AB.AC bing bao nhiéu?
A. 40. B. -12. C. 26. D. -26.
[0H2-1] Cho hai diém A(0;1) va B(3,0). Khoang céch giita hai diém A va B |a
A. 3. B. 4. y
c. 5. D. V10. | C
L A i
[OH2-2] Trong hinh bén, uv bang: N 2 !
A.13. B. 0. | i
C. -13. D. 13V2. 3 o > X
[OH2-2] Trong mat phing (OT]) cho badiém A(3,6), B(x;—2), C(2;y). Tinh OABC:
A. OABC =3x+6y—12. B. OABC =-3x+ 6y +18.
C. OABC =-3x+6y+12. D. OABC =0.

[0H2-2] Trong mat phang (OT]) cho badiém A(3,6), B(x;—2), C(2y). Tim x d&¢ OA

vuong goc vai AB.
A. x=19. B. x=-19. C. x=12. D. x=18.
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Céu 148.

Cau 149.

Céu 150.

Céau 151.

Céau 152.

Céu 153.

Céu 154.

Cau 155.

Céu 156.

Céu 157.

Céu 158.

Céu 159.

Céau 160.

[0H2-2] Trong mat phang (OT]) cho ba diém A(3,6), B(x;—2), C(2;y). Tinh y biét
raing OAOC =12.

A. y=3. B. y=-2. C. y=-1. D. y=1.

[OH2-2] Néu trong mit phiang Oxy cho A(L1), B(x;5), C(2;x) thi AB.AC hang:

A. 5x-5. B. 2x+2. C. 10. D. 0.

[0H2-2] Trong mét phing Oxy cho A(L;2), B(41), C(5,4). Tinh BAC ?

A. 60°. B. 45° C. 90°. D. 30°.

[OH2-2] Trong mat phing (O;T,]) cho 2 vecto: a=3+6] va b=8—4j. Két luan ndo sau
déy sai?

A. ab=0. B.alb. C. [alb[=o0. D. [ab|=0.

[0H2-2] Trong mét phing Oxy cho A(L;2), B(41), C(5,4). Tinh BAC ?

A. 60°. B. 45°. C. 90°. D. 120°.

[0H2-2] Trong mat phang (O,7,]) cho 2 vecto a=37 +6] va b =8 —4]. Két luan ndo sau
déy sai?

A. db=0. B.

Q)

15. C. [a Jo|=0. D. [ab|=0.

[0H2-2] Trong mit phang Oxy cho 3 diém A(24), B(L2), C(6;2). Tangidc ABC latam
giac gi?

A.Vubngcantai A. B.Cantai A. C. béu. D. Vubng tai A.
[OH2-2] Cho céc vecto a=(L-2), b =(-2,-6). Khi d6 gdc gitraching |a

A. 45°, B. 60°. C. 30°. D. 135°.

[OH2-2] Cho céc vécto a=(L-3), b =(2;5). Tinhtich vé huéng cia é(é+ 25).

A. 16. B. 26. C. 36. D. -16.

[0H2-2] Cho OM =(-2-1), ON =(3-1). Tinh goc (OM,ON).
V2

A. 135°. B. 5 C. —135°. D.

[0H2-2] Trong mat phang Oxy cho tam gidc ABC biét A(L-1), B(5,-3), C(0;1). Tinhchu
vi tam giéc ABC.

A.5/3+3/5. B. 5/2+3/3. C. 5J3++/41. D. 3J5++/41.
[0H2-2] Trong mit phang Oxy cho hai vécto & va b biét a=(L-2), b=(-1-3). Tinh géc

ol

gitra hai vécto @ va b .

A. 45°. B. 60°. C. 30°. D. 135°.
[OH2-2] Cap vécto ndo sau day vudng goc véi nhau?

A.d=(2-1) vab=(-34). B. 4=(3-4) vab=(-34).
C.a=(2-3) vab=(-6;4). D. a=(-7,-3) vab=(3-7).
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Céu 161.

Céu 162.

Céau 163.

Céau 164.

Cau 165.

Cau 166.

Céu 167.

Céu 168.

Céu 1609.

Céau 170.

Céu 171.

Céau 172.

[OH2-2] Goc giira hai vécto U =(3;-4) vav=(-8-6) la

A. 30°. B. 60°. C. 90°. D. 45°.

[OH2-2] Goc gitra hai vécto G =(-2;2) vav=(10) la

A. 45°. B. 90°. C. 135°. D. 150°.

[0H2-2] Cho tam gi&c ABC c6 A=(10;5), B=(3;2) va C=(6;-5). Khang dinh ndo sau day
ladung? ‘

A. ABC latam giéc déu. B. ABC latamgiac vudng cantai B.

C. ABC latamgiac vudng cantai A. D. ABC latamgiac co goctutai A.

[OH2-2] Trong mét phing toadd, cho a=(3,4), b=(4;—3). Két luan ndo sau day la sai?
A.ab=0. B.alb. C. [ap[=0. D. [al.Joj=0.

[OH2-2] Trong mat phing toadd, cho a= (9;3). Vecto nao sau day khdng vudng goc véi vecto
a?

A.v=(3-3). B.v=(2-6). C.v=(13). D.v=(-13).

[0H2-2] Trong mit phing toa @ Oxy cho hai diém A(L 2), B(-3;1). Tim toa d¢ diém C
trén Oy sao cho tamgiac ABC vudng tai A

A. (5 0). B. (G; 6). C.(31). D. (0; -6).

[0H2-2] Trong mat phang toa ¢ Oxy cho hai diém A(-2; 4), B(8; 4). Tim toa d6 diém C
trén Ox (khéc diém O) sao cho tam gidc ABC vubng tai C.

A. (1 0). B. (3 0). C. (-1 0). D. (6; 0).

[0H2-2] Trong mat phang toa do Oxy cho hai diém A(L 2), B(6; —3). Tinh di¢n tich tam
gi4c OAB.

A. 8. B. 7,5. C.3/3. D. 5V2.

[0H2-2] Trong mat phang toa ¢ Oxy cho hai diém A(2; -5), B(10; 4). Tinh di¢n tich tam
gi4c OAB.

A. 29. B. 58. C. 14,5. D. v/29.

[0H2-2] Trong mat phang toa d6 Oxy cho ba diém A(5; 0), B(0;10), C(8; 4). Tinh di¢n
tich tam giac ABC.

A. 50. B. 25. C. 10. D. 5V2.

[0H2-3] Cho hai diém A(-3;2), B(43). Timdiém M thuoc truc Ox vaco hoanh d6 duong
dé tam gidc MAB vubng tai M .

A. M (7:0). B. M (5,0). C. M (30). D. M (2;0).

[0H2-3] Trong mat phang toa do Oxy, cho tam gidc ABC co A(5;5), B(-3;1), C(1-3).

Diéntichtamgiéc ABC.
A. S=24. B.S=2. C.S=22. D. S=12.
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Céau 173.

Céu 174.

Cau 175.

Céu 176.

Céu 177.

[0H2-3] Trong mat phang Oxy cho bon diém A(0;-2), B(L5), C(84), D(7;-3). Chon

khang dinh dung.
A.Badiém A, B, C thang hang. B. Badiém A, C, D thang hang.
C. Tamgi&c ABC latam giéc déu. D. Ta giéc ABCD lahinh vuéng.

[OH2-3] Trong mat phing Oxy cho céc diém A(2;3), | (%gj B ladiém d6i xang véi A
qua | . Gia st C ladiémco toads (5,y). Giatricaa y détamgidc ABC latam gi&c vuong
tai C la

A y=0y=7 B.y=0, y=-5. C.y=5y=7. D. y=-5.

[0H2-3] Tam giac ABC c6 A=(-11), B=(L3) va C=(L-1). Trong c&c phat biéu sau day,

hay chon phét biéu ddng:
A. ABC latam gi&c c6 ba canh bang nhau. B. ABC latam gi&c c6 bagdc déu nhon.
C. ABC latamgiaccantai B (BA=BC). D. ABC latamgiac vudng cantai A.

[OH2-4] Trong mat phing toa d6 Oxy, cho a=(41), b=(L4). S5 gi4 tri cia n dé

X=nd+b taovéi y=i +] mot goc 45° 14

A. 3. B. 2. C.0. D. 1.

[OH2-4] Trong mat phang toa @ Oxy, cho tam gidc ABC c¢6 A(34), B(21), C(-1-2).
9 2 2 A

Cho M (x;y) trén doanthing BC sa0 cho S,y =3S,g, . Khidé X *Y bing

A. 13. B. 1. C. 113. D. 221.
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a1

Van dé 3. HE THUC LUONG TRONG TAM GIAM
A - TOM TAT LY THUYET

Qui wdc ki hiéu dung cho AABC :
e Pp¢ dai caccagnh: BC=a, CA=b, AB=c
e P dai cac dwong trung tuyén vé tir cac dinh A, B,C:m,, m,, m,.
e D¢ dai cac duong cao Ve tir cac dinh A, B,C:h,, h,, h,
e P¢ dai cac diwong phan giac vé tir cac dinh A, B,C: |

a' 'b? 'c A
e Ban kinh dwong tron ngogi tiép, ngi tiecp tamgiéc: R, r o
e Nia chuvi tamgiac: p ¢
e Di¢ntichtamgiéc: S B a C

I. Dinh I cosin:
e BC?’=AB’+AC*-2AB.ACcosA hay a’*=b’+c’-2bccosA
e AC?=AB*+BC”’-2ABBCcosB hay b*=a*+c*-2accosB
e AB’=AC®+BC?-2AC.BCcosC hay c*=a’+b*-2abcosC

b? +c? —a? a’+c?-b? a?+b?-c?
Hé qua: cosA=——;c0sB=——;00SC=—7—
e 2bc 2ac 2ab
2. Dinklisine —> =2 —_C _oR
snA snB snC
. b?+c* a? a’+c? b? a’+b?> ¢?
3. Dé dai tr en: = —=:m = ——m= =z
¢ dal lrung luyen: m, =——-7 2 4 2 4
4. Dién tich tam gidc:
1 1 1
Sah =Zbh =Zch, c b
2 2 2
1 1 1 ha M
—bcsn A==acsnB==absnC
S=.2 2 2 ]
ae_ 2
4R
Jp(p-a)(p-b)(p-c) (Herong)
» M6t s8 ki€n thirc cdn nhé:
5. Hé thic lwong trong tam gidc vuong:
A
@ AB?=BH.BC ® AC’=CHBC ® AH?=HB.HC b
C
@ BC?=AB’+AC?’ (® AH.BC=AB.AC
©1:1+1®E:ABZ BCHab C
AH? AB? AC? HC AC?
@® snB= doi =A—C ® cosB= ke =E
huyen BC huyen BC
doi AC ke AB B C
tanB=——=——+ cotB=—>=——+
® ke AB ® doi AC

w B va C lahai géc phu nhau: sinB=cosC, cosB=sinC, tanB=cotC, cotB=tanC
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7. Mot aé' tam gidc, bt gidc diic biét
a) Tam gidc déu
Cho AABC déu c6 dg dai canhla a, dwong cao AH =h:

® he (canh)x+/3 _ av/3 ® S- (canh)’>+/3 _ 2?3
2 2 4 4 B C

b) Tam gidc nita déu
Cho AABC la nizatam giac déu co dg dai canh la a:

_aV3 _a _(canh)'xV3 _ a*3
G)AB_2 @Ac_2 ® S= o =3

vg)

¢) Tam gidc vuéng cén
Cho AABC wubng cantgi A ¢ dé dai canh banga, canh huyén d : . q

_d _a
@ d=ay2 @a—\/E @S—2 A C

d) Hinh vudéng B C
Cho hinh vuéng ABCD ¢6 d6 dai canh bang a, dwrong chéo d : g

@D d=aJ2 ® az% ® S=a’

e) Hinh binh hanh:
Di¢ntich: S ;. = BC.AH = AB.AD.sin A

f) Hinh thoi: A
e 1 .
e Diéntich: S,z :EAC.BD = AB.AD.sin A B }j D
C

e Dc bigt: khi ABC =60° hogc BAC =120°
thi cac tamgiac ABC, ACD déu.

g) Hinh chi? nhét: A D
S pecp = AB.AD A D

h) Hinh thang: B C

AD +BC).AH H
Siacp = ( > ) B H C

B - PHUONG PHAP GIAI TOAN

HDang 1. Tinh toan cac dai lwvgng

| - PHUONG PHAP GIAI

v’ Vin dung céc dinh |i sin, cossin, trung tuyén, dién tich.
v/ Chil y cac quan hé tric tiép va quan hé trung gian giira cac dai lweng cho va dai
luong can tinh, cac tam giac dac biét.
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Il - BAI TAP MAU

Vi du 34. Cho tamgidc ABC c6 A =120°, AB=1va AC=2.
a) Tinh BC. b) Tréntia CA kéo dai liy diém D sao cho BD =2. Tinh AD.

Vi du 37. Cho tam gidc ABC ¢0 B=45°, C=75° va duong phén giéc trong AD =4. Tinh canh AC,
BC, AB vabén kinh dudng tron ngoai tiép AABC .
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Vi du 38. Chotamgidc ABC cO m =4, m =2 va a=3. Tinhdj dai cac canh AB va AC.

Vi du 39. Cho tam gi4c ABC c6 AB=6, AC=8 va A =60°.
a) Tinhdiéntich AABC.
b) Goi | latam dwong tron ngoai tiép AABC . Tinh diéntich AIBC.
¢) Tinh béan kinh dudng tron noi tiép AABC .

d) Tinh d6 dai duong phéan giac trong cia A

Il - BAI TAP TU' LUYEN
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Bai 117.

Bai 118.
Bai 119.

Bai 120.

Bai 121.

Bai 122.
Bai 123.

Bai 124.

Bai 125.

Cho AABC, biét:
a) a=12, b=13,c=15. Tinh cosA vagéc A.

b) a=23,b=2J2,c=v/6-v2.Tihh A, B, h, val,.

c) c=3cm, a=5cm, b=6cm. Tinh S, h, va R.

d a=7,b=8,c=6.Tinhm,, S, h,.

e) a=/6, b=2, c=+/3+1. Tinh c&c géc cuatam gidc, R, m, .

f a=3, b=+2. c:%(\/é+\/§).T|'nh A,B,C,R,S.

g) AB=2, AC=3, BC=4.Tinhr.
h) a=13, b=14,c=15.Tinh S, h, R, r.

i) a=21,b=17,c=10.Tinh S, h,, r, m,.

j) A=60°, B =45°,b=4.Tinh avac.

k) A=60°, a=6.Tinh R.

) A=60°,b=20,c=25.TinhS, h,R,T.

m) A =60°, AB=5cm, BC=7cm. Tinh AC, R, T, h,.

n A =120°, AB=6cm, AC=10cm. Tinh BC, R, S.

0) b=7,c=5,cosA=0,6.Tinh S, Rvar.

p) AB=3, AC=4, S=3/3. TinhBC.

q) A =120°, BC=7cm, AC=5cm. Tinh AB, R, T, m, I,.
r AC=13cm, AB+BC=22cm, B =60°. Tinh AB, BC.
AABC c6 a=5, b=4, c=3.Lay D ddi xitng vsi B quaC. Tinh AD.

Cho AABC. Biét a=3, b=4, c=6. Tinh goc 16n nhat vaduong cao tng véi canh [on nhit.
Cho AABC. Biét AB+BC=11cm (AB> BC), B =60°. Ban kinh duong tron noi tiép trong

AABC la 2 cm. Tinh d6 dai duong cao AH .

NE

Cho AABC c6 AB=8, AC=9, BC=10. Métdiém M némtréncanh BC saocho BM =7.
Tinh d6 dai doanthing AM .

Cho hinh binh hanh ABCD c¢6 AB=4, BC=5, BD=7. Tinh AC.

Cho AABC c6 d6 dai 3 trung tuyén bang 15, 18, 27.
a) Tinhdiéntich cua AABC. b) Tinh d6 dai cac canh cia AABC.

Cho AABC vubngtai A c6 AB=5, AC=12, duongcao AH .
a) Tinh béan kinh dudng tron ngoai tiép, noi tiép AABC .
b) V& phan giactrong AD . Tinh DB, DC, AD.

Cho AABC vudngtai A c6 B =60°, C =45°, BC=a.

J6-2
4

a) Tinh AB, AC. b) Chirng minh: cos75° =
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HDang 2. Chirng minh hé thirg

| - PHUONG PHAP GIAI

v’ Vin dung cac phurong phép chung dé chirng minh dang thize; bién doi vé nay sang vé
kia, bién doi tuong durong hogc so sanh véi biéu thirc trung gian, t 1¢ thire, ..

v Sir dung céc dinh co ban vé tam giéc, tam giac wudng: dinh Ii Pitago, dinh |i dwong
trung tuyén trong tam giac vuong, ...

Il - BAI TAP MAU

Vi du 40. Cho tam giac ABC.

tan A c’+a’-b’

tanB c+b*-a?’

b) Biét a=4, b=5, c=6. Tinhgiatri cia sin A—2sinB+sinC..

a) Chang minh
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Vi dy 42. Cho hinh binh hanh ABCD ¢6 AB=a, BD=m va AC =n. Cmr: n? +n’*=2(a’ +b*).

Vi du 43. Cho AABC. Chirng minh:

2 A2 a2 2  |h2 4 A2
a) cotA=b+C—a. b) cotA+cotB+cotC:w
4S 4S
Il - BAI TAP TU LUYEN

Bai 126. Cho AABC c¢6 G latrong tam. Chang minh rang:

a) m§+mj+m§:§(a2+b2+c2) b) GA2+GBZ+GCZ:%(a2+b2+cz)
Bai 127. Cho AABC. Ching minh:

a b*-c?*=a(b.cosC-c.cosB). b) (b>-c*)cosA=a(c.cosC—h.cosB).
Bai 128. Cho AABC cO b — ¢ :%. Chirng minh:

a) sinA=2sinB-2sinC. b) i:i—i.

2h, h h

Bai 129. Cho AABC ¢0 b+c=2a. Chang minh:

a) 2sinA=sinB+sinC. b) é:i+i
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HDang 3. Dang tam giac

| - PHUONG PHAP GIAI

A =90°
v AABC wubngtai A < | cosA=0
a’=b’+c’
b: C 7 7 - 7
A A x» Chay: Srdung phoi hop cac
v . B=C . g
AABC cantal A | . hé thirc cor ban vé tam giac, bién
gn B = gn C 2, N ’ N /4 2,
cosB = cosC doi vé tich so bang 0, bien doi
a=b=c téng binh phurong, céc bat dang
a=bval gbéc=60°
v AABC nhon < A, B, C déunhon

Il - BAI TAP MAU

Vi du 44. Cho AABC . Chirng minh cac khang dinh sau:
a) Goc A nhon khi vachi khi a® <b®+c?.
b) Goc A vudng khi vachi khi a*> =b*+c?.
¢) Goc A tu khi vachi khi a® > b*+c?.

Vi dy 45. Tam gidc ABC thoéa hé thac: ¢* —2(a’ +b2)c2 +a*+a’h*+b* =0. Chang minh ring: AABC
c6 C=60° hoic C =120°.

Vi du 46. Cho AABC théamén: a®=b’+c*. Chang minh AABC ¢6 3 gdc nhon.
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Il - BAI TAP TU LUYEN

Bai 130. Tamgidc ABC thoahé thic: b(b*—a?)=c(c’~a®). CMR: AABC cantai A hay A=120°.

Bai 131. Tinhgéc A ciia AABC théa b(a”—b*)=c(a”*-c?).

Bai 132. Cho AABC c6 a=2v2, b=2 va C=30°. Chirng minh tam gi&c ABC cén. Tinh dién tich va

chiéu cao h, .

Bai 133. Cho a=X*+x+1, b=2x+1, c=x*-1. binh x dé a, b, c 1ado da 3 canh mdt tam giéc.
Vi x viratim duogc, chirng minh rang tam giéc c6 1 goc bang 120°.

Bai 134. a) Cho AABC hiét a=7, b=8,c=5. Chirng minh AABC ¢6 1 goc 60°.

53

b) Cho AABC biét A=60°, a=10, r == - Ching minh AABC dau.

Bai 135. Tinh c&c goc cia AABC néu cb

V3 2
b*+c®-a’ o
Bai 136. Chang minhring AABC déu &< b+c—-a

a=2bcosC
Bai 137. Xét dang AABC néu co:
a+c’-p®

1+cosB  2a+c a+c—b

= b
sin’B Jda® —c? )

oy

a)

sinAsinC =

Alw

snA sinB _sinC

c) S=p(p-a)
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HDang 4. Giai tam giac va irng dung thuc té

| - PHUONG PHAP GIAI

v Gidi tam giac |a tim cac cac canh va cac goc con lai sau khi biét cac gia thiét: cho ba
canh, hai cgnh va mgt goc, mgt canh va hai géc. Van dung cac dinh li sin, cosin véi
chGy A +B+C =180° dé tinh toan.

v' Ung dung thire té 1a chuyén cAc bai toan thuc té thanh bai todn tam giéc, cho biét yéu
t6 XAc dinh roi tim dai luwong ndo do.

Il - BAI TAP MAU

Vi du 47. Cho tam gi4c ABC . Biét a=17,4; B =44°30', C =64°. Tinh goéc A vacéccanh b, c.
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Vi du 50. Bé lap duong day cao thé tir vitri A dénvi tri B, taphai tranh mot ngon ndi nén nguoi ta phai
ndi thang duong day tir vitri A dénvi tri C dai 10km rdi ndi tir vi tri C thang dén vi tri B
dai 8km. GAc tao bai hai doan ddy AC va CB la 75°. Hoi so véi viéc ndi thang tir A dén
nguoi tatdn thém bao nhiéu km day?

Vidu 51. Gia st CD =h lachiéu cao caathép trong d6 C la chan thdp. Chon hai diém A, B trén mit
d4t sao cho ba diém A, B, C thing hang. Ta do khoang cich AB va céc goc CAD, CBD.
Ching hantado duoc AB=24m, CAD = ¢ = 63° , CBD = 3 =48°. Tinh chiéu cao cuathép.
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Vi du 52. Bé do khoang céch tir mot diém A dén gdc cdy C trén cu lao giita sdng, ngudi ta chon mot
diém B cung & trén by voi A sao chotir A va B ¢6 thé nhin thdy diém C. Biét AB=40m,

CAB = =45°, CBA= 8 =70°. Tinh khoang c&ch tir mot diém A déngéccay C.

Vi du 53. Mubn do chiéu cao caa Thap Cham Por Klong Garai ¢ tinh Ninh Thuan, nguoi ta laayshai diém
A va B trén mat dat c6 khoang cach AB=12m cuing thing hang véi chan C caathdp dé dat
hai giac ké. Chan cua giac ké co chiéu cao h=1,3m. Goi D ladinh thép va hai diém A, B,
cling thing hang voi C, thuoc chidu cao CD cua thdp. Ngudi ta do dugc DTA,L\Cl:49° va
DB,C, =35°. Tinh chiéu cao CD ciiathp do.

............................................................. D
............................................................. Cl NN
............................................................. 1.3m 12m

............................................................. C A 12m B
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Vi du 54. Hai chiéc tau thiy cung xuit phét tir mot vi tri A, di thang theo hai huéng tao véi nhau goc
60°. Tau B chay vai toc do 20 hai i mot gio. Tau C chay véi toc d6 15 hait I mot gio. Sau 2
gio, hai tau cach nhau bao nhiéu hai li ?

I - BAI TAP TU LUYEN

Bai 138. Giai tam gi4c ABC, biét:

a c=14; A =60°; B =40°. b) b=4,5; A =45°; C =75°

¢) €=35; A =40°:C =120° d) a=137,5; B =60°; C =40°.
Bai 139. Giai tam gi4c ABC, biét:

a a=6,3; b=6,3; C =54° b) b=32; c=45; A =87°

c) a=7; b=23; C =130° d) b=14; c=10; A =145°
Bai 140. Giai tam gi4&c ABC, biét:

a a=14;b=18;c=20 b) a=6;b=7,3;c=4,8

¢) a=4; b=5;c=7 d) a=2v3; b=2v2; c=/6-2

Bai 141. Tu hai vitri A va B caamét tdanhd, ngudi ta quan sét dinh C caangon ndi. Biét rang do cao
AB biang 70m, phuong nhin AC tao véi phuong nam ngang géc 30° phuong nhin BC tao
v6i phuong nam ngang géc 15°30° . Héi ngon ndi d6 cao bao nhidu mét so véi mat dat?

C
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Bai 142.

Bai 143.

Bai 144.

Bai 145.

Bai 146.

Bai 147.

Mot ngudi ngdi trén tau hoa di tir ga A dén ga B. Khi tau d6 ¢ ga A, quabng nhom ngudi d6
nhin thiy mot thap C (hinh a). Huéng nhin tir nguoi d6 dén thép tao vai hudng di tau mot goc
60°. Khi tau d ¢ ga B, nguoi d6 nhin lai van thiy thép C, huéng nhin tir nguoi d6 dén thép tai
V6i huéng nguoc véi hudng di cua tau mot goc 45°. Biét rang doan duong tau ndi thing ga A
v6i gaB dai 8 km. Hoi khoang céch tir ga A dén thép C labao nhiéu?

C

Hinh a. Hinh b.

Tur vitri A, ngudi taquan sit mot cdy cao (hinh b). Biét AH =4m, HB=20m, BAC =45°.
Tinh chiéu cao cua cay.

Trén ndc toa nha c6 mot cot ang-ten cao 5m. Tur vi tri quan s& A cao 7 m so véi mat dat, co
nhin thiy dinh B vachan C cuaa cot ang-ten dudi goc 50° va 40° so véi phuong nim ngang.
Tinh chiéu cao cuatoa nha (hinh bén dudi)

B

MEEEm
nioininln
ninininly

Khoang cach tir A d&én C khéng thé do truc tiép duoc vi phai qua mot dam lay nén nugowif ta
lam nhu sau: Xéc dinh mot diém B c6 khoang cach AB =12 km va do duoc goc ACB = 37°.
Hay tinh khoang c&ch AC biét raing BC =5km.

Biét 2 lyc cling tac dung vao mot vat va tao voi nhau mot goc 40°. Cuong do caa 2 luc do
bang 3N va 4 N . Tinh cuong d6 cualuc tong hop.

Hai chiéc tau thay P va Q céach nhau 300m. Tir P va Q thing hang véi chdn A caathdp
hai dang AB & trén b bién nguoi ta nhin chiéu cao AB ciia thép dusi cac goc BPA=35° va
BQA = 48°.. Tinh chiéu cao caathap.
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C — BAI TAP TONG HOP VAN PE 3

Bai 148.

Bai 149.
Bai 150.

Bai 151.

Bai 152.
Bai 153.

Bai 154.

Bai 155.

Bai 156.

Bai 157.

Bai 158.

Bai 159.

Bai 160.

Bai 161.

Bai 162.

Bai 163.

Bai 164.

Bai 165.

Cho AABC, biét b=7, c=9, cosA:1—53.T|’nh h,R.

Cho AABC, biét a=9, b=10,c=13.Tinh h,, m, S, r.

Cho AABC cO0: m, =5, my=4,m =3.

a) Tinh a, b,c. b) Chirng minhring A < 45° .

Tam gi&c ABC c6 AB=c, AC=b, BC=a. Mt diém M nam trén canh BC sao0
choBM =d . Tinh d6 dai doanthang AM .

Cho AABC c0 sinA>sinB>sinC . Chiang minh A>B>C .

Chirng minh trong moi tam giéc ABC :

tanA c*+a’-b’
tanB c*+b*-a’

a) b=acosC+ccosA b) sinB=sin AcosC+cosAsinC ¢)

Ching minh ring: néu G 1atrong tm AABC thi GB.GC :1—18(b2+c2 -5a°).

Cho AABC Vi AB=2cm, trung tuyén BD =1cm, BDA=30°. Tinh AD, BC vadién tich.

Cho AABC cantai A véi A =30°, AB=AC=5cm. Puong thing qua B vatam O cia
duong tron ngoai tiép AABC cit AC tai D. Tinh BD.

Cho AABC v6i AB=8cm va A=60° noi tiép trong duong tron (O) ban kinh R=7/3/3.
Tinh d6 dai cac canh BC, AC vadiéntich AABC.

Cho AABC déu, N la 1 diém trén canh AC sao cho AN :%AC. Tinh ti sb cac ban kinh
duong tron ngoai tiép AABN va AABC.

Cho AABC déu canh 4a, lidy De BC, Ee€ AC, Fe AB sao cho BD=x (0<x<4a),
AE=a, AF =3a.
a) Tinh EF . b) Pinh x dé tam gidc DEF vuéngtai F .

Trong mot tam giac can, duong cao rng véi canh ddy bing 20, duong cao tng véi canh bén
bing 24 . Tinh céc canh ciatam gi&c can do.

Tamgiac ABC c6 AB=3, AC=5, BC=7.

a) Tinh BAC . b) Tinh d6 dai cac duong phén giac trong va ngoai cia goc BAC .
Cho AABC cantai A,c6 A =a, AB=a.

a) Tinh BC theo a va . b) Goi D ladiémtrén BC, x&c dinhbsi BC=3BD. Tinh AD.
Tam gidc ABC ¢0 hai trung tuyén BM =6, CN =9 hop véi nhau mot goc 120°. Tinh céc
canh ciatam giéc do.

Cho AABC cantai A, BC=a, duongcao AH =2a. M latrung diém AB.

a) Tinhdo da duong trung tuyén CM . b) Tinh khoang ca&chtir A d&én CM .

Cho ABCD Ia hinh thang c6 ddy I6n AB=3a, ddy nho CD vacanh AD bing a, A =60°.
Goi M, N lan luot latrung diém caa céc canh ddy. Tinh BC va MN.
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Bai 166.

Bai 167.

Bai 168.

Bai 169.

Bai 170.

Bai 171.
Bai 172.

Bai 173.

Bai 174.

Bai 175.

Bai 176.

Bai 177.

Cho hinh vudng ABCD canh a, tim O, M latrung diém AB. Tinh bén kinh dudng tron
ngoai tiép tam gidc OMC .

Cho AABC vuéng & A, D lahinh chiéu cua A trén BC; E va F lan luot 1& hinh chiéu cua
D xuéng AB va AC . Chirng minh:

2 3
3 (AB) _DB va(ABj _BE b) AD®=BC.EBCF
AC) Dpc \AC) CF
Cho AABC . Chitng minh:
2 2 c—acosB

Cho AABC . Chirng minh:

a) Néu m, =m, thi tam gi&c can.

b) Néu hai trung tuyén AM L CN thi cot B =2(cot A+ cotC)

Cho AABC c6 AM latrung tuyén. Biét AM = AB. Chang minh:

a) sinA=2sin(B-A) b) cotC =3cotB

Cho AABC ¢6 a*+b* =c*. Chang minhrang: A, B, C nhonva 2sin’C =tanA.tanB
Cho AABC cém, = c. Chirng minh rang:

a) tanB=3tanC b) sin A=2sin(B-C)

Cho AABC c6 bc=a’. Chang minh:

a sin’ A=sinB.sinC. b) h.h,=h.

Cho AABC . Chang minh rang:

a) a=bcosC+ccosB b) sinA=sinBcosC+sinCcosB
c) h,=2RsinB.sinC d) a=r(cot%+cot%).

Chirng minh trong AABC: a(sinB—sinC)+b(sinC—sinA)+c(sinA-sinB)=0

Ching minh rang:

sinB

sin A

£ , a b < ~

b) Néu AABC thoa =—— thi AABC can.
cosA cosB

o) Néu AABC thoa sin>=— 2 thi AABC cantai A.
2 2hc

d) Néu AABC thoéa sin A= 2sinB.cosC thi AABC can.
€) Néu AABC théa h, =./p(p—a) thi AABC can.

b*+c®-a’

b+c-a

) Néu 3 gbc cia AABC thoahé thic sin A= 2sinBcosC thi AABC latam giéc can.
h) Néu AABC thoahé thirc a+b+c=2(a.cosA+b.cosB+c.cosC) thi AABC déu.

a) Néu AABC thoa =2cosC thi AABC can.

f) Néu AABC thoa =a? thi mot trong 3 géc caand bang 60°.

Cho AABC . Chang minh rang:

a) E:i+i+i b) 3:&-1:14_1.

ha ho ha r ra rb rc
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Bai 178.

Bai 179.

Bai 180.

Bai 181.

Bai 182.

Bai 183.

Bai 184.

Bai 185.

Bai 186.

Bai 187.

Bai 188.

Bai 189.

Bai 190.

Bai 191.

Bai 192.

Cho AABC . Chirng minh:
8 S=2R’sinAsinB.sinC. b) s:\/ﬁszA—cz—(ﬁaA—c)z.

Cho AABC ¢ AB=AC=a, BAM =«.
a) Tinh BC theo a va «.

b) Goi r |aban kinh duong tron ndi tiép. Chirng minh: r ___asna
2(1+sinaj
2
Cho AABC vuéng tai A, canh goc vudng |a b, c. Ldy M € BC sao cho BAM =« . Chirng
minh ring: AM = be S
bcosa +csna

Cho AABC vubng tai A, AD la phan gi& trong cia géc A. Ching minh rang:

1,1 _ A2
AB AC AD
Cho AABC vudng tai A, canh goc vuéng la b, c. Ching minh rang:

a) Do dai phan giac trong ciagéc A lal, = t;c:f : b) r :%(b+c—\/bz+cz)

Tam gid&c ABC va DEF clng noi tiép trong mot duong tron tAm. Chirng minh rang: chu vi 2
tam giéc bang nhau khi vachi khi: sin A+sinB+snC=sinD+snE+sinF
Chirng minh rang trong mét hinh binh hanh, téng binh phueong céc canh bing téng binh phuong
cia hai duong chéo.
Cho tir gidc ABCD. GoiM , N lan luot 1a trung diém caa AC va BD. Chieng minh rang:
AB?+BC?+CD?+ DA? = AC?+ BD? + 4MN?.
Goi S la dién tich va R 1a ban kinh duong tron ngoai tiép AABC. Ching minh rang:
S=2R’sinAsnBsinC.
Cho AABC co c.m #1. Chirng minh ring 2cot A:& =cotB+cotC.

b m snB.snC
Cho tu gi4c 16i ABCD, goil , J lan luot latrung diém caa AC vaBD.
a) Chirng minh: AB® + BC?+CD? + DA? = AC? + BD? + 417
b) Suy radiéu kién cin vadu dé mot ta giae 1a hinh binh hanh.

abc
a+b+c

Cho AABC co

=k . Ching minh: Rr :g.

Cho AABC c6 dudng tron noi tiép tiép xac véi BC, CA, AB lan luot tai K, L,M . Ching
. . A . B _.C
minh: S =2S,,5--9N—.9N—.SIN—.
'AKLM AABC 2 2 2
Cho hinh thang ABCD c¢06 hai &y AB=a, CD=b, 2 canh bén AD=c, BC=d va hai
duong chéo AC = p, BD =q. Chirng minhrang: p*+q*=c®+d*+2ab.

Cho AABC c6 a+c=2b. Chirng minh: cot§+cot%:200tg
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Bai 193.

Bai 194.

Bai 195.

Bai 196.

Bai 197.

Bai 198.

Bai 199.

Bai 200.

Bai 201.

Tinh dién tich AABC trong moi truong hop sau:
a a=5,b=7, C=135° b) a=2, b=3,c=4 c) A=30°, B=120°, c=12.
7

J3

Cho AABC véi A =60°, ban kinh dudong tron ngoai tiép bing —= va ban kinh dwong tron noi

tiép bing /3. Tinh dién tich vachu vi AABC.
Cho AABC . Chiing minh:
a) hhh =8R’sin® Asn®B.sin’C.
2 2 2
b so L m+m+n

3 cot A+cotB+cotC

0) S:%(azsin28+bzsin2A)

Céc duong phan giéc trong cia AABC kéo dai cit dwong tron ngoai tiép tam gidc & c&c diém

L, M, N.Chang minh: §, :%p.R.

Chirng minh rang:
a) Néu AABC thoa sin A.cos’ B =sinB.cos® A thi AABC can.
b) Néu AABC thoa =2 — C thi AABC déu.

m m m

c) Néu AABC thoa sin A=2sinB.cosC thi AABC can.
Cho AABC . Ching minh céc bit dang thirc sau:

a a’+b’*+c’<2(ab+bc+ca) b) a®+b”—c®<2ab
C) a + b + c <2 d) a + b + ¢ >3
b+c c+a a+b b+c-a c+a-b a+b-c

e) (a+b-c)(b+c—a)(c+a-b)<abc f) t , 1.1 >2+2+§

p-a p-b p-c a b

Cho AABC c6 a<b<c. Ching minh céc bit dang thirc sau:

a) b(1+£j+£(a+c)<(i+éj(a+c) b) UL LS Y
a c/ b a c h, h

h, hh h h
c) a(b—c)+b*(c-a)+c’*(a-b)<0 d) (a+b+c)’<9bc
Cho AABC . Ching minh céc bit dang thirc sau:
a) g(a+b+c)<ma+mo+mc<a+b+c b) h,+h +h >9r
¢) a’+b*+c?<9R? d) a*+b*+c*>16S°

Cho AABC c6 goc 120° néu ddng dang véi tam giac cd do dai 3 canh Ian luot 12 /3, V2 va

(V6-v2)/2.
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D — BAI TAP TRAC NGHIEM VAN DBE 3
Céu 178. [OH2-1] Trong tam gi&c ABC, cau nao sau day dung?
A. @ =b*+c® + 2bc.cosA. B. a’ =b” + ¢ —2bc.cosA.
C. a® =b’+c® +bc.cosA. D. a* =b”*+c® —bc.cosA.
Céau 179. [OH2-1] Tamgiac ABC c6 A=120° thi cau nao sau day dung?
A.a’=b*+c*-3poc. B.a’=b’+c*+bc. C.a’=b’+c*+3bc. D. a®=b*+c’—bc.

Céau 180. [OH2-1] Tamgiac ABC c6 a=8,b=7,c=5. Diéntich chatamgi&c la

A.5/3 B. 8J3. C. 104/3. D. 124/3.
Cau 181. [0H2-1] Tinh dién tich tam giac ABC biét A=60°,b=10,c=20.

A. 504/3. B. 50. C. 5072. D. 50/5.
Cau 182. [0H2-1] Cho tamgidc ABC c6 a=2,b=+/6,c=~/3+1. Géc B l&

A. 115°. B. 75°. C. 60°. D. 53°32'.

Céau 183. [0H2-1] Cho tam gi&c ABC c6 a=2,b=+/6,c=+/3+1. Tinh géc A.
A. 30°. B. 45°. C. 68°. D. 75°.

Céau 184. [OH2-1] Tamgiac ABCco6 AB=12, AC=13, A =30°. Tinh diéntichtam giac ABC.

A. 39. B. 78. C. 39V3. D. 783.
Cau 185. [0H2-1] Tinh dién tich tam gi&c c6 bacanh lan luot 12 /3, +/2 va 1.

A.ﬁ. B. /3. C.ﬁ. D.ﬂ.

2 2 2

Céau 186. [0H2-1] Tinh dién tich tam giéc c6 bacanh la 9, 10, 11.

A. 504/3. B. 44. C. 30V2. D. 42.
Céau 187. [0OH2-1] Tinh dién tich tam gidc ABC c¢6 bacanhla 13, 14, 15.

A. 84. B. /6411. C. 168. D. 16:/24 .

Cau 188. [0H2-2] Cho tam giac ABC. Trung tuyén AM c6 do dai:

A.Vb*+c*-a?. B. %\/2b2+202—a2 . C.\/3a%-2p2-2c . D. 22 +2c2-a?2 .

Cau 189. [0H2-2] Néu tam giac ABC cd a? <b?+c? thi:
A. A lagéc nhon. B. A lagoctu. C. Alagécvudng. D. A lagoc nho nhat.

Céau 190. [0H2-2] Trong tam giac ABC , hé thirc nao sau day sai?
b.sin A c.SinA

A. a=— ) B.sinC=
snB a

C. a=2RsnA. D. b=RtanB.

Cau 191. [0H2-2] Tinh géc C ciatamgiac ABC biét a=b va a(a®—c?)=b(b*-c?).

A. C=150°. B. C=120°. C.C=60°. D. C=30°.
Céu 192. [0H2-2] Cho tam giac ABC, cé&c duong cao h , h, h. thoaman hé thirc 3h, =2h, +h, Tim hé
thirc gitra a,b,c.
A.E:E—l. B.3a=2b+c. C.3a=2b-c. D.§:2+E.
a b c a b c
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Cau 193. [0H2-2] Ménh dé ndo sau day sai?

A. Néu a® >b?+c? thi A lagdctu.

B. Néu tam giac ABC c6 mot géctuthi a? > b?+c?.

C. Néu a®> <b?*+c? thi A lagéc nhon.

D. Néu a®> =b*+c? thi A lagéc vubng.

Céau 194. [0H2-2] Trong tam giac ABC, cau nao sau day dung?

A.mazw. B.ma>w. C.ma<w. D. m =b+c.
2 2 2
Cau 195. [0H2-2] Trong tam giéc ABC, néu cé 2h, =h +h_ thi:
A. _2 = _1 + _1 . B. 2sinA=sinB+snC.
ssnA sinB sinC
C.sinA=2sinB+2sinC. D 2 ! !

"SnA_snB_snC’

Cau 196. [0H2-2] Trong tam gi&c ABC, néu c6 a’ =b.c thi:

1 1 1 1 1 1 1 2 2
A —==_—, B.h2=h.h. C.—=—+—. D. — =242,
K h h W h h h h h
Céau 197. [OH2-2] Cho tam gid&c ABC cb a=2,b=+/6,c=~/3+1.Tinh ban kinh Rcia duong tron
ngoai tiép.
A2, B.%. C. % D. /3.

Céau 198. [0H2-2] Diéntich S chatam giac s¢ thoaman hé thirc nao trong hai hé thirc sau day?
. $*=p(p-a)(p-b)(p-c).
1. 165 = (a+b+c)(a+b-c)(a-b+c)(-a+b+c).
A.Chil. B. Chill. C.Calvall. D. Khdng co.
Cau 199. [0H2-2] Trong AABC, diéu kién dé hai trung tuyén vé tir A va B vudng goc véi nhau |&
A. 2a’ +2b* =5¢°. B.3a’°+3b°=5c>. C.2a°+2b°=3c>. D.a’+b*=5c.
Cau 200. [0H2-2] Cho tam gia&c ABC c6 AB=8 cm, AC =18 cm va co dién tich bing 64 cn?. Giatri

SnA l&a
A.E. B.§. C.ﬂ. D.§.
2 8 5 9
Céu 201. [OH2-2] Chotamgiac ABC c6 AB=4 cm,BC =7 cm, CA=9 cm. Gi&tri cosA la
A.E. B.l. C.—Z. D.E.
3 3 3 2

Cau 202. [0H2-2] Tam giac ABC vudng cantai A vanoi tiép trong dudong tron tdm O ban kinh R. Goi
r laban kinh dudng tron noi tiép tam gidc ABC . Khi d6 ti s R bang:
r

A. 1++/2. g, 2+¥2 c. Y2-1 p, 1HV2.
2 2 2
Céau 203. [0H2-2] Tam gi&c ABC c6 AB=9 cm, AC=12 cm va BC =15 cm. Khi d6 duong trung
tuyén AM cuatam giac co do dai la
A. 8 cm. B. 10 cm. C.9cm. D. 7,5 cm.
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Céau 204.

Céu 205.

Céu 206.

Céau 207.

Céu 208.

Céu 2009.

Céau 210.

Céau 211.

Céau 212.

Céau 213.

Céau 214.

Céu 215.

Céu 216.

[OH2-2] Tam gidc ABC c6 BC=a, CA=b, AB=c vacd diéntich S. Néu ting canh BC
|&n 2 1an dong thoi tang canh AC 1én 3 Ian va giit nguyén do 1on caa goc C thi khi d6 dién
tich cia tam gidc mai duoc tao nén bang:

A. 2S. B. 3S. C. 4S. D. 6S.

[OH2-2] Cho tam gi&c DEF ¢6 DE =DF =10 cmva EF =12 cm. Goi | latrung diém cia
canh EF . Poanthing DI c6 d6 dai l&
A. 6,5 cm. B. 7 cm. C. 8 cm. D. 4 cm.
[OH2-2] Cho tam giac ABC c6 AB=5, AC =8, A=60°. Két qua ndo trong céc két qua sau la
d6 dai canh BC?
A. 129, B.7. C. 49. D. \/69.
[OH2-2] Tam gidc ABC c6 a=14, b=18, c¢=20. Két qua ndo sau day 1a gan ddng nhat?
A. B=~42°50'". B. B~60°56'. C. B=~119°04". D. B~90°.
[OH2-2] Néu tam giac MNP ¢ MP=5, PN =8 va MPN =120° thi 6 dai canh MN (lam
tron dén chix sb thap phan thir nhat) |&
A. 114 B.12,4. C.70. D. 12,0.
[OH2-2] Tam giac ABC c6 BC =10, A=30°. Ban kinh duong tron ngoai tiép tam gidc ABC
bang bao nhiéu?
A.5. B. 10. c. 0 D. 104/3.
V3
[OH2-2] Tam giéc véi bacanh 1a 5,12 va 13 ¢6 dién tich bang bao nhiéu?
A. 30. B. 20V2. C. 1043 D. 20.
[OH2-2] Tam giéc c6 bacanh 14 6, 10, 8. Ban kinh dudng tron noi tiép tam giac d6 bing bao
nhiéu?
A. 3. B. 4. C.2. D. 1.
[OH2-2] Tam gidc ABC ¢ B=60°, C=45°, AB=5. Hdi canh AC bing bao nhiéu?
A. 53, B. 5v2. c.#. D. 10.
[OH2-2] Tam gidc ABC c6 AB=2 cm, AC=1 cm, A=60°. Khi d6 do dai canh BC I
A.lcm. B.2cm. C.+/3 cm. D. +/5 cm.
[0H2-2] Tamgidc ABC c6 a=5 cm, b=3 cm, c=5 cm. Khi d6 s do caagoc BAC 1
A. A =45° B. A =30°. C. A >60°. D. A =90°.
[OH2-2] Tamgi4&c ABC c¢6 AB=8 cm, BC =10 cm, CA=6 cm. Buong trung tuyén AM caa
tam gi&c d6 c6 do dai bang:
A. 4 cm. B. 5 cm. C. 6 cm. D. 7 cm.
[OH2-2] Tam gidc ABC c6 a=+/3 cm, b=+/2 cm, c=1 cm. Puong trung tuyén m, co do
dai la:
A.1lcm. B.15 cm. C. ? cm. D. 2,5 cm.
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Cau 217. [0H2-2] Tamgidc ABC vudng cantai A c6 AB= AC =a. Puong trung tuyén BM c0 d6 dai 1a

A.15a. B. av2. C. aV3. D.a—f.
Cau 218. [0H2-2] Tam gi&c déu canh a noi tiép trong dudng tron ban kinh R. Khi ¢6 ban kinh R bang:
- 5. &2 c. a3, p. &3,
2 3 3 4
Cau 219. [0H2-2] Ban kinh cua duong tron noi tiép tam gidc déu canh a bang:
-E 5. &2 c. a3, p. &5,
4 5 6 7
Cau 220. [0H2-2] Cho tam giac ABC c6 BC =a, CA=b, AB=c. Ménh d& ndo sau day lading?
A. Néu b*+c*—a?>0 thigéc A nhon. B. Néu b*>+c¢®—a*> 0 thigéc A tu.
C. Néu b*+c®—a® <0 thi géc A nhon. D. Néu b®+c?—a® <0 thigéc A vudng.
Cau 221. [0H3-2] Tam gidc ABC c6 A =60°, AC =10, AB=6. Tinhcanh BC
A. 76. B. 219. C. 14. D. 6v2.
Cau 222. [0H3-2] Tam gidc ABC c6 A =120°, AC =10, AB=6. Tinh canh BC
A. 76. B. 2J19. C. 14. D. 6v2.
Cau 223. [0H3-2] Tam gidc ABC c6 B=30°, BC=+/3, AB=3. Tinhcanh AC.
A. 3. B. 3. C.15. D.17.
Cau 224. [0H3-2] Tam gidc ABC ¢ C=30°, AC =2, BC =+/3. Tinhcanh AB
A. 10 B. 10. C. /3. D. 1.
Céau 225. [0H3-2] Tam giac ABC co 6:150°, BC =+/3, AC=2. Tinhcanh AB.
A.\13. B. 10. C. 3. D. 1.
Cau 226. [0H3-2] Tam gidc ABC c6 B=135°, BC=3, AB=+/2. Tinhcanh AC.
A.5. B. 5. C.17. D. 2,25.
Céau 227. [0H3-2] Tamgiac ABC c0 cac goc B =30°, Cc =45°, AB=3. Tinhcanh AC.
A.ﬂ. B.ﬂ. C. 6. D.Z—*/g.
2 2 3
Cau 228. [0H3-2] Tam giac ABC c6 B=60°, C=45°, AB=3. Tinhcanh AC.
A.ﬂ. B.ﬂ. C. 6. D.Z—*/g.
2 2 3
Cau 229. [0H3-2] Tamgidc ABC ¢6 A =105°, B =45°, AC =10. Tinhcanh AB.
A.10V2. B. 5J6. c.#. D. 5V2.
Cau 230. [0H3-2] Tamgidc ABC c6 A =75°, B =45°, AC=2. Tinhcanh AB.
A.ﬂ. B. 6. c.ﬁ. D.ﬁ.
2 2 3
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Cau 231. [0H3-2] Tam giac ABC c6 tong hai goc B va C bang 135° vado dai canh BC bing a. Tinh
bén kinh dudng tron ngoai tiép tam giéc.

A &2 B. av2. c. a3 D. ay/3.
2 2
Cau 232. [0H2-2] Tam gi4&c ABC c6 AB=5, AC =9 vaduong trung tuyén AM = 6. Tinh d6 dai canh
BC.
A. 2417. B. J17. C. +/129. D. 22.
Cau 233. [0H2-2] Tam gidc ABC ¢6 AB=4, AC =10 va duong trung tuyén AM =6. Tinh d6 dai
canh BC.
A. 246 B.5. C.vJ22. D. 222.
Cau 234. [0H2-2] Tam gidc ABC c6 AB =4, AC =6 vatrung tuyén BM = 3. Tinh d6 dai canh BC.
A 17, B. 24/5. C. 4. D. 8.
Cau 235. [0H2-2] Tam gi&c c6 ba canh 1an luot 14 5, 12, 13. Tinh d6 dai dudng cao tng véi canh 16n
nhét.
50 B. 120, c. 30 D. 12.
13 13 13

Céau 236. [OH2-2] Tam giac ABCc6 AB=1, AC=3, A =60°. Tinh ban kinh duong tron ngoai tiép

AABC.
AT g, Y2l c.2 D. V3.
3 2
Cau 237. [0H2-2] Tam giac ABC c6 goc B til, AB=3, AC =4 vaco dién tich bing 343. Goc A co
do bing bao nhiéu?
A. 30°. B. 60°. C. 45°. D. 120°.
Cau 238. [0H2-2] Tam gi&c ABCc6 AB=10, AC =24, dién tich bing 120. Tinh d6 dai duong trung
tuyén AM.
A. 13. B. 74/3. C. 26. D. 11./2.
Cau 239. [0H2-2] Tamgiac ABC c6 goc A nhon, AB=5, AC =8, dién tich bing 12. Tinh d¢6 dai canh
BC.
A. 243. B. 4. C.5. D. 3J2.
Cau 240. [0H2-2] Tam giéc c6 ba canh 1an luot 14 /3, /2 va 1.Tinh d¢ da dudng cao (ng véi canh
|&n nhét.
A Y6 B. Y6 c. B p. 3.
6 3 2 2
Cau 241. [0H2-2] Tam gi&c c6 ba canh lan luot 14 1, 2, J5. Tinh d6 dai duong cao tng voi canh lon
nhét
A 25 g 25 C.14. D. 1,3.
5 3
Cau 242. [0H2-2] Tam giéc c6 bacanh lan luot 12 5, 6, 7. Tinh d6 dai duong cao tng véi canh ¢ do
dai bang 6.
A. 6. B. 2./6. C.5. D.#.
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Cau 243. [0H2-2] Tam giéc ¢6 ba canh lan luot 12 7, 8, 9. Tinh d6 dai duong cao tng véi canh ¢ do
dai bang 8.

A. 4J3. B. 242. c.?. D. 3J5.

Cau 244. [0H2-2] Tam giéc c6 ba canh lan luot 1& 21, 22, 23. Tinh d6 dai dudng cao wng véi canh cd
do dai bang 22.

A.%Jﬁ. B. 27. C. 3J10. D. 610.
Cau 245. [0H2-2] Tam giac c6 bacanh 13, 14, 15. Tinh dudng cao trng véi canh c6 do dai 14.
A. 10. B. 12. C. 1 D. 15.

Cau 246. [0H2-2] Cho tam giac véi bacanh a=13, b=14, ¢=15 Tinh duong cao h, .

A. 103 B. 113 C. 5§. D. 12
5 5 5
Cau 247. [0H2-2] Tinh ban kinh duong tron ngoai tiép tam giac c6 bacanh lan luot 14 5, 12, 13.
A. 11. B. 5v2. C. 6. D. 6,5.

Cau 248. [0H2-2] Tinh ban kinh dudng tron noi tiép tam giac ¢d ba canh lan luot 1a V3,42 val

A Lr2-43 g 1rv2+y3 c V2 o 1-V2+3
2 2 1-v2+43 2
Cau 249. [0H2-2] Tinh ban kinh dudng tron noi tiép tam giéc ¢ bacanh lan luot 12 5, 12, 13.
A2 B. 2. C. 242 D. V3.
Cau 250. [0H2-2] Tinh ban kinh duong tron ngoai tiép tam gidc ABC ¢6 bacanh1a 13, 14, 15.
A.8. B. 3. C. 8. D. 6v2.
4 8
Cau 251. [0H2-2] Tinh ban kinh duong tron noi tiép tam gidc ABC ¢d bacanh 1413, 14, 15.
A. 2. B. 4. C.v2. D. 3.

Cau 252. [0H2-2] Cho tam gidc ABC c6 diéntich S. Néutang do dai mdi canh BC va AC lén hai 1an
ddng thoi gitt nguyén do 16n caagéc C thi dién tich caatam gidc méi duoc tao nén 1&:

A. 2S. B. 3S. C. 4S. D. 5S.
Cau 253. [0H2-3] Cho tam giac ABC , xét cac bét diang thirc sau:
. |a-b|<c. Il. a<b+c. . m,+m,+m <a+b+c.

Hoi bit dang thirc ndo dang?
A.Chil, Il. B. Chill, [l1. C. Chil, 1. D.Cal, I, IlI.

Cau 254. [0H2-3] Cho tam gidc MPQ vudng tai P . Trén canh MQ 4y hai diém E, F sao cho c&c goc
MPE, EPF, FPQ bing nhau. Pat MP =g, PQ =m, PE = x, PF = y. Trong céc h¢ thirc sau,
hé thirc nao dung?

A. ME=EF =FQ. B. ME*=0°+Xx*—Xq.
C. MF?=q°+Yy*—yq. D. MQ? = ¢ + m* —2gm.

Cau 255. [0H2-3] Tam gidc ABC vuéng tai A c6 AB=6 cm, BC =10 cm. Budng tron ndi tiép tam
giac d6 cd ban kinh r bang:

A.lcm. B. 2 cm. C.2cm. D. 3 cm.
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Cau 256.

Cau 257.

Cau 258.

Cau 259.

Céu 260.

Cau 261.

Cau 262.

Céu 263.

Céu 264.

Céu 265.

Céu 266.

Cau 267.

Céu 268.

Céu 2609.

[OH2-3] Tam gi&c déu noi tiép duong tron ban kinh R=4 cm c6 dién tich &
A. 13 cm?. B. 132 cm?. C. 124/3 cm?. D. 15 cm?.
[OH2-3] Tam gi4dc ABC vudng cantai A c6 AB=a. Pudng tron noi tiép tam gidc ABC ¢b
bén kinh r bang:
a a a a
A. —. B. —. C. . D. —.
2 V2 2++/2 3
[OH2-3] Tam gidc ABC c6 cac canh a, b, ¢ thoa mén diéu kién: (a+b+c)(a+b-c)=3ab.

Khi d¢6 s do ciagoc C &

A. 120°. B. 30°. C. 45°. D. 60°.

[OH2-3] Hinh binh hanh ABCD c6 AB=a, BC =a+/2 va BAD = 45°. Khi d6 hinh binh hanh
c6 dién tich bang

A. 2a%. B. a%/2. C. a°. D. a%/3.

[OH2-3] Cho tam giac ABC cd canh BC =a, canh CA=b. Tam gidc ABC c0 dién tich lon
nhat khi géc C bang:

A. 60°. B. 90°. C. 150°. D. 120°.
[OH3-3] Tamgiac ABC c6 smC=T, AC =3, BC =6 vagoc C nhon. Tinhcanh AB.
A. 27, B. 3V2. C. 27. D. 8.
[OH3-2] Tamgidc ABC c6 AC =33, AB=3, BC=6. Tinhsd do géc B.

A. 60°. B. 45°. C. 30°. D. 120°.
[0H3-2] Tamgiéc ABC c6 BC =5/5,AC=5/2,AB=5.Tinh A .

A. 60°. B. 45°. C. 30°. D. 120°.
[0H3-3] Tam gidc ABC c6AB=3,AC =4 vatan A=2y/2. Tinhcanh BC

A. 33, B. JV17. C.3J2. D. 4/2.
[OH3-3] Tam gidc ABC cd AB=3, AC =4 va tan A=—2y/2. Tinh canh BC.
A. 32, B. 443. C. /33. D. 7.
[OH3-3] Tam gidc ABC c6 BC =~/6, AC =3 vacotC =-2. Tinhcanh AB.

A. 6. B. V2L. c.g. D. 2410.
[OH3-3] Tamgidc ABC c6 BC=~/6, AC=3 va cotC =2. Tinhcanh AB.

A. 6. B. V2. c.% D. 2410
[OH3-3] Tamgiac ABC c6AB=7, AC=5va cos(B+C)=—é. Tinh BC.

A. 2415 . B. 4/22. C. 4/15. D. 2422
[OH3-3] Tam gidc ABC c6 cos( A+ B)=—%, AC=4, BC=5.Tinhcanh AB.
A. 46 . B. 11. C. 52. D. 6.

File word lién hé: toanhocbactrungnam@gmail.com MS: HH10-C2




TAILIEU HOC TAP TOAN 10 - HINH HQC - TICH VO HUONG. HE THUC LUQNG 76

Cau 270. [0H3-3] Hinh vudng ABCD c6 canh bing a. Goi E latrung diém canh BC, F latrung diém
canh AE . Tim d6 dai doan thang DF .

p, V13 B, &> c. a3 D. 32
4 4 2 4
Cau 271. [0H3-3] Tam giéc c6 ba canh lan luot 14 3, 8, 9. Gdc 16n nhit caatam gidc co cosin bing bao
nhiéu?
AL B. -1 c. Y17 D. -2
6 6 4 25
Cau 272. [0H3-3] Tam giéc co ba canh lan luot 1a 2, 3, 4. G6c bé nhat cua tam gidc c¢d sin bang bao
nhiéu?
a Y35 5. 7. c. 1 p. Y14
8 8 2 8
Cau 273. [0H3-3] Tamgidc ABC c6 AB=4, AC =5, BC=6. Tinh cos(B+C)..
AL B. -1 C. —0,125. D. 0,75.
8 4
Cau 274. [0H3-3] Tam gidc ABC c6 cic goc A =105°, B =45°. Tinhti sb 2_?:'
A.ﬂ. B. 2. c.ﬂ. D.ﬁ.
2 2 3
Cau 275. [0H3-3] Tam gidc ABC c6 cacgoc A =75°, B =45°. Tinhti sb 2_?:'
A.ﬁ. B. /6. c.ﬁ. D. 1,2.

3 2

Cau 276. [0H3-3] Tinh ban kinh dudng tron ngoai tiép tam giac ABC biét AB=c va cos(A+B)= %

A OS2 g, X2 c. %2 D. .
2 8 8 2
Cau 277. [0H3-3] Tim chu vi tam giéc ABC, biét ring AB = 6 va 2sin A=3sinB =4sinC.
A. 26. B. 13. C. 526. D. 106 .
Cau 278. [0H3-3] Tam gidc ABC c6 BC =10 va 3NA - S'ZB —SNC Tim chu vi ciiatam giac 6.
A.12. B. 36. C. 24. D. 22.

Céau 279. [0H3—3]7Tam gidc ABC coAB=9, BC=10, CA=11. Goi M latrung diém BC va N la
trung diém AM . Tinhdo dai BN .

A. 6. B. 4/2. C.5. D. \/34.

Cau 280. [0H3-3] Tam gidc ABC ¢6 AB=5, BC=8, CA=6. Goi G latrong tam tam gi&C. Do dai
doanthing CG bing bao nhiéu?
A ST g, V7. c. 7. pD. 3.
2 3 6 3
Cau 281. [0H3-3] Tam gidc ABC c6 AB=5, BC =8, CA=6. Goi G latrong tam tam gidc. Do da
doan thing AG bang bao nhiéu?
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Cau 282. [0H3—3]q Tam giég ABC c6 AB=5, BC=8, CA=6. Goi G latrong tam tam giaC. b6 dai
doanthang BG biang bao nhiéu?

A. 4. B. 6. C.iz. D.iz.
3 2
Cau 283. [0H2-3] Hinh binh hanh ¢6 hai canh 1a 5 va 9, mot duong chéo bang 11. Tim dé dai duong
chéo con lai.
A.9,5. B. 4/6. C. J/o1. D. 3/10.
Cau 284. [0H2-3] Hinh binh hanh c6 hai canh 1a 3 va 5, mot duong chéo biang 5. Tim do dai dudng
chéo con lai.
A. /43, B. 2./13. C.8. D. 8V3.

Céau 285. [0H2-3] Hinh binh hanh c6 mot canh 1a 5 hai duong chéo 1a 6 va 8. Tinh d6 dai canh ké véi
canh c6 do dai bang 5
A. 3. B.1. C.5/6. D. 5.

Cau 286. [0H2-3] Hinh binh hanh c6 mot canh 1a 4 hai dudng chéo 14 6 va 8. Tinh do dai canh ké véi
canh c6 d6 dai bang 4
A. 34, B. 6. C. 42, D. 5.

Cau 287. [0H2-3] Cho tam gi&c vudng, trong d¢6 c6 mét goc bing trung binh cong caa hai goc con lai.
Canh 16n nhat caatam gidc d6 bang a. Tinh dién tich tam giéc.

2 2 2 2
p EN2 g, &3, c. &3 p, &6
4 8 4 10
Cau 288. [0H2-3] Tam giéc c6 bacanh & 9, 10, 11. Tinh duong cao |én nhit caa tam giéc.
A. 6;'9&. B. 3/2. c. \70. D. 4/3.

Cau 289. [0H2-3] Cho tam gid&c ABC ndi tiép dudng tron bén kinh R, AB=R, AC = RJ3. Tinh goc
A néu biét B lagocti.
A. 30°. B. 45°. C. 60°. D. 90°.

Cau 290. [0H2-3] Cho tam gidc ABC néi tiép duong tron ban kinh R, AB=R, AC = RV2. Tinh goéc A
biét A lagoc to.
A. 135°. B. 105°. C. 120° D. 150°.

Cau 291. [0H2-3] Cho tam gi&c ABC ¢6 BC=a, CA=b, AB=c. Goi M latrung diém canh BC.
Hay tinh giatri AM.BC

-a’ c* +b? c*+b*+a’ c*+b’—a’

A —. B. : C. D.
2 2 3 2

Cau 292. [0H2-3] Tam gidc ABC c6 BC=a, CA=b, AB=c. Tinh (AB+AC).BC

2 2 2 2 2 2 2 A2
A. —al. g &0 c crbra p, b -a
2 3 2
Cau 293. [0H3-4] Tam gidc ABC vubng tai A c6 AB=AC=a. Diém M nam trén canh BC sao cho
BM =B—§ . Do dai AM bing bao nhiéu?
AT g, /5 c. 22 D. 22
3 3 3 3
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Cau 294. [0H3-4] Cho tam giéc can ABC c6 A =120° va AB=AC=a. L4y diém M trén canh BC

sao cho BM =ZBTC.T|’nhd<§ da AM .
A.a—*@. g, 112 c.a—ﬁ. D.a—*@.
3 5 5 4

Cau 295. [0H3-4] Tam gidc ABC c6 BC =12, CA=9, AB=6. Trén canh BC ldy diém M sao cho
BM = 4. Tinh d6 da doan thing AM

A. 2J5. B. 3V2. C. J20. D. V/19.

Cau 296. [OH3-4] Tamgiac ABC c6 AB=4, AC =6, cosB =%, cosC =% Tinh canh BC.

A 7. B. 5. C. 3J3. D. 2.
Cau 297. [0H3-4] Cho tam gi&c ABC vudng tai A, AC=b, AB=c. Liy diém M trén canh BC sa0
cho géc BAM =30° Tinhti s MB
MC
A B3 g, Y% c. Y. D. B=¢
3c 3b b b+c

Cau 298. [0H3-4] Tinh ban kinh dudng tron ngoai tiép tam giac ABC biét AB=10 va tan( A+ B) =% :

A.@. . 10 c.@. D. 5/10.

9 3 5

Cau 299. [0H3-4] Tinh ban kinh dudng tron ngoai tiép tam giac ABC biét AB =12 va cot(A+B)= %

A. 2410 B.@. C. 510, D. 32

Cau 300. [0H2-4] Cho goc xOy =30°. Goi A va B lahai diém di dong Ian luot trén Ox va Oy sao cho
AB = 2. Do dai 16n nhit ciadoan OB bang:
A. 2. B.3. C. 4 D. 5.
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PAP AN CAU HOI TRAC NGHIEM
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Tai liéu tham khao:

[1]  TranVian Hao — Hinh hoc 10 CB- Nhaxuét ban Gido Duc Viét Nam

[2] TranVian Hao —Bai tdp Hinh hoc 10 CB- Nha xuat ban Gido Dyc Viét Nam
[3] TranVian Hao - Hinh hoc 10 NC- Nha xuét ban Gido Duc Viét Nam

[4  TranVan Hao - Bai tdp Hinh hoc 10 NC- Nha xuat ban Gido Dyc Viét Nam
[5]  Nguyn Pht Khanh - Phan dang va phizong phép gidgi cac chuyén dé Hinh hoc 10.
[6] LéMau Diing - Rén luyén ki nang trac nghiém Hinh hoc 10.

[71  Nguyén Hitu Ngoc — Cac dgng toan va PP gidi Hinh hoc 10.

[8] Tailiéu hoctap Todn 10 — THPT chuyén Lé Hong Phong TPHCM

[9] Tailiéu hoctap Toan 10 — THPT Marie Curie TPHCM

[10] Mot sd tai lidu trén internet.
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MUC LUC

TICH VO HUONG & UNG DUNG

Vén dé 1. GIA TRI LUONG GIAC CUA MOT GOC BAT KI TU 0° DEN 180°.........e..... 1
A-TOMTAT LY THUYET ....oooooiiovoiioeeeeoeoeeeeeceeee oo nessses s 1
B - PHUONG PHAP GIAITOAN .......coooiooiiieeceeceee e 2

Dang 1. Goc va ddu ctia cac gia tri lwong giac 2
Dang 2. Cho mét gia tri lwgng giac, tinh cac gia tri leong gidc con lai .........ceeuennnes 3
Dang 3. Chttng minh, rat gon mét bi€u thirc 5
C—BAITAP TONG HOP VAN DE T ..o eeee e eeeeeees 7
D — BAI TAP TRAC NGHIEM VAN DE T ..o eeeeeeee e eee e 8

Van dé 2. TICH VO HUONG CUA HAI VECTO .....covveuneunensensnseasssssssssssssssssssssssssssssssssens 10
A-TOMTAT LY THUYET .....coooiioooioeeeeoeeeeeceeeeeeeeeee e eessoe e seeeseen e 10
B - PHUONG PHAP GIAI TOAN .......cooovmvuiioeceeieeieeeeecsee e 11

Dang 1. Tinh tich v6 hwdng cua hai vécto. Goc giita hai vécto 1n
Dang 2. Tinh d¢ dai caa mét doan thﬁng 14
Dang 3. Chitng minh vuéng géc 15
Dang 4. Chitng minh mét dang thirc vé tich vo hudng hay do dai 17
Dang 5. Tap hop diém — Cyc tri 19
Dang 6. Biéu thirc toa do 22
Dang 7. Tim cac di€m dic biét trong tam giac 23
Dang 8. M6t s6 dang toan thwong gip trén tam gic, tir gidc 26
Dang 9. Tim GTLN, GTNN trong hinh hoc 31
(ol 7N s N i o) (el 3 (0774 N 2 5 33
D — BAI TAP TRAC NGHIEM VAN DE 2 ... eeee e eenens 38

Van dé 3. HE THUC LUONG TRONG TAM GIAM.....c.ocvuerrrerninrssrssnssssssssssssssssssssssssens 51
A-TOMTAT LY THUYET .....coooiiovoioeeeceoeeeeeceeeeeeeeee e eesse e seesess e 51
B - PHUONG PHAP GIAI TOAN .......cooosmomioicieieeeeseeceee e 52

Dang 1. Tinh toan cac dai lugng 52
Dang 2. Chitng minh hé thitc 56
Dang 3. Dang tam giac 58
Dang 4. Giai tam giac va ing dung thyc té 60
C—BAITAP TONG HOP VAN DE 3 ..o esee s seee e e senens 65
D — BAI TAP TRAC NGHIEM VAN DE 3 ... ee e senens 69
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